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The Concept of Randomness 


by 


NICHOLAS RESCHER 
(Lehigh University Bethlehem, Pennsylvania) 


Though there be no such thing as 
chance in the world, our igno- 
rance of the real causes of any 
event begets a like species of be- 
lief or opinion. Hume 


I. Introduction 


The idea of randomness is an important concept of inductive 
"logic, and has special philosophical interest because of its bearing 
on the epistemology of prediction and explanation. A selection 
among alternatives is said to be strictly random if a prediction of 
any one of the possible outcomes is as justified or as well-founded 
as any other, i.e., if the weight of evidence for the realization of 
— each of the outcomes is equal. Thus the analysis of the concepts 
of randomness and of random selection is useful, among other 
things, for the clarification of various epistemological issues, in- 
cluding aspects of inductive logic, of the theory of evidence, and 
of explanatory reasoning. 

If the selection of an alternative is to quality as strictly random, 
the selection situation must be such that the sum-total of the 
weight of evidence for selecting the chosen alternative as outcome 
equals the weight of evidence for selection of its competing al- 
ternatives. A strictly random selection must be such that, on the 
evidence at hand, the choice actually cannot be justified, i.e. no 
acceptable reason can possibly be forthcoming for preferring the 
predicted outcome to its alternatives. Thus a sequence of O's and 
Is can be called strictly random only when we cannot adduce 
any cogent reason whatever for selecting 0 rather than 1 if we 
are pressed to guess the digit occupying some (hitherto unexa- 
mined) place. These considerations indicate that randomnes ob- 


1 


2 NICHOLAS RESCHER 


tains, in the first analysis, in the realm of thought: it charac- 
terizes states of affairs only obliquely, under the condition that 
certain items of knowledge regarding them are not to be had. 

The relativity of random choice to the information in hand is 
most graphically illustrated by the case of a person who is placed 
into the situation of guessing the outcome of the toss of a coin 
which, wholly unbeknownst to him, actually has two heads. Now 
for the subject, selection of the prediction H or of the prediction 
T are wholly equivalent; the two choices being wholly indifferent, 
for him, due to the fact that the available information is entirely 
symmetric as between the two alternatives. Because of the equi- 
valence of the available information, the selection of H or T is a 
random matter, despite the non-random character of the actual 
outcome. Randomness is thus an epistemological concept, not an 
ontological or a purely "”factual” one, in the sense that random- 
ness is relativized to our knowledge and ignorance as to the nature 
of things, and not to the latter per se. (Cf. our motto from 
Hume.) 

The idea of randomness finds applicability primarily in connec- 
tion with the outcomes of trials of chance events (tosses of a coin, 
rolls of a die, chance selection of a red-headed man from the po- 
pulation at large, etc.). I propose here to examine this concept of 
randomness more closely, and to attempt to clarify the conceptual 
and philosophical issues which are involved. 


II. Random Sequences” 


We will here be considering sequences of trial-outcomes of 
chance events. It will suffice to confine consideration to the case 
of trials with only two possible outcomes, such as tosses of a coin, 
or drawing a spade or a non-spade from a deck of cards, because 
the discussion of this case is readily generalized to cover the rest. 
Here then we will be considering infinite sequences a,, FER SANS 
of O's and I's (say "failure” and success”), bearing in mind that 


> The non-mathematical reader is free to omit this section, and proceed 
immediately to section III. 
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the discussion based on this case can, mutatis mutandis, be ge- 
neralized without difficulty. 

When can we characterize such a sequence a, a, a, ... as 
being random? Clearly only when there is no way of predicting 
the successive elements of the sequences which offers a better 
prospect of success than we would expect by chance. This notion 
of a "way of predicting” elements of a sequence is vague and im- 
precise idea. However, a precise and formal articulation of this 
idea, endowing it with the logically requisite precision, has been 
proposed by Alonzo Church.” The basis of Church's proposal is, 
in effect, the idea of what I shall term an effectively calculable 
enumerating function. This is a function D of positive integers 
fulfilling the following three conditions: (1) for any positive in- 
teger i, D (i) is defined and is a positive integer, (2) & (i) takes 
on increasing values with i, that is, whenever n>m, we have that 
&Ö (n)> P (m), and (3) PD is an effectively calculable function 
in that it takes the form of an explicit, effective rule of calcula- 
tion, i.e. for any integer i we are able to calculate, by means of 
a finite, complete, step-by-step rules of computation, the corres- 
ponding value of &, viz. (Gi). 

On Church's proposal, an infinite sequence of O's and 1's, 
S=a, &, a, ..., is random if the following two conditions are 
satisfied: 

(i) The relative frequency of I's in the sequence approaches 
a definite limit, say L: 


stå 


i=1 


2 "On the Concept of a Random Sequence,” Bulletin of the American 
Mathematical Society, vol. 46 (1940), pp. 130-135. 

3 Condition 3 could be reformulated as stating that & is a recursive func- 
tion, if ”Church's Thesis”, to the effect that every effectively calculable func- 
tion is general recursive, be accepted. On the theory of recursive functions 
see S. C. Kleene's Introduction to Mathematics (Princeton, 1952). 
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(ii) Any subsequences of S, say an, åns, åns, « + - which is defined 
by means of calculable enumerating function Öp, that is, which is 
such that n;= P (i), will have precisely the same limiting fre- 
quency of 1's, namely L: 


k 


Jin 5 
9 dn. — 
k—>o0oo k (=L. 


i=1 


Here the first condition assures that there is a definite probability 
that a given (uninspected) place in the sequence S will be filled 
by a 1 (probability L) or by a 0 (probability (1-L)). The second 
condition rules out the possibility of a better-than-average success 
rate in effectively enumerable subsequences. 

This analysis of randomness by Church thus provides a very 
neat formal definition for randomness with respect to sequences. 


III. ”"Randomnly Selected Elements” and ”Arbitrarily 
Chosen Individuals” 


The concept of randomness which we have thus far been con- 
cerned to examine applies to the manner in which certain entries 
occur in sequences. It is easily possible also to extend this con- 
cept to selections made from a certain group or set of elements 
or individuals, by considering the outcome of sequences of selec- 
tions from such a set. The randomness of such a sequence of 
selections can be considered from the point of view expounded 
above. This however leads to certain consequences as to the way 
in which the commonly adopted (and widely misused) termino- 
logy ”randomnly selected elements” or "arbitrarily chosen indi- 
viduals” can or cannot, with logical propriety and accuracy, be 
used. These consequences I propose now to consider. 

It is clear that we can never, with logical propriety, speak of a 
single selection as being made randomnly per se. For randomness 
applies in the first instance, only to sequences of selections. And 
we can speak in a derivative way also of the randomness of a 
selection process, when good reason exists to suppose such a se- 
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lection process to give rise to random sequence. Now we can 
also, again at another logical remove, speak of an element of a 
set as being ”randomnly selected” if this element was designated 
by a random selection process. But it must be stressed that ran- 
domness properly speaking characterizes sequences and the se- 
lection processes by which sequences can come about; it does not 
apply to individual selections, and still less to the particular items 
that are selected. A single example will suffice to provide a gra- 
phic illustration of this fact. Consider the set S=(1, 2, 7, 8, 131. 
Is 1 a randomnly selected element of S? Clearly this question is 
simply not susceptible of a yes or no answer as it stands; we must 
know the character of the selection process or sequence of selec- 
tions with which this choice of 1 is associated. Randomness is a 
property of selection procedures or selection sequences, not of 
selections. 

A conception of randomness which appears on the surface of it 
to be in conflict with this account of randomness is the use which 
make of the idea of ”arbitrarily” or ”randomnly” selected indi- 
viduals, particularly when they employ this as a device to describe 
a group or collection of elements in terms of a ”randomnly” or 
”arbitrarily” selected individual member. If this is interpreted in 
a naive and literal way, to imply that there can be such a thing 
as an ”arbitrarily selected” or a ”randomnly chosen” individual, 
the result is nothing but hopeless confusion and contradiction. For 
consider again the set S=1(1, 2, 7, 8, 13). What could an ”arbi- 
trarily selected” element of S, let us denote it by ”s”, be like? Is 
s prime? Is s>9? Is s even? Is s odd? Is s=7? All such questions, 
it is clear, must be answered negatively, for otherwise s ceases to 
be "randomnly” or ”arbitrarily selected”. Thus the idea of ”ar- 
bitrarily selected” individuals leads to hopeless paradox and con- 
fusion.” 

The simplest, and most cogent and direct line of argument de- 
monstrating the untenability of the conception of ”randomnly 
selected” or "arbitrarily chosen” individuals is the following. Let 


< This argument against ”random” individuals or elements is substantially 
that presented in the writer's paper ”Can There Be Random Individuals?”, 
Analysis, vol. 18 (1958), pp. 114-117. 
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us go directly to the root idea involved in the conception of a 
random” or "arbitrary” individual. Assume that we could validly 
speak of a "randomnly chosen” or ”arbitrarily selected” element 
s of a set S, where s is construed as a typical” or ”representative” 
element of S, to be so used in our discussion that the only charac- 
teristics of S which are to be taken into account are those which it 
has in common with all other members of the group. We are thus 
licensed to attribute to s those properties which belong to all 
members of S. Consequently, two rules govern the attribution of 
properties to s: 


(R1) A property that is attributed to s must characterize all 
elements of S: ; 
ösa (x)(xeS2 $x). 

(R2) A property that characterizes all elements of S can be 
attributed to s: 

GI BRSI $x) 2 ps. 

This seemingly natural conception of a ”random” or "”arbi- 
trary”, and therefore ”typical” or representative” element is 
readily shown to involve a logical self-contradiction. For let ) be 
(xx) (x=5s). Then by (R1) we have, 

(1) SIRENEN 


and therefore, since the antecedent of (1) is an inevitable tauto- 
logy, we obtain 


(2) IE IT=N 
Now if S has more than one member, then we have, 
(3) IRS? ENSE TJ 


Now let & be (1x) (3y) (y€S & yx). Then from (3) and (R2) 


we obtain, 


EJ (Ey) yes & ys). 
or equivalently 
(5) > (y)eS2y=s). 


But (5) contradicts (2). Our effort to maintain the concept of a 
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”random” element or individual construed along the lines of the 
rules (R1) and (R2) thus meets with a decisive logical check. 

The cause of the difficulty is readily determined. It is (R1) that 
must be sacrificed: We cannot expouse the device of so treating 
an individual that "the only characteristics which are taken into 
account are those which it has in common with all other members 
of the group.” For (R1) is equivalent with, 


(6) EXTRAS 00) ISO 


and this has the consequence that when we find a property & 
which is not possessed by some S-element, then we must attribute 
+ ( to s, rather than merely not attributing D to s. It is this 
failure to preserve a distinction between not-attributions and attri- 
butions-not which leads to shipwreck for the foregoing construc- 
tion of the idea of ”random” elements or individuals. 

Thus, we have shown the concept of a ”randomnly selected” 
or ”arbitrarily chosen” individual or element that is to serve in a 
typical” or representative” role (i.e., obeys the principles R1 
and R2) leads to outright contradiction. This demonstration de- 
cisively re-enforces the previous conclusion that randomness is not 
— a property of individuals but resides in the mode or manner of 
designation, and not in the object designated. 


V. Philosophical Implications 


I propose now to elaborate some of the consequences of the 
foregoing argument that randomness is not a property of indi- 
viduals, but only of sequences and of the processes by which they 
are generated. The first is the conclusion that randomness is per- 
force an intensional and not an extensional concept. 

Let us consider the ways in which a random sequence can 
possibly be presented for our consideration. Infinite sequences can 
obviously never be presented explicitly, that is, they can not be 
written out in toto, with all of their terms overtly exhibited. An 
infinite sequence can be presented in only two ways: (1) by spe- 
cifying the rule of calculation by means of which the terms of the 
sequence can be computed, or (2) by indicating the generating 
process by means of which as many terms of the sequence as we 
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please can be produced. In virtue of the very nature of random- 
ness, the first of these is excluded for random sequences; for these 
only the second mode of presentation, viz. non-computational ge- 
nerating processes, afford an adequate vehicle of presentation. 

These considerations shift randomness into the family of inten- 
sional concepts. A concept is extensional only when it is defined 
solely and entirely in terms of reference to the items or objects 
that serve as its constitutent elements. But just this is impossible 
in the sphere in which randomness has application. For random- 
ness, as we have seen, has reference not to particular objects or 
elements, but to the generating processes for sequences, or to the 
manner in which reference to objects is made. Randomness is 
thus an inevitably intensional concept. 

A further epistemological aspect of the concept of randomness 
is its bearing on the concept of fairness in certain situations of 
choice in which a preferential selection must be made in the face 
of equivalent claims. Let us consider this problem of exclusive 
choice between conflicting, but equally meritorious claims, as- 
suming that we have a case of two conflicting claims of entirely 
equal strength to an object that cannot possibly be divided be- 
tween the claimants, but must go to one or another. Precisely 
because each of the claim is assumed to be equally meritorious, it 
is essential for fairness to exclude from the mechanism of choice, 
by deliberate and calculated measure, consideration of any and 
all reasons” for preferring any particular claimant. Thus no way 
remains open but to effect the choice randomnly, for this is the 
only way in which it can be guaranteed that all contesting parties 
are treated with strict fairness. 

Consider, for the sake of an illustration, Bayle's criticism of 


Spinoza's discussion of the problem of Buridan's Ass.” Bayle 
writes, 


[One] mode of resolution is that of fate or chance. A man is assigned 
the task of deciding the precedence of two ladies at court. If he finds 
nothing about them to support a determination, and it is quite neces- 


> Ethics II, final scholion. A detailed study of the logic and of the history 
of the problem of Buridan's Ass is presented in the writer's paper on "Choice 
Without Preference”, forthcoming in Kantstudien. 
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sary that he must give one precedence over the other, he would not be 
brought to a stand-still, for he would simply have them draw straws. 
The same would be done in case a man has engaged himself to play at 
cards with each of two ladies, and wishes to avoid giving either of them 
any shade whatever of preference. The short straw would decide with 
whom he would play first. Thus the equilibrium need not render its 
 victim immobile, as Spinoza would have it. One would be able to find 
the remedy.” 


Bayle quite correctly perceives that the problem of choice with- 
out preference can take on two forms: (1) selection of one among 
several (exclusive) alternatives that are essentially identical as 
regards their desirability-status as objects of possession or realiza- 
tion, i.e. choice without preference among the objects involved 
(the problem of Buridan's Ass), and (2) selection of one among 
several alternative claimants, whose claims are indivisible and un- 
compromisable, and whose claims are essentially identical in 
strength, and must therefore in fairness be treated alike, i.e. 
choice without preference among the subjects involved. Bayle 
properly recognizes that the device of random selection provides 
a means of resolution that is entirely appropriate for both cases 
alike. 

Random selection, it is clear, constitutes the sole wholly satis- 
factory manner of resolving exclusive choice between equivalent 
claims in a wholly fair and unobjectionable manner. Only random, 
and thus strictly ”unreasoned” choice provides an airtight gua- 
rantee that there is no answer forthcoming to the question "why 
was this alternative, rather than another, selected?”. Random 
choice thus guarantees that the other alternatives might just as 
well (in the strictest of senses) have designated. Where there is 
no way of predicting the outcome in advance no charge of pre- 
ferential treatment can possibly be substantiated. Thus random 
choice affords the appropriate avenue of resolution for selection- 
situations in which considerations of fairness leave no other cour- 
ses of immediate resolution open as acceptable or as defensible.” 


2 Dictionnaire, art. "Buridan”, my translation. 

7 According to a New York Times report (Monday, January 12, 1959, page 
6) "chance is the arbiter prescribed by Swedish law for breaking the votes in 
Parliament.” The report states that ”a drawing of lots may decide the fate 
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These considerations serve to indicate yet another philosophical 
aspect of the concept of randomness. This is its dependence upon 
the concept of unrealized possibilities. It is clear that a selection 
among alternatives cannot defensibly be characterized as ”ran- 
dom” unless it can justifiably be asserted, after the fact of selec- 
tion of some one particular alternative outcome, that the remain- 
ing alternatives could quite equally as well have been realized. 
Now it is, of course, true, due to the epistemological status of the 
randomness concept (as discussed above), that this requirement 
obtains relatively to the sphere of our knowledge, and amounts to 
saying that, so far as we are able to determine, i.e. to the best of 
our knowledge, the other alternatives could equally well have 
been realized. And this, to be sure, is true irrespective of whether 
in the particular case in question the other alternatives are ”in 
fact” equipossible but unrealized possibilities. But this qualifica- 
tion does not undermine the validity of the point that it is neces- 
sary for randomness that the concept of unrealized possibilities be 
meaningfully applicable. For if it were the case, generally and 
a priori that the concept of realizable-but-unrealized possibilities 
were never, in any cases whatsoever, correctly applicable, then 
the concept of randomness would become wholly untenable. Thus 
randomness requires the concept of unrealized possibilities, in the 
sense of presupposing the meaningfulness of this concept for its 
own meaningfulness. 


VI. Conclusion 


In concluding, I wish by way of a summary to survey the prin- 
cipal conclusions which have emerged from the analysis of ran- 
domness here presented. It has become clear that randomness is 
an epistemological concept that takes on meaning relative to 
knowledge and ignorance: it obtains in the first analysis with 
respect to the sphere of our knowleadge, and characterizes states 
of affairs only obliquely, under the (indirect) condition that pre- 
dietive knowledge about them is not to be had. Furthermore there 


of a controversial pension plan,” but goes on to observe that "legislation by 
lottery has never yet been necessary on any major issue.” 
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| are no ”randomnly selected” elements or "arbitrarily chosen” in- 
dividuals: randomness characterizes only the processes of selec- 
tion, not its results. There can be such thing as a ”random” and 
thus representative” or "typical” object. To talk in such terms 
is to accept what is in fact a highly misleading description of the 
notational device of ambiguous denotation, which affords a short- 
hand synopsis for statements about each and every particular ele- 
ment or individual. 

We have seen that the idea of randomness belongs to the family 
of intensional concepts. Randomness does not characterize ob- 
jects, but the manner in which reference to objects is made (eg., 
by the generating processes for sequences). Specifically, the con- 
cept of a random sequence is analysable in terms of predictability 
in such a way as to make possible a formal, mathematically 
precise concept corresponding to the informal idea of a "random 
sequence”. 

But perhaps the main point to have derived from our analysis 
is the conclusion that randomness presupposes the concept of 
unrealized possibilities. It requires that even those alternatives 
which were not obtained can (after the fact) be justly described 

"as real possibilities that ”"could” have obtained, not merely with 
respect to our knowledge (i.e. so far as we can tell”) but at least 
in principle with respect to the "facts of the situation”. If the 
idea of realizable-but-unrealized possibilities were never literally 
applicable, the concept of randomness too would become com- 
pletely unviable. 


Hume on Metaphysics and the Limits 
of Human Knowledge 


by 


FARHANG ZABEEH 
(Univ. of North Dakota) 


Hume in his philosophical writings held that philosophers and 
the vulgar often entertain opinions which are in principle un- 
verifiable; and a large part of what is called ”metaphysics” con- - 
sists of such opinions, the truth or falsehood of which, in prin- 
ciple, cannot be ascertained. 

Hume's anxiety over metaphysical speculation is reflected 
throughout most of his writing. Already, at the age of twenty- 
three, he expresses in a letter opinions concerning the state in 
which philosophy then appeared to him, and speaks of some new 
method by which philosophical puzzles could be untangled. 


Everyone who is acquainted either with the Philosophers or Critics, 
knows that there is nothing yet established in either of these two scien- 
ces, and that they contain little more than endless disputes, even in the 
most fundamental article. Upon examination of these, I found a certain 
boldness of temper, growing in me, which was not inclined to submit 
to any authority in these subjects, but led me to seek out some new 
medium, by which truth might be established.” 


In the Introduction to the Treatise, Hume again reflects upon 
the lamentable state of philosophy. 


Principles taken upon trust, consequences lamely deduced from them, 
want of coherence in the parts, and of evidence in the whole, are every- 
where to be met with in the systems of the most eminent philosophers, 
and seem to have drawn disgrace upon philosophy itself. (T. xvii).” 


" David Hume, The Letters of David Hume, J. T. Greig, ed., Oxford, 
T932 VOLT EpIL23 


” All references to Hume's A Treatise of Human Nature are to Selby- 
Bigge, First Edition, Oxford, reprinted 1951. I refer directly to the pages of 
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In reading Hume, we notice many examples of Principles taken 
upon trust and chosen by eminent philosophers as axioms for their 
systems (e.g., Law of Causation, or Ex nihilo, nihilfit, "that im- 
pious maxim of the ancient philosophy”). We also notice Hume's 
endeavor to establish sometimes the vacuity of these principles, 
and sometimes the lack of validity of inferences made from them. 

Hume observes that the sound and fury of philosophical dispu- 
tes might arouse even the layman's suspicion that something is 
wrong with the entire philosophical enterprise. "Nor is there re- 
quir'd such profound knowledge to discover the present imperfect 
condition of the sciences, but even the rabble without doors may 
judge from the noise and clamour, which they hear, that all goes 
not well within.” (T. xvii). 

That every philosophical problem appears to be hung in air is 
further backed by the fact that even the experts can not come to 
agreement on any issue. "There is nothing which is not the sub- 
ject of debate, and in which men of learning are not of contrary 
opinions. The most trivial question escapes not our controversy, 
and in the most momentous we are not able to give any certain 
decision.” (T. xviii). 

Since philosophical disputes seem to be undecidable, Hume ob- 
serves that in this domain, one who appeals to emotion, rather 
than the reason, wins public approval. ”Amidst all this bustle 'tis 
not reason, which carries the prize, but eloquence; and no man 
needs ever despair of gaining proselytes to the most extravagant 
hypothesis, who has art enough to represent it in any favourable 
colours.” (T. xviii). 

Ås a consequence of the state in which philosophy appears to 
the public, there arises in them (the laymen), according to Hume, 
"that common prejudice against metaphysical reasonings of all 
kinds.” (T. xviii). He observes that the public, in general, ”by 
metaphysical reasonings do not understand those on any particular 


this edition, by giving the number of the page, after the letter T. All referen- 
ces to Hume's Enquiries Concerning The Human Understanding are to Selby- 
Bigge, Second Edition, Oxford, impression of 1951. I refer directly to the 
pages of this edition by giving the number of the page, after the letter E. 
Italic mine, in Hume's quotations, are to be identified by ”i.m.” 
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branch of sience, but every kind of argument, which is in any 
way abstruse, and requires some attention to be comprehended.” 
(T. xviii). However, Hume takes care to comment that this aver- 
sion to metaphysics, if by that we mean ”every kind of argument, 
which requires some attention to be comprehended” is totally un- 
justifiable; since, according to him, "if truth be at all within the 
reach of human capacity, tis certain it must lie very deep and 
abstruse; and to hope we shall arrive at it without pains, while 
the greatest geniuses have falied with the utmost pains, must cer- 
tainly be esteemed sufficiently vain and presumptuous.” (T. xix). 

It is of interest to note that Hume does not claim, in Wittgen- 
stein's manner, that "Everything that can be thought at all can be 
thought clearly. Everything that can be said can be said clearly.” ” 
On the contrary, Hume distrusts philosophical argument which 
appears too obvious and transparent. In the Introduction he 
writes: "I pretend to no such advantage in the philosophy I am 
going to unfold, and would esteem it a strong presumption against 
it, were it so very easy and obvious.” (T. xix). 

It seems that for Hume the proper function of philosophers, 
whatever it is, is not laboring the obvious by reporting the ordi- 
nary discourses of the vulgar. We find that in his essay Of Com- 
merce he divides mankind into two classes: ”Shallow Thinkers 
who fall short of the truth”, and ”Abstruse Thinkers who go 
beyond it.” A shallow thinker is one who labors the obvious. ”An 
author is little to be valued, who tells us nothing but what we can 
learn from every coffee house conversation”; whereas abstruse 
thinkers are ”by far the most rare; and I may add, by far the most 
valuable . . . at most, what they say is uncommon; and if it should 
cost some pains to comprehend it, one has, however, the pleasure 
of learning something that is new.” 

Philosophical issues cannot be easily expressed in ordinary 
language, since ”common language,” according to Hume, being 
cerude and vague, is unable to reflect the complexities of life. 


> L. Wittgenstein, Tractatus Logico-Philosophicus, London, Fourth impres- 
sion, 1945; pi 79: 

" David Hume, Essays Moral, Political and Literary, T. H. Green and T. 
H. Grose, eds., London, 1875, Vol. I, p. 287. 
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I must not conclude this subject without observing, that "tis very 
difficult to talk of the operations of the mind with perfect propriety 
and” exactness; because common language has seldom fnade any very 
nice distinctions among them, but has generally call'd by the same 
term all such as nearly resemble each other.” (T. 105 — i.m.). 


In this regard I think Hume would be in full agreement with 
the opinion of ”the very ingenious author, Dr. Berkeley,” that: 


In the ordinary affairs of life, any phrases may be retained, so long 
as they excite in us proper sentiments, or dispositions to act in such 
manner as is necessary for our well being, how false soever they may 
be, if taken in a strict and speculative sense. Nay, this is unavoidable, 
since propriety being regulated by custom, language is suited to receive 
opinions, which are not always the truest; that therefore, in such things 
we ought to think with the learned, and speak with the vulgar.” 


Hume, in the Treatise, speaks of two kinds of philosophies. A 
True Philosophy is one which deals with what is within reach of 
the human mind; whereas False Philosophy seeks to explain what 
is beyond human understanding. Comparing false philosophers 
with Sisyphus and Tantalus, he says of them: 


At present they [false philosophers] seem to be in a very lamentable 
condition, and such as the poets have given us but a faint notion of in 
their descriptions of the punishment of Sisyphus and Tantalus. For 
what can be imagin'd more tormenting, than to seek with eagerness, 
what for ever flies us; and seek for it in a place, where ”tis impossible 
it can ever exist? (T. 223). 


The false philosopher torments his mind by seeking what is 
unattainable and thus misleads us. Yet sheer common sense is not 
enough to keep us from error. We need certain kinds of philo- 
sophy, namely a true philosophy, if for no other reason than to 
liberate us from the horrors of superstition; and in this vein 
Hume, like Epicurus, prescribes philosophy as a substitute for 
religion. In the end of Book One of the Treatise, he writes: 


”Tis certain, that superstition is much more bold in its systems and 
hypotheses than philosophy; and while the latter contents itself with 
assigning new causes and principles to the phaenomena, which appear 
in the visible world, the former opens a world of its own, and presents 


5 George Berkeley, The Works of George Berkeley, A. A. Luce and T. E. 
Jessop, ads. Volume II, pp. 62-63. (Italics mine). 
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us with scenes, and beings, and objects, which are altogether new. Since 
therefore ”tis almost impossible for the mind of man to rest, like those 
of beasts, in that narrow circle of objects, which are the subject of 
daily conversation and action, we ought only to deliberate concerning 
the choice of our guide, and ought to prefer that which is safest and 
most agreeable. And in this respect, I make bold to recommend philo- 
sophy, and shall not scruple to give it the preference to superstition of 
of every kind or denomination. (T. 271). 


In the Enquiry, Hume more explicitly distinguishes between 
true and false philosophy. Here true and false philosophy are 
identified with True and False Metaphysics. Hume maintains that 
"the generality of mankind is contented to prefer the easy philo- 
sophy to the abstract and profound.” But, he also says that ”as the 
matter is often carried farther, even to the absolute rejecting of 
all profound reasonings or what is commonly called methaphysics, 
we shall now proceed to consider what can reasonably be pleaded 
in their behalf.” (E. 9). 

Then, he states that in fact, there are two kinds of Metaphysics. 
"We must cultivate true metaphysics with some care, in order to 
destroy the false and adulterated.” (E. 12). 

Metaphysics when appearing profound and abstruse, is often 
obscure and confused, and ”this obscurity in the profound and 
abstract philosophy, is objected to, not only as painful and fatigu- 
ing, but as the inevitable source of uncertainty and error.” (E. 
11). He says, for example, 


It is easy for a profound philosopher to commit a mistake in his 
subtle reasonings; and one mistake is the necessary parent to another, 
while he pushes on his consequences, and is not deterred from embra- 
cing any conclusion, by its unusual appearance, or its contradiction to 
popular opinions. (E. 7). 

Furthermore, abstruse philosophy has no ”influence over our 
conduct and behavior.” Philosophy, "if just,” he says, "can present 
us only with mild and moderate sentiments' and if false and extra- 
vagant, its opinions are merely the objects of a cold and general 
speculation.” 

However, Hume tells us that ”the justest and most plausible 
objection against a considerable part of metaphysics” lies in the 
fact ”that they are not properly a science.” (ELIT; 
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This frontal attack against metaphysics does not satisfy Hume. 
He goes on to find the causal factors which led philosophers to 
engage in such activities. Metaphysics, according to Hume, either 


. arise from the fruitless efforts of human vanity, which would 
penetrate into subjects utterly inaccessible to the understanding, or 
from the craft of popular superstitions, which being unable to defend 
themselves on fair ground, raise these intangling brambles to cover and 
protect their weakness. Chaced from the open country, these robbers 
fly into the forest, and lie in wait to break in upon every unguarded 


avenue of the mind, and overwhelm it with religious fears and prejudi- 
tes. (ES L1): 


"True metaphysics,” in contrast to false metaphysics, which is 
often mixed wtih superstition, consists of ”an accurate scrutiny 
into powers and faculties of human nature” and ”Accurate and 
just reasoning,” according to Hume, 


is the only catholic remedy, fitted for all persons and all dispositions; 
and is alone able to subvert that abstruse philosophy and metaphysical 
jargon, which, being mixed up with popular superstition, renders it in 
a manner impenetrable to careless reasoners, and gives it the air of 
science and wisdom. (E. 12). 

One again, Hume seems to indicate that Metaphysics is an ally 
to religion, and a correct method of philosophical investigation is 
badly needed if we are to be saved from the horrors of supersti- 
tion. "Happy, if, reasoning in this easy manner, we can undermine 
the foundations of an abstruse philosophy, which seems to have 
hitherto served only as a shelter to superstition, and a cover to 
absurdity and error!” (E. 16). 

In the famous statement which appears at the end of An En- 
quiry Concerning Human Understanding, Hume clearly states his 
opinion concerning metaphysics and theology. 


If we take in our hand any volume of divinity or school metaphysics, 
for instance, let us ask: Does it contain any abstract reasoning con- 
cerning quantity or number? No. Does it contain any experimental 
reasoning concerning matter of fact and existence? No. Commit it then 
to the flames: For it contains nothing but sophistry and illusion. (E. 
165). 

Thus, it seems that metaphysics and theology for Hume, being 
subjects which fall under neither the experimental sciences nor 


Z 
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the mathematical sciences, are worthless subjects. However, for 
Hume philosophy is not identical with metaphysics, and hence it 
does not seem that he wants to commit his own books to the 
flames. Hume describes his work, A Treatise of Human Nature, 
as "Being an Attempt to introduce the experimental Method of 
Reasoning into Moral Subjects,” and at the end of An Enquiry 
concerning the Principles of Morals, he distinguishes between his 
own method of philosophical investigation and metaphysical spe- 
culation truly so called. He maintains that his own philosophical 
inquiry into principles of morals is in fact nothing but scientific 
investigation, whereas the hypotheses of his opponents, being 
abstruse and unintelligible, in reality, are nothing more than meta- 
physical speculation. 


All this is metaphysics, you cry. That is enough; there needs nothing 
more to give a strong presumption of falsehood. Yes, reply I, here are 
metaphysics surely; but they are all on your side, who advance an 
abstruse hypothesis, which can never be made intelligible, nor gquadrate 
with any particular instance or illustration. The hypothesis which we 
embrace is plain. It maintains that morality is determined by sentiment 
.... We then proceed to examine a plain matter of fact, to wit, what 
actions have this influenced? We consider all the circumstances in 
which actions agree, und thence endeavor to extract some general ob- 
servations with regard to these sentiments. If you call this metaphysics, 
and find anything abstruse here, you need only conclude that your turn 
of mind is not suited to the moral sciences. (E. 289, i.m.). 


The Scope of Human Knowledge 
A. An Exposition 


To rescue the human mind from the tyranny of False Meta- 
physics, to rectify the logical geography of knowledge, and to de- 
prive religion of its rational supports, Hume, following Descartes 
and Locke in procedure, invites us "to inquire seriously into the 
nature of human understanding, and show, from an exact ana- 
lysis of its powers and capacity, that it is by no means fitted for 
such remote and abstruse subjects.” (E. T2)5 

In the Treatise, Hume declares that his intention is to study the 
Science of Man; for he believes that it is the study of this science 
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which might provide an answer to the questions concerning the 
proper province of human knowledge. 


For my part, my only hope is, that I may contribute a little to the 
advancement of knowledge, by giving in some particulars a different 
turn to the speculations of philosophers, and pointing out to them more 
distinetly those subjects, where alone they can expect assurance and 
conviction. Human Nature is the only science of man; and yet has been 
hitherto the most neglected. (T. 273). 


What is this Science of Man, which, according to Hume, could 
determine the limits and extent of human knowledge, and in 
doing so could give us insight into the nature of subjects where 
alone we can expect assurance, and subjects which are remote 
and obscure and thus beyond our reach? As we observed in the 
title of the Treatise, Hume describes his work: "An Attempt to 
Introduce the Experimental Method of Reasoning into Moral Sub- 
jects.” Moral subjects, as shown in the introduction to this book 
consists of Ethics, Criticism, Politics and Logic or the art of rea- 
soning. Ethics and Criticism, he says, deal with tastes and senti- 
ments, and politics considers man as a member of society; while 


"The sole end of logic is to explain the principles and operations 


of our reasoning faculty, and the nature of our ideas.” Thus it 
seems that Hume wants to consider the whole Book I of the 
Treatise as a work in logic. 

The study of what Hume calls ”Logic” and what we may de- 
scribe to be, in fact, epistemology and semantics, was considered 
by him to be the basic study for all sciences. "Even Mathematics, 
Natural Philosophy, and Natural Religion, are in some measure 
dependent on the science of Man.” ”The capital or center of all 
sciences,” he says, ”is human nature itself,” and "There is no 
question of importance, whose decision is not comparized in the 
science of man; and there is none, which can be decided with 
any certainly, before we become acquainted with that science.” 
(Il eo 

The science of logic, then, for Hume is part of the science of 
man, and it is the study of logic which may give us insight into 
the limit and the scope of human knowledge. 
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Knowing the proper province of human knowledge, according 
to Hume, constitutes a cure for philosophical perplexities. 


When we see, that we have arrived at the utmost extent of human 
reason, we sit down contented; tho we be perfectly satisfied in the 
main of our ignorance, and perceive that we can give no reason for our 
most general and most refined principles, beside our experience of their 
reality. (T. xxii). 


And this freedom from philosophical perplexities and mental 
agitation is the best thing that philosophy can offer. "When this 
mutual contentment and satisfaction can be obtained betwixt the 
master and scholar,” Hume says, "I know not what more we can 
require of our philosophy.” (T. xxii). In the Enquiry Hume 
asserts that 


. no inconsiderable part of science [of man is] to know the dif- 
ferent operations of the mind, to separate them from each other, to 
class them under their proper heads, and to correct all that seeming 
disorder, in which they lie involved, when made the object of reflexion 
and enquiry .... And if we can go no further than this mental geo- 
graphy, or delineation of the distinct parts and powers of the mind, it 
is at least a satisfaction to go so far. (E. 13). 


"The airy sciences” such as metaphysics which contain unintel- 
ligible questions, should be replaced by the science of human 
nature, since the statements contained in the body of the latter 
science, Hume insinuates, are meaningful. ”... that there is a 
truth and falsehood in all propositions on this subject, and a truth 
and falsehood, which lie not beyond the compass of human un- 
derstanding.” (E. 14). 

The chief advantage of the science of man lies in its power to 
map out the extent of our knowledge and indeed one of the ad- 
vantages of mitigated skepticism lies in acknowledging that only 
what is in the province of man's understanding can be in- 
vestigated. "Another species of mitigated skepticism which may 
be of advantage to mankind, and which may be the natural result 
of the Pyrrhonian doubts and scruples, is the limitation of our 
enquiries to such subjects as are best adapted to the narrow ca- 
pacity of human understanding.” (E. 162). 


Oe REA ROT RE 
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Common sense tends to believe that there are no limits to man's 
thinking, but Hume is convinced that this is a mistaken view. 
"Nothing, at first view, may seem more unbounded than the 
thought of man ... But though our thought seems to possess this 
unbounded liberty, we shall find, upon a nearer examination, that 
it is really confined within very narrow limits . . .” (E. 18). 

To the question: What, then is the limit of human understand- 
ing? a passage in the Treatise gives an explicit answer: 


Let us fix our attention out of ourselves as much as possible: Let us 
chace our imagination to the heavens, or to the utmost limits of the 
universe, we never really advance a step beyond ourselves, nor can 
conceive any kind of existence, but those perceptions, which have 
appeared in that narrow compass. This is the universe of the imagina- 
tion, nor have we any idea but what is there produc'd. (T. 67). 


B. An Interpretation 


Hume's statements on the scope and the limits of human un- 
derstanding, at first sight, seem unintelligible. Taken at their face 
value, any one of Hume's assertions, such as: ”... though our 
thought seems to possess this unbounded liberty, we shall find, 
upon a nearer examination, that it is really confined within very 
narrow limits” or ”If men attempt the discussion of questions 
which lie entirely beyond the reach of human capacity ... they 
may long beat the air ... and never arrive at any determinate 
conclusion” may be objected to by questions such as: How do we 
ever know that something is entirely beyond the reach of human 
capacity? or How can one draw a limit to the human mind, if 
our mind, as Hume himself describes it, is nothing but a congeries 
of impressions and ideas? 

I shall maintain here, that though Hume's manner of ex- 
pressing his thought on what could not be thought is obscure and 
confused, so much so that it has in fact misled some of his im- 
portant critics (i.e., Kant and Laird), his intention is quite clear 
and obvious. In drawing a limit to man's thought, Hume, in fact, 
was drawing a limit not to thinking (whatever that might mean), 
but only to the expression of thought. Hume was drawing our 
attention to what could be said significantly and what could be 
mere talk without sense. The intention to draw a limit to man's 


2 FARHANG ZABEEH 


expressions was a conscious result of Hume's observation that 
"tis usual for men to use words for ideas, and to talk instead of 
thinking in their reasonings.” (T. 61). 

In general for Hume, significant words are only those which 
can be linked to ideas caused by impressions. An idea which is 
not caused by an impression is a dubious entity and a word which 
expresses such a dubious entity is a word without meaning. Some 
expressions denote simple ideas and others denote complex ideas. 
But since complex ideas are ultimately analyzable into simple 
ones, all expressions, if they are significant, could be linked to 
simple ideas. 

Indeed many of Hume's statements, though they at first sight 
seem to express some thought about persons and objects in the 
world, actually amount to saying something about words and 
meaning. Hume, on many occasions, explicitly employs his theory 
of the limit of man's mind quite in line with our interpretation. 

As we observed, Hume constantly maintains that the truth or 
falsity of certain philosophical issues can not be established. For 
example, the question concerning the ultimate causes of our per- 
ception "It will always be impossible to decide.” Likewise, he 
believes that questions ”such as those concerning the origin of 
worlds, or the economy of the intellectual system or region of 
spirits” are in principle undecidable. Metaphysicians, he says, 
"may long beat the air in their fruitless contests, and never arrive 
at any determinate conclusion.” By saying that certain issues never 
can be decided, Hume was saying, in effect, that these issues are 
in principle unverifiable, as distinct from hypotheses which are 
not subject to examination in practice. Thus, in spite of Hume's 
language, when he, like Locke, invites us to sit down in quiet 
ignorance and be satisfied with what we have, he is not saying 
that we should stop investigating matters of fact or matters of 
logic, but rather that we should not ask questions, which in 
principle defy an answer. 

I also maintain that a very important part of what Hume calls 
"The Science of Man” is concerned with finding conditions for 
significant discourse, and thereby excluding as being devoid of 
cognitive meaning any statements which do not satisfy these con- 


| 
| 
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ditions. To say this is not to say that Hume was consciously 
aware that he was explicating language and not the human mind, 
nor'is it to say that there are no psychological statements, either 
true or false, in Hume's epistemology. I do not regard, for ex- 
ample, The Laws of Association, which enter into Hume's philo- 
sophy, as a linguistic theory. 

However, I insist that to make sense of the great body of 
Hume's arguments, we should translate them (following Carnap's 
recommendation) from the Material Mode of Speech into the 
Formal Mode. 

Hume envisages himself as describing the geography of our 
mind, whereas what he is actually doing is not fundamentally 
different from what modern epistemologists, such as Ryle, 
practice. Ryle, in the Introduction to The Concept of Mind, an- 
nounces that, "The philosophical arguments which constitute this 
book are intended not to increase what we know about minds, 
but to rectify the logical geography of the knowledge which we 
already possess.”” 

Indeed, it is Ryle's claim that his research is in line with the 
practices of great epistemologists like Locke, Hume, and Kant, 


— even though these epistemologists were not aware that their psy- 


chology and epistemology were concerned more with the analysis 
of language, than with generalizations concerning the human 
mind. 


Ryle says: 


The great epistemologists, Locke, Hume and Kant, were in the main 
advancing the Grammar of Science when they thought they were dis- 
cussing parts of the occult life-story of persons acquiring knowledge. 
They were discussing the credentials of sorts of theories, but they were 
doing this in para-physiological allegories.” 

Ryle's statement requires some clarification. Hume's activity, 
though it may in part be described as ”advancing the Grammar of 
Science,” may not be properly described as ”advancing the Gram- 
mar of language.” Hume sees himself chiefly as an experimental 


< G. Ryle, The Concept of Mind, p. 7. 
fölbid:p- 318: 
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Philosopher, and not as a grammarian. In the Enquiry he says 
that, "Nothing is more usual than for philosophers to encroach 
upon the province of grammarians; and to engage in disputes of 
words, while they imagine that they are handling controversies of 
the deepest importance and concern.” (E. 312). 

The business of our experimental Philosopher, according to 
Hume, is to advance general principles, and ”general principles, 
if just and sound, must always prevail in the general course of 
things, though they may fail in particular cases; and it is the chief 
business of philosophers to regard the general course of things.” 

Thus we may say with Ryle, that Hume was in the main ad- 
vancing the Grammar of Science, only in the sense that he was 
making some generalizations, not specifically about the way 
people talk, which is the proper function of the grammarins, but 
about the nature of significant discourse or rules by which to 
judge of causes and effects, etc. 

Of course, we should admit that Hume's language is often 
ambiguous. The analogical expressions used by him, such as 
"mental geography,” "power of mind,” ”the limit of understand- 
ing,” etc., are in fact responsible for the often unwarranted argu- 
ments (ignoratio elenchi) against his doctrines. 

Thus Kant's comments on Hume's method seem to me quite 
misleading. Kant writes that ”The celebrated David Hume was 
one of those geographers of the human mind who supposed that 
all these questions (metaphysical) were sufficiently disposed of 
by being relegated outside that horizon, which, however, he was 
not able to determine.” ” 

Even a contemporary Hume scholar, no less than John Laird, 
is seduced by Hume's language. Laird says that 


2” t«W 


It seemed to Hume that, if human nature were thoroughly explored, 
the master-key to every science would have been found. He did not so 
much consider the obvious objection that the human mind might be 
primarily a sort of tool, and that if it were a tool, the nature of its 
objects might no more be inferable from its own nature than the cha- 


” David Hume, T. H. Green, ed., op. cit., p. 288. 
> Kant, Critique, Max Muller, op. cit., p. 609 (Italics mine). 
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racter and disposition of the stars are inferable from the composition 
of a telescope.” 


One cannot help imagining Hume smiling at this "obvious ob- 
jection.” It seems that it was never Hume's intention to claim 
that by exploring the human mind we may know the structure 
of the stars, but rather that by exploring the universe of discourse 
we might be able to formulate significant questions about the 
world. 

Not all of Hume's students were misled by his language. For 
example, G. E. Moore, I think correctly interprets Hume's state- 
ments concerning the limitation of knowledge as a proposal about 
the nature of propositions which ”we cannot know to be true.” 
He says that Hume 

. wished to point out what characteristics are possessed by those 
of our opinions which we can know to be true, with a view of per- 
suading us that any opinion which does not possess any of these cha- 
racteristics is of a kind which cannot be known to be so. He thus tries 
to lay down certain rules to the effect that the only propositions which 
we can, any of us, know to be true are of certain definite kinds. It is 
in this sense, I think, that he tries to define the limits of human under- 
standing ...” 


And 


... This, I think, was clearly one of Hume's views. He meant to fix 
the limits of our knowledge at a point which could exclude most reli- 
gious propositions and a great many philosophical ones, as incapable 
of being known, but which would include all the other kinds of propo- 
sitions, which are most universally accepted by common sense, as 
capable of being known.” 

Here, Moore's usage of ”cannot” and ”can” is significant. He 
italicizes these terms with the intention of indicating that the 
impossibility of knowing the truth, or we may add, the falsehood 
of certain statements, is not a physical, but rather a logical im- 
possibility. Moore is, in effect, saying that for Hume, since most 
religious and a great many philosophical propositions defy veri- 
fication or falsification, they are, strictly speaking, cognitively 
meaningless. 

29 John Laird, Hume's Philosophy of Human Nature, p. 351. 

" G. E. Moore, Philosophical Studies, 1922, p. 147. 

2 Jbid., p. 151. 


Uber den Jevonsschen Begriff des logischen Sinnes 
und verwandte Begriffe 


von 


OTAKAR ZICH 
(Prag) 


Im Zusammenhange mit der Ausarbeitung seiner Variante des 
Booleschen Kalköäls hat sich der hervorragende schottische Logi- 
ker W. S. Jevons mit einigen Begriffen beschäftigt, die heute viel- 
leicht wichtiger als in seiner Zeit erscheinen. Es handelt sich na- 
mentlich um den Begriff des ,logischen Sinnes” (,logical mean- 
ing”) und der ,logischen Kraft” (,logical force”) einer Bedingung 
oder einer Gruppe von Bedingungen. Diese Begriffe lassen sich 
u.E. in gewisse Beziehungen mit dem Problemkreise bringen, wel- 
cher sich in unserer Zeit mit der Entwicklung der Informations- 
theorie eröffnet hat. Die Jevonsschen Untersuchungen haben kei- 
nen systematischen Charakter, es handelt sich vielmehr um häufi- 
gere Randbemerkungen. Seine Ideen sind aber insofern klar, dass 
sie als Ausgangspunkt fär unsere Erwägungen dienen können. Es 
sei aber ausdräcklich betont dass es sich in unserem Aufsatze um 
keine historische Rekonstruktion seiner Ideen sondern um ihre 
Weiterfährung handelt. 

Unsere Ausfuhrungen setzen elementare Kenntnisse der Grund- 
lagen des Jevonsschen Kalkäls voraus.” 

A. Der logische Sinn einer Bedingung. Diesen Begriff kann 
man am besten einem Jevonsschen Beispiele entnehmen.” Es seien 
drei Termini A, B, C und ihre Negationen a, b, c vorgelegt. Ihre 
Kombinationen bilden die achtgliedrige vollständige Alternative 
Q=ABC-|-ABc-|-AbC-|-Abe-|-aBC-|-aBc-|-abC-|-abe. Jede 


" Siehe W. S. Jevons, Studies in Deductive Logic, London, Macmillan and 
Co, 1896, S. 179 ff. 
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| Bedingungsgleichung ” welche die Termini bindet, hebt bestimmte 
-Glieder von 2 auf. So Zz.B.. A= AC hebt solche Glieder auf, wel- 
che Ac enthalten (d.h. die Kombinationen ABc und Abc). Aber 
auch umgekehrt: fallen gewisse Glieder von 2 aus so kann man 
| auf eine oder mehrere solche Bedingungen schliessen. Solche Er- 
wägung, die jedoch a.a.O. mit konkreten Termini arbeitet, hat 
 Jevons zur folgenden Definition des logischen Sinnes einer Be- 

dingung gefuhrt: ,,Thus the logical meaning of any condition is 
| represented by the state of the combinations agreeing with those 
conditions.” 

(A,0). Wir werden jetzt versuchen diese in Bezug auf den 
Jevonsschen Kalkäöl metalogische Festsetzung zu präzisieren und 
den Begriff des logischen Sinnes zu entwickeln. Dabei werden 
| Wir uns nicht nur hier sondern auch im folgenden Texte der Um- 

gangsprache bedienen, welche nur mit einigen Begriffen der ele- 
 mentaren Mengenlehre bereichert ist. 

In ganzem Aufsatze handelt es sich um endliche Mengen, wel- 
che mit (A,, As, ... Ar) oder kärzer mit AM, BM, RM u.s.w. be- 
zeichnet sind. Ist A; in AM als Element enthalten, schreiben wir 
wie ublich A;s:s AM. Die Mengenbezeichnungen sind, wenn nötig, 
I mit Indexen versehen, z.B. AM, AM. Es wird weiter von folgen- 
"den Bezeichnungen der Mengenbeziehungen bzw. der Mengen- 
operationen Gebrauch gemacht: 

AMABM soll die Mengengleichheit, AM”BM die Mengen- 
-äquivalenz von AM und BM bezeichnen. AMEBM schreiben wir, 
wenn AM eigentliche oder auch uneigentliche Untermenge von 
"BM ist. AMUBM bezeichnet die Vereinigungsmenge von AM und 
BM, AMABM ihren Durchschnitt. Es wird weiter vorausgesetzt 
dass zu jeder Menge AM ihr Komplement AM existiert. 

Der Jevonssche Begriff des logischen Sinnes (weiter nur LS) 
 setzt zuerst die Feststellung des Gebietes der Untersuchung vor- 
aus. Dieses Gebiet sei durch die Menge (A,, A;, ... Ån, 2, 2, 
. an? (körzer auch nur AM) der gewählten Termini A; und 


3 Die identischen Bedingungen vom Typus A=A, Be=Bc u.ä. ziehen wir 


zuerst nicht in Betracht. 
SUPCE ST221; 
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ihrer Komplemente a; bestimmt.” Wir setzen zweitens voraus 
dass die Elemente von AM durch gewisse Bedingungsgleichungen 
(weiter nur Bedingungen) gebunden sind. Die Menge dieser Be- 
dingungen (B,, B., ... Br) wird kurz BM genannt. Fär jeden Ter- 
minus T, der in irgendeinem Bj vorkommt, gilt TAM." Die Be- 
dingungen sind von der Gestalt L=M oder L=O, wo L, M u.s.w. 
ein nach den Regeln des Jevonsschen Kalkäls aus den TeAM ge- 
bildeter oder dem Kalkäl gehöriger Ausdruck ist. Die vollstän- 
dige Alternative 2 (n) welche aus den Elementen von AM 
gebildet wird, enthält 2? Glieder (Kombinationen), welche in der 
Menge (K,, K., ... Kr”), körzer auch KM, enthalten sind. Jede 
Alternative welche aus den Elementen einer echten Teilmenge 
von KM gebildet ist, bezeichnen wir mit TQ oder TX, wo X 
einen passenden Ausdruck des Kalkäls bedeutet. Solche Glieder ' 
von A(n), welche mit den BjeBM verträglich sind, bilden die 
Menge (K",, K”., ... K"s), körzer auch RM, OSsE2". Anstatt 
zu sagen dass die K";eRM mit den BjeBM verträglich sind, wer- 
den wir auch sagen dass RM von BM reproduziert wird. 

Jetzt werden wir die Funktion LS (AM; BM) (weiter nur LS- 
Funktion) einfähren in welcher AM als konstant, BM als variabel 
zu betrachten ist. Der Wert der LS-Funktion wird durch fol- 
gende Vorschrift bestimmt: wird RM von BM reproduziert so 
hat die LS-Funktion den Wert RM 


LS (AM; BM) «RM (LS) 


Man sieht leicht ein dass es zu jedem BM einen einzigen Wert 
RM der LS-Funktion gibt. Umgekehrt aber gibt es zu jedem fes- 
ten Wert RM i.A. mehrere verschiedene BM, welche der Men- 
gengleichheit (LS) genägen. Solche verschiedene BM welche das- 
selbe RM reproduzieren, sind in Bezug auf den LS äquivalent. 

In Jevonsschem Werke findet man ein schönes Beispiel von 
funf verschiedenen äquivalenten BM.” 


” för kein i=1, 2, ... n soll die Gleichung A;=0 oder a, =0 gelten. 
” Ist diese letzte Bedingung nicht erfällt, so kann man vom LS eines solchen 
Bj; nichts aussprechen. Es ist aber möglich, dass ein solches B. zur Erweiterung 


des AM fährt. Diese Möglichkeit wird im letzten Absatze in Betracht ge- 
zogen. 


FEL RSNPS 


| UÖBER DEN JEVONSSCHEN BEGRIFF DES LOGISCHEN SINNES 22) 
AM(A,B,C,D,E,F,a,b,c,d,e,f? 

| RMA& [ABCDEF, ABCDeF, ABCDef, ABCdEf, ABcDEF, 

| ABcCDeF, ABcDef, aBeDEF, aBcDeF, aBcDef, AbcdEf, 
abedEfY' 


Die von Jevons angegebenen BM ermöglichen folgende Men- 
 gengleichheiten aufzuschreiben: 


LS (AM; (C= ABC, f=Def.|.dEf, c=BcD-|-bed, d=aEf)) 
BESK(AM; Sboce, C=ABC, D=BD, d=Ef)) 
FLESK(CAM: (a=ac, b=ca, d=Ef') 
FLS (AM; (C=AC, b=bed, a=Ef, B=B (C-|-D))) 
SLS (AM; (AC=BC, BDE=BDEF, B=C-|-D, d=dEf) 


| Sätze iiber die LS-Funktion. 


(A,1) För jede in Bezug auf AM sinvolle BM welche nur 
identische Bedingungen BieBM (i=1, 2, ... k) enthält gilt LS 
(AM; BM) SKM. 

Vorbemerkung: die identische Bedingung hat (1) die Gestalt 

I L=L, (2) die Gestalt M=N welche sich auf die Gestalt (1) 
umformen lässt.” 

Beweis: jedes Bi hebt keine Glieder von 2 auf. Daher repro- 
duziert BM die gesamte Gliedermenge KM. Die LS-Funktion hat 
also den Wert KM. 

(A,2) För alle in Bezug auf AM sinvollen B,M, welche min- 
I destens eine kontradiktorische Bedingung By enthalten gilt LS 
(AM; B,M) =103. 

Vorbemerkung: unter einer kontradiktorischen Bedingung By 
verstehen wir (1) jede Gleichung von der Gestalt L=L' wo L 
"einen Ausdruck des Kalkäöls und L' seine Negation bezeichnet, 
(2) jede Gleichung welche sich aus den BieByM ableiten und zum 
"Typus (1) umformen lässt. 

8 Jevons gibt nur acht Glieder an, es sind aber zwischen ihnen solche ent- 


halten, die nur fänf Termini haben. Diese lassen sich nach dem ,.Law of 
Duality” A=AB-:|-Ab in zwei Glieder entwickeln, sodass man in RM zwölf 
Elemente bekommt. 
”In Bezug auf AM(A,B,C> sind (L)E B=B) I AC=ACIaben auc (2) 
AA =A, B=BC-|-Be identische Bedingungen. Die zwei letzteren lassen sich 
(Law of Simplicity bzw. Law of Duality) zum Typus L=L umformen. 
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Beweis: nach dem Law of Duality (eventuell mit Benutzung 
anderer Gesetze des Kalkäls) lassen sich beide Seiten von (1) in 
Teilalternativen TL und TL” entwickeln, deren Glieder n Ter- 
mini enthalten. Es lässt sich leicht einsehen (a): dass TL nur 
solche Glieder von 2 enthält, die nicht in TL" vorkommen, (b): 
dass jedes Glied von 2 entweder in TL oder in TL' vorkommt. 
Aws. (1) folgt IL= TI, alsosaueh IL TE TEN DierAGsreeh 
nung der linken Seite von dieser Gleichung ergibt TL TL'=0, 
also auch TL"=0. Ganz ähnlich bekommen wir TL=0. Dies er- : 
gibt TL-|-TL'=.Q2=0. Daraus folgt dass kein einziges K;eKM re- 
produziert wird, RM (0>- und die LS-Funktion den Wert (03 
hatar 

(A,3) Jede in Bezug auf AM sinnvolle normale BM reprodu- 
ziert eine nicht leere echte Teilmenge von KM. ; 

Vorbemerkung: solche BM welche weder zur Klasse der BAM 
(Satz (A,1)) noch zur Klasse der BYM (Satz (A,2)) gehören 
nennen wir normale BM. 

Beweis: dann existiert mindestens eine nichtkontradiktorische 
und zugleich nichtidentische Bedingung B,eBM. Es sei dies eine 
Gleichung welche nicht die Gestalt L=0 hat.” B, hat also die 
Gestalt L=M. Daraus folgt LM'=0. LM” lässt sich nach dem 
Law of Duality in eine Teilalternative T(LM') entwickeln, deren 
Glieder n Termini enthalten. Diese Glieder sind mit B, nicht ver- 
träglich, sodass sie in der von Bp, reproduzierten R,M nicht ent- 
halten sind. Daraus folgt dass RRMCKM. Nimmt man jetzt R,M 
statt KM so kann man den eben beschriebenen Schritt mit einem 
zweiten BjieBM wiederholen. Man bekommt dann ein RAM fär 
welches RÄMER,M gelten muss. Da es sich um endliches BM han- 
delt, bekommt man nach einer endlichen Anzahl der Schritte ein 
RM, för welches RMCKM gilt. Es bleibt zu zeigen, dass RM = 
v1(03 nicht gelten kann. Wäre RM (0) so könnte man immer 
BM in zwei Untermengen BM, BM zerlegen, för welche BMA 
ABM (0) und BMUB.MIBM gilt. Die mit den BieB,M unver- 


” Die einfachste kontradiktorische Bedingung vom Typus (1) ist A;=a;. 
Daraus folgt A;=a;A,; und a, =aA;. Da jedes Glied von Q entweder A; oder 
a; enthält, folgt Q=0. 

" Der Fall L=0 wird in unserem Beweise miterledigt. 
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| träglichen K;eKM bilden eine T,Q, die mit den BjeB.M unverträg- 
 lichen KjeKM bilden eine T.Q, wobei T,Q. |: T.2=2. Aus jeder 
Gleichung T,Q2.-|-T.2=2 in welcher T,2 und T,Q keine gemein- 
| samen Ki enthalten folgt aber T,Q=[T,Q]' und auch T,Q= 
: =[T,2]' ("). Alle B;ieBM bzw. BjeBM lassen sich durch eine 
| einzige Bedingung B' bzw. B!! von der Gestalt L,=M,, bzw. L.= 
i —M, ersetzen. Es gilt also auch LM'.=0, bzw. LM',=0. Die 
/ Ausdräcke LM”, bzw. L.M”, lassen sich nach dem Law of Duality 
I in TLM', bzw. TLM”, entwickeln, sodass alle Glieder n Termini 
+ enthalten. Es lässt sich leicht zeigen dass TLM'=T,Q2 und 
| TLM'.=T.Q. Da aber TLM'. =0, TL.M'.=0, so gilt mit Räcksicht 
I auf (") auch 0=0'. Damit haben wir aus der BM eine kontra- 
I diktorische Gleichung abgeleitet, welche den Voraussetzungen 
I öber BM widerspricht. Es kann also RM (0) nicht bestehen. 
(A,4) Es seien BM, B.M normale Bedingungsmengen. Es gelte 
| dabei BME BM. Dann gilt auch 


LS (AM; B.M)ELS (AM; B.M) (A4) 


| Beweis: die Behauptung ist klar, wenn BM ABM. Gilt jetzt 
I BMCBM so enthält B.M gewisse Br (r=1, 2, ... 1), för welche 
IB; £ BM gilt. Ist nun RM der Wert der LS-Funktion för BM, so 
| kann man die Br als neue Bedingungen nehmen, welche auf RM 
| gestellt sind. Ist unter diesen Br mindestens eine normale Bedin- 
| gung, so gilt in (A4) die Beziehung der eigentlichen Untermenge, 
| im entgegengesetzten Falle die Gleichheit. 

 (A,5) Es sei BM normal. SM sei die endliche Menge, deren 
| Elemente Schlussfolgerungen aus den Bie U, UEBM sind. Dann 
| gilt 
| LS (AM; BM)ELS (AM; SM) (AS) 


Beweis: es genägt zu zeigen, dass för jedes Ki$4LS (AM; SM) 
(AM; SM) aber KneLS (AM; BM) so wählen wir ein Bie BM aus 
auch K;$LS (AM; BM) gilt. Gäbe es ein Ky, för welches Kn&4LS 
und ersetzen BM in der LS-Funktion durch BMOXB:;). Nach die- 
ser Ersetzung gilt weiter KneLS (AM; BMO(B:)) und es ändert 
sich i.A. auch SM in SM. Dabei kann entweder Ky &LS (AM; 
SM) oder KneLS (AM; SM) gelten. Im zweiten Falle muss es die 
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Bedingung B; sein, welche Kn £ LS (AM; SM) zur Folge hat. Die- 
ses Bi: mösste also auch Kn$LS (AM; BM) nach sich ziehen — ge- 
gen Voraussetzung. Im ersten Falle wählen wir ein zweites B;je BM, 
B.+=B; aus und ersetzen in der LS-Funktion BMOAB:) durch 
BMAXB;) VU (Bj), SM durch SM. Dann können wir die eben be- 
schriebene Erwägung wiederholen. Entweder stösst man nach 
einer endlichen Anzahl der Schritte auf einen Widerspruch des 
zweiten Falles, oder es bleibt die Beziehung Kn$4LS (AM; Sk-M) 
nach der Ausschöpfung der Menge BM bestehen. Wir hätten : 
dann Kn &£LS (AM; Sk. M) und KneLS (AM; (03). Die Elemente 
von SkuM, welche Ky, aufheben, mässten Schlussfolgerungen der 
Nullmenge sein, was wiederum unmöglich ist. Damit ist (A5) 
bewiesen. | 
B. Die logische Kraft einer Bedingung. Dieser Begriff kommt ' 
bei Jevons an mehreren Stellen vor, ein systematischer Fragment 
findet sich jedoch im Kapitel XXIV des zitierten Buches.” Be- 
zäglich dieses Begriffes sagt Jevons: ,, The combinatorial analysis 
of the meaning of assertions enables us to establish an almost 
mathematical system of measurement of the comparative force 
of assertions. Given the number of independent terms involved, 
that force of proposition has the least possible force, which nega- 
tives a single combination. Thus with three terms, a proposition 
of the form AB= ABC negatives only the single combination ABc; 
but A=ABC negatives three and A=BC as many as four com- 
binations.” The latter propositions may be said to have three and 
four times the logical force of the first given.” Eine andere Stelle 
ermöglicht uns das Jevonssche Mass fär die logische Kraft einzu- 
fähren: ,, The appearance of the same terms in both members of 
an equation always weakens its force; thus A=ABC has the 
force only 3/8, whereas A=BC has the force 1/2. Again A= 


” The measure of logical force, 1.c. S. 249-251. 
” In diesem Falle ist Q=ABC-|-ABc:|-AbC-|-Abe-|-aBC-|-aBe-|-abC-|- 
abe und man sieht leicht dass die erste Jevonssche Bedingung nur ABc, die tl 
zweite ABc, AbC, Abc, die dritte dazu noch aBC aufhebt. 
FACES KE240, 
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=B-|-C has the force 1/2, but A-:|-B=B-|-C only the force 
28. : 

Die Jevonssche Bestimmung des Masses der logischen Kraft 
(weiter nur LK) stätzt sich augenscheinlich auf eine Vorausset- 
zung, die bei Jevons nicht ausgesprochen wird und die sich am 
einfachsten als Voraussetzung gleicher logischen Gewichte aller 
K;eKM charakterisieren lässt. Sie lässt sich auch damit begrän- 
den, dass die Weahrscheinlichkeiten apriori der einzelnen K; 
gleich sind. Bezeichnet man diese Wahrscheinlichkeit mit W(K;) 


I dann gilt W(K;) =3. RETT ee 


(B,0) Jetzt werden wir den in Bezug auf den Jevonsschen Kal- 
» köl metalogischen Begriff der LK einföhren. Das Gebiet der Un- 
| tersuchung sei wie im Absatz A. durch AM festgelegt. Es sei 
zweitens ein BM vorgelegt, för welches die bezägliche LS-Funk- 
| tion existiert. Wir werden eine Funktion LK (AM; BM) einföh- 
ren, in welcher AM als konstant, BM als variabel betrachtet 
wird. Wenn LS (AM; BM) AK", K">, ov... K"mnwy) dann wird 
| der LK-Funktion der Wert za zugeordnet. v ist die Anzahl der 


 aufgehobenen Glieder von 2 und es gilt OSv£E2". 


 Sätze uber die LK-Funktion. 


(B,1) Wenn LS (AM; BM) LS (AM; BM) so auch 
LK (AM; BM) =LK (AM; B.M) 


Beweis: nach Voraussetzung sind die von B.M und BM repro- 
| duzierten Gliedermengen äquivalent, sodass auch die bezäöglichen 
"Mengen der aufgehobenen Glieder die gleiche Anzahl der Ele- 
i mente haben mössen. 
(B,2) Wenn LS (AM; BM)JALS (AM; BM) so auch 

LK (AM; BM) =LK (AM; B.M) 
Beweis: da BM dieselbe Gliedermenge wie B.M reproduziert, 
| sind die bezäglichen Mengen der aufgehobenen Glieder von £2 
gleich. 
Bohr Sk250: 
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(B,3) För jede BM aus dem Satze (A,1) gilt LK (AM; BM) = 
=05 

Beweis: BM hebt keine Glieder von 2 auf; v=0. 

(B,4) För jede B,M aus dem Satze (A,2) gilt TK (AM; 
BwyM) fa ik 

Beweis: ByM hebt alle Glieder von 2 auf; v=2". 

(B,5) För jede normale Bedingungsmenge BM (Satz (A,3)) 

1 

gilt >, <IK (AM; BM) Sl—3,a 

Beweis: nach (A,3), (B,3) und (B,4) gilt OCLK (AM; BM) < 
<< Die Grenze log wird för Bmax MT (A,=A>, A.=A,, str 
An: = An) erreicht. Es sei in einem K;ie KM ein Ar zugleich mit 
as (rs) enthalten. Die Bedingungen von BmaxM ergeben Ar, =As : 
und diese Gleichung hebt K; auf. Auf diese Weise werden alle Ki 
mit Ausnahme von A,A,A; ... An und aaa ... an aufgehoben. 
Die Anzahl der aufgehobenen K; lässt sich nicht vergrössen. Set- 
zen wir voraus dass ein B, existiert, sodass BMABmaMUVAB,) 
noch zur Aufhebung von A,A;A; ... A, föhrt. Es gilt also A.A,A; 

. An =0. Die BiEBmaM erlauben aber solche Einsetzungen in 
diese Gleichung, dass A,=0, A,=0,... A.=0, gegen die Voraus- 
setzung uber AM (siehe (A,0)). Wenn aber aa ... an=0, S0 
kann man die B;eBnaM Zu äquivalenten Bi: a,— 2, 283005 


ans+ = an umformen, woraus sich a,=a,=a,=...=a,=0 ergäbe, 
wiederum gegen die Voraussetzung uber AM. Es gilt also LK 
22—2 IN 
(AMEEB EES MOE 5a =lI Fn 
Die Grenze z Wird fur BminMAS(ATNAS eos Ano ASASAS SO 
AnAn) erreicht. Diese Bedingung hebt nur das Glied A,A,A,; ... 
1 


Annan auf. Es gilt also LK (AM; BminM) = AN 


" Die BM lässt sich unwesentlich verallgemeinern. Sie enthält dann 
auch Gleichungen zwischen den positiven und negativen Termini vom Typus 
A,=3a,,, oder noch allgemeiner A,=a,. Der Wert der LK-Funktion wird 
durch die Einsetzung dieser verallgemeinerter BM nicht geändert. 

"" Auch B,;.M lässt sich verallgemeinern. Die eine Seite der Bedingungs- 
gleichung enthält dann alle Termini des Gebietes, jeden nur einmal, entweder 
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| (BIO JFESTSEF AIM ES AG AL”. Agralj a voäg  runid AIM a 
BESCAN ANNE SÅN ÅRA i Årbg, Ör, Döyol vå ARVNAn ker Arp WO: 
föbeidie Anm, Ane, -:: Anp (und ihre Komplemente) von den 
I A;eAM unabhängig sind und p>1. Hat man dann eine normale 


| BM för welche LK (AM; BM) = so gilt LK (A,M; BM) =LK 


| 2 

(A.M; BM). 

> Beweis: es bezeichne 2(n) bzw. 2(n+p) die vollständige Al- 
1 ternative, welche zu AM bzw. zu A.M gehört. Jedes K;e KM 
i welches von den Bje BM aufgehoben wird, entwickelt sich nach 
BRCen Ann, Änt, « - - Anp DZW. anti, An, - «+ dnrp il eine 22-gliedrige 
| Teilalternative TK; welche in 2(n+p) enthalten ist. Jedes von 
I den Gliedern der TK; wird auch in 2(n+p) aufgehoben, da in 
| ibm die Kombination K; enthalten ist. Es gilt daher 


Er 
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LK (AM; BM) = TT ÄN =LK (AM; BM) 
(B,7) 

Wenn BMCBM so LK (AM; BM) ELK (AM; B.M) = (B7) 
Beweis: wir beschränken uns auf den Fall dass BM sowie B.M 
j normale Bedingungsmengen sind, da die Geltung des Satzes (B,7) 
I in allen anderen Fällen evident ist. Aus BMCBM folgt nach 
I (A,4) LS (AM; BM) 2LS (AM; BM). Zu BM gehört RM, zu 
I BM gehört RM. Aus RM 2RM folgt KYUAORMEKMARM. Ist 
| nun v die Anzahl der Elemente von KMORM und w die entspre- 
i chende Anzahl von KMORM so gilt auch v<w, woraus (B,7) 
i folgt. 

| (B,8) Ist BM und B.M normal dann 

I LK (AM; BMUB.M) SLK (AM; BM) +LK (AM; B.M) = (B8) 


I Beweis: BM reproduziert RM und BM reproduziert RM. Die 
| Mengen KMORM und KMORM sind nach (A,3) nicht leer. 
I Wenn nun [KMORM]O[KMORM]10) so gilt in (B8) das 
| untere, im entgegengesetzten Falle das obere Zeichen. 


| positiv oder negativ, und die andere Seite enthält alle diese Termini mit Aus- 
 nahme von einem einzigen. Der Wert der LK-Funktion wird jedoch durch 
| diese Verallgemeinerung nicht geändert. 


36 OTAKAR ZICH 


(B,9) Es sei Mx die Menge von solchen Bedingungsmengen BM 
(i=1, 2, ... s) welche der LK-Funktion in Bezug auf AM den- 
selben Wert v erteilen. Dann zerfällt Mx in Untermengen, welche 
Br; von gleichem LS enthalten. 

Beweis: nach (B,2) föhren zwei verschiedene Bri, Bxj welche 
der LS-Funktion denselben Wert erteilen, zum gleichen Wert der 
LK-Funktion. Alle Bedingungsmengen, welche zum denselben 
Wert der LS-Funktion föhren, sind also in einer Untermenge 
UCM, enthalten. 

(B,10) Es sei BM normal. SM sei eine endliche Menge von 
Schlussfolgerungen aus den Bie BM. Dann gilt LK (AM; BM) = 
>LK (AM; SM). Der Beweis folgt leicht aus (A,5). 

C. Die Natur der Information welche von den Bedingungen 
geleistet wird. Bei Jevons kommt der Terminus , information” im 
Zusammenhange mit seiner Beobachtung, welche wir einem von 
seinen analysierten Beispielen entnehmen: ,How far does the 
conclusion of an Aristotelian syllogisme fall short of giving all 
the information contained in the premises?”” Es handelt sich um 
die BM(A=AB, B=BC) und AM A, B, C, a, b, c). BM 
hebt ABc, AbC, Abc, aBc auf. Die Schlussfolgerung A=AC, Ele- 
ment von SMA (A=AC) hebt nur ABc und Abc auf. Dazu sagt 
Jevons: ,Measured in this way, then, it contained only half of 
the information of the premises; but of course if the conclusion 
gives just that information which is desired, the overlooking of 
the rest is of no harm. Enough is as good as a feast — or rather 
better.” Es versteht sich von selbst, dass der von Jevons mehrmals 
im angegebenen Sinne benutzte Terminus ,information” sich nicht 
mit dem aus der Informationstheorie bekannten deckt. Es beste- 
hen aber u.E. gewisse Beziehungen zur Informationstheorie wel- 
che vielleicht interessant sind. 

(C,1) Es handelt sich zuerst um den Charakter der Bedingun- 
gen welche sich auf ein gewisses AM beziehen. Wir setzen zuerst 
voraus dass wir vorläufig keine Kenntnisse uber die möglichen 


Verbindungen der A;e AM haben. Dann hat jedes K;e KM gleiche 
Wahrscheinlichkeit W (K;) = Das endliche Schema 


f 1.e. S. 216, Ubungsbeispiel Nr 50. 
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KIRK: ovan 
As sk (S) 
2n 2n 2n 


' beschreibt einen Zustand der Unbestimmtheit.” 


Die Entropie die zu (S) gehört, dient als Mass der Unbestimmt- 
 heit. För die Basis 2 bekommt man 


HE W (K;) log W (K) = DE log 35 0 


| H hat in diesem Falle den grössten Wert. Wenn auf AM die Bé- 
 dingungen einer normalen BM gelegt sind, so werden gewisse 
K;eKM aufgehoben. Da wir vorläufig keine weiteren Bj kennen, 
| setzen wir voraus dass sich die Wahrscheinlichkeiten der nicht- 
”aufgehobenen K"; vergrössern und dass sich diese SEE 


auf diese K"; gleichmässig verteilt. Wenn zur BM der Wert rn 
l 

der LK-Funktion gehört, so gilt W(K”";) = 3 v und die Entro- 

pie H” hat in diesem Falle den Wert 


RM 1 i 
= Zi W(K") log W (K")= > SPP log 20 =log (2"— v) 


Da v> 0, ist auch H" <H. Es gilt also der Satz (C,1): Wenn zu 
AM die Entropie H gehört, so fährt jede in Bezug auf AM nor- 
male BM zur Entropie H"”, fur welche H"”<H gilt. 

(C,2) Es seien BM und SM in der Bezeichung des Satzes (A,5) 
| normale Bedingungsmengen. Ordnet man zu BM und SM die be- 
| zäglichen Werte der Entropie Hzy bzw. Hsy, 50 gilt Hay SHsy 

| Der Beweis folgt leicht aus (C,1) und (B,10). Man kann also dt 
' Verschiedenheit der Bedingungsmengen BM und SM durch die 
 Verschiedenheit der zugehörigen Entropiewerte charakterisieren. 
| Dasselbe gilt wenn BMCBM. Aus dieser Beziehung kann man 
föl Hy SHom schliessen. Der Beweis folgt aus (C,1) und 
(B,7). 


2 Sjehe A. J. Chintschin, Der Begriff der Entropie in der Wahrscheinlich- 
 keitsrechnung, Arbeiten zur Informationstheorie I, DVDW, Berlin 1957, S. 8. 
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(C,3) Die Untersuchung des LS lässt eine schärfere Unterschei- 
dung zwischen den Arten der Mitteilung zu. Im Absatz A. haben 
wir gezeigt, dass ein bestimmtes RM von mehreren verschiede- 
nen BM reproduziert werden kann. Derselbe Tatbestand, welcher 
durch die Menge RM ausgedräckt wird, lässt sich also in ver- 
schiedene sprachliche Gebilde kleiden. Jede von den verschiede- 
nen BM welche zum denselben LS gehören kann man als selbst- 
ständige sprachliche Information deuten. Allen diesen sprach- 
lichen Informationen ist eine einzige Information zugeordnet, d.h. : 
der Wert der LS-Funktion, welchen wir als semantische Infor- 
mation von dem Tatbestande deuten können. Der Wert der LS- 
Funktion ist eindeutig bestimmt und lässt sich als eine einzige- 
Reihe der lexikographisch geordneten Glieder von T2 auffassen. 
Diese Reihe benutzt nur die Zeichen A,, A:s, . . . Ån, 2, 22, - « - An, 
-|-, welche als Buchstaben des Alphabets aufgefasst sein können. 
Die Bedingungen dräcken sich in einer Sprache, welche dazu noch 
Klammern und das Zeichen des Jevonsschen , Identity of mean- 
ing”, d.h. , =” gebraucht. Damit lässt sich auch begränden, dass 
die sprachliche Information, welche reichere Ausdrucksmittel be- 
nutzt, i.A. kleinere Wahrscheinlichkeit als die semantische hat; 
diese Tatsache ist im Einklange mit den allgemeinen Ergebnissen 
der Informationstheorie. 

(C,4) Im Anschluss an die vorangehenden Erwägungen ver- 
suchen wir jetzt die quantitative Seite der Verschiedenheit von 
zwei Bedingungsmengen auszudrucken. Vorläufig sei das Gebiet 
der Untersuchung dutch AMÄAHA,L, A3, - .. Ån, di dp sr sldn VÄGER 
geben. Es seien weiter drei normalen BM, B.M und BM gegeben. 
Jedem BM entspricht ein R:M (i=1, 2, 3). Anstatt KMOR:M 
werden wir einfacher W:M schreiben. W:M ist also die Menge 
der aufgehobenen Elemente von KM, welche mit den Elementen 
von B:M unverträglich sind. Wir setzen weiter voraus dass die 
BM so gewählt sind, dass W.M 2 W.M 2 W.M ... (W) gilt. Aus 
den Elementen von W:M setzt sich die entsprechende Teilalter- 
native T;2(n) zusammen.” Es ist nun ersichtlich dass sich die 


” Die Bezeichnung T;AQ(n) ist hier absichtlich gewählt, da die Anzahl der 
Elemente von AM wichtig ist. Ähnlich verwenden wir später die Bezeichnung 


T,Q(n+p). 
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I logische Verschiedenheit von B:iM und BjM durch solche Glieder 
von T;Q(n) ausdräcken lässt, welche in der Teilalternative 
I T:Q(n)[T;Q(n)]' enthalten sind. T:Q(n)[T;NQ(n)]' enthält näm- 
| lich gerade solche Glieder, die zwar in T;Q(n) aber nicht in 
I T;Q(n) vorkommen. Es gilt jetzt 


I T.2(n) [T.L(n)]'=T.L(n) [T:L(n)]'-|-T:L(n)[T.L(n)] (4) 


Beweis: die rechte Seite von (4,) hat die Form Ab.|-Bc, wenn 


i man die T,2(n), T;:Q(n), T;A(n) der Reihe nach mit A, B, C 
I bezeichnet. Es gilt aber 


i Ab:|-Bc=AbC-|-Abe-|- ABc:|-aBe=AbC-|-Ac-|-aBc ((K) 


Dabei haben wir auch B=AB und C=BC, denn nach (W) 


filtch TP (n)=T,2(n) T:Q(n) und T,A(n)=T.N(n) T.L(n) 
| gelten muss, wie man leicht bestätigt. AbC auf der rechten Seite 
| von (T) ist mit C=BC, aBc mit B=AB unverträglich. Die rechte 


Seite reduziert sich also auf Ac, was der linken Seite von (4) 


t entspricht. Anstatt AM fähren wir jetzt AM (A,, As, ... An, 


FR ERA NS länders skdny Ars tde dato DE Lv CIN LAU ANM ger 


| hört P(n+p) und den B:M entsprechen neue T;2(n+p). Bildet 
man nun T;A(n+p)[T;2(n+p)]' so wird die Anzahl der darin 
 enthaltenen Glieder im Vergleich mit der Anzahl der Glieder von 
- T;Q(n) [TjiQ(n)]' 22-mal grösser. Jedes Ki von T:2(n) [T;Q(n) 1] 
 entwickelt sich in A.M nach dem Law of Duality in 2? neue Glie- 
der. Umgekehrt aber lassen sich solche Glieder in Ki zusammen- 


ziehen. Es gilt also 


T.2(n+p)[T.P(n+p)]'=T.L (Nn) [T.L (Dn) (4:) 


Den logischen Gleichungen (4,) und (4:) ordnen wir zwei 
Funktionalgleichungen (6,) und (6;) nach folgenden Regeln zu: 

(1) der Teilalternative T;2 [T;Q2]' ordnen wir die Funktion 
ö(x,y) zu, wo x die Anzahl der Glieder von T;Q2, y die Anzahl 
der Glieder von T;Q2 bezeichnet. 

(2) Dem logischen Verknäpfungszeichen -|- ordnen wir das 
Zeichen der arithmetischen Addition + zu. 

(3) Dem Zeichen der logischen Gleichheit ordnen wir das Zei- 
chen der arithmetischen Gleichheit dann und nur dann zu, wenn 
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sich die Ausdriicke auf beiden Seiten der betreffenden logischen 
Gleichung auf denselben Ausdruck umformen lassen: 
Damit bekommen wir folgende Funktionalgleichungen 


d(x,z) =$(x,y) + (y,z) (4) 

ö(22x2 NEO RN) (5:) 

Wir werden zeigen, dass log, = die einzige stetige Fuktion ist, 
welche (6d,) und (6) genögt.” | 

(1) å(x,y)=—6(y,x). Beweis: d(x,x) =65(x,y) +åly,x) [0]. 

(2) $(x,x)=0. Beweis: S(x,y) =6d(x,x) +$(x,y) [4]. | 

(3) s(x,y) =5 (3,1) —-d(y,l). Beweis: å (x,y) =d(x,1) Få(1L,y) a 
å(Ly)==8(y,1) [1]. 

(4) å(22x,1) =d(x,1) +p.3(2,1). Beweis: 

o(22x = (22320) NER: 

d(22x,1) =d(x,1) +S(2?,1) [d.]. För jedes ganze positive k 
gille OPEN NERE TNE SPENCE 
+Fd(2511) [0] und (2521) =5021) [0]. Daher S(221)=E 
=p. Å(2,1), woraus (4). ($,) und (6.) wurden zuerst nur fär 
ganze rationale x,y,z,p eingefuhrt. Wir verallgemeinern ihre 
Geltung auch fär negative und gebrochene Exponenten. 

(5) S(272x,1) =d(x,1)—p-d(2,1). Beweis: mit Benutzung von 
d(27Px 1) =5(x,22) [0] hat man d(x,2)=d(x,1) FÅLL22) Död 


dann [1] und weiter wie im Beweise von [4]. 
(6) d(25,1) = - (2,1). Beweis: å(2,1)=S(23,2 +) + S(25-,1) [0] 


S(2,1) = å(25,1) + (277,1) [.], dann wie im Bew. von (4) sodass 
S(2,1) =q. Å(25,1) woraus (6) folgt. 


” Dem Verfasser dieses Aufsatzes ist ausser der geläufigen Funktional- 
gleichung f(x-y)=f(x) +f(y), und der Schröderschen Gleichung g(u)- 
-g(2u)=K noch das Paar der Funktionalgleichungen (1) f(x,z)=f(x,y) + 
+f(y,z), (2) fl(k.x,k-y)=f(x,y) bekannt, welchem die einzige stetige Funk- 


tion log Ez geniägt. Obwohl (5,) und (65,) als Spezialfall der letzteren erschei- 
nen, muss ihre Behandlung anders gefährt werden. Die Beweise sind teilweise 


nur angedeutet; bei einzelnen Schritten ist die Bezeichnung der benutzten 
Gleichung in Klammern hinzugefägt. 
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(7) $(23,1)= 4 2,D-Beweis: A(24,1) = S(23,2"7') +5(2',1)[Å]. 


| å(23,1) = öf( 2å lj 021) [$,] dann wie in Bew. von (4) sodass 
( S(25,1) = S(21,1) woraus mit Räcksicht auf (6) die Behauptung 
i; folgt. 

Hat man jetzt eine unendliche Folge von rationalen Zahlen 
Åre P 
| di da In 
I giert, so kann man mit Benutzung des bekannten Limesprozesses 


, «-. Wwelche zur gewählten reellen Zahl a konver- 


fölim 2 — 213) än —22 die Geltung von (6.) auch fär alle reeilen 


Ho 
Exponenten verallgemeinern. Jedes positive reelle a kann, wie 
t bekannt, als a=2” geschrieben werden. Setzt man in (4) 2? fär 
I 2P, 26 för x, so bekommt man S(27-265,1) =5(25,1) +a-0(2,1) und 
i nach (4), wo 1 för x eingesetzt wird 

I (8) (27.261) =0-0(2,1)--B-3(2,1). 

Ähnlich bekommen wir 

(9) å(27,20)=a-5(2,1)—p-d(2,1). 

| (8) und (9) besagt dass die logarithmische Funktion von der 
14 Basis 2 den Gleichungen (6), (6.) genägt und dass å(x,y)= 


k log: 

(C,5) För die BM, BM aus (C,4) gilt WM 2 WM (W). Es 
I sei v bzw. w die Anzahl der Elemente von W.M bzw. W.M. In- 
I folge (W) muss v=w+h, h>0 gelten. B.M trägt dabei grös- 
| sere ,information” im Jevonsschen Sinne als B.M. Der Ausdruck 


0 fog Th welcher die Verschiedenheit von B.M und B.M angibt, 


ä ist aber nichts anderes als die , valeur morale”.” Die Freude 
I (nach Poincaré ,plaisir”), dass wir im Besitze von w Einheiten 


w+h 


w 


ausgedräckt. Gilt also LK (AM; B.M) =5v so ist die ,,valeur mo- 


I noch weitere h Einheiten gewinnen, wird gerade durch log 


| rale”, dass wir die Bedingungsmenge finden werden, fär welche 


22 Siehe H. Poincaré, Calcul des Probabilités, Paris, Gauthier-Villars 1912, 
BES. 67. 
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+h 
gegeben. 


LK (AM; BM)=5 


BM kann dabei 2 solche Menge gedeutet Seden welche die 
Sebluestolrerner aus den Elementen von BM enthält. Der Aus- 


Th hat uns in die Nähe des Weber-Fechnerschen 


druck log” 


Gesetzes pr welcher in dieser Weise mit dem Mass der 
Jevonsschen Information zusammenhängt. 

(C,6) Es gibt aber auch andere Deutung unseres Ergebnisses. 
Wie in (C,3) angegeben, lässt sich 2(n) als lexikographisch ge- 
ordnete Reihe der Glieder (Kombinationen) auffassen, d.h. die 
Glieder von A2(n) lassen sich mit Nummern der natärlichen - 
Zahlenreihe versehen, welche auf Grund des Entwicklungsgeset- 
zes von 2(n) eindeutig bestimmt sind. Die Nummern der ein- 
zelnen K;e KM denken wir uns a auf einzelnen Karten, 


welche in einer Urne gelegt sind. 33 ” gibt dann die Wahrschein- 


lichkeit p(v) an, dass die ÖR einer bestimmten Kombina- 
tion Kee W.'M erscheint, wenn wir gleichzeitig v Karten ausziehen. 


gibt die entsprechende Wahrscheinlichkeit p(w) fär einen 
Zug von w Karten an. Da SSD so auch log Mee PC 
w plw) w plw) 


Unter den stark einschränkenden Bedingungen bekommen wir in 


log AS Pn den Ausdruck, welchen S. Goldmann fär das Mass der 
semantischen Information eingefuhrt hat.” 

D. Ausblick auf das Problem der Frage. In diesem Absatze be- 
absichtigen wir das Problem der Frage in Zusammenhang mit den 
vorangehenden Untersuchungen zu bringen. Dabei werden wir 
uns weiter auf das relativ sehr einfache Gebiet der Untersuchung 
AM und solche Beziehungen zwischen den A; beschränken, die 
im Jevonsschen Kalköl eingefährt sind. Jede Frage zeichnet sich 
durch eine Gruppe von Tatsachen aus, welche ihr zugrunde lie- 
gen. Diese Tatsachen können im Fragesatze explizite genannt 


S. Goldmann, Information Theory, Constable and Comp., London 1953; 
$ 1,3 und $ 1,7. 
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werden, jedenfalls sind sie auf Grund von anderen Kenntnissen 
als zur Frage gehörig vorausgesetzt. Dann enthält die Frage die 
Ausdräcke för die nicht explizite gegebenen Tatsachen minde- 
stens implizite. In der Regel sind wir dann in der Lage gewisse 
Zusammenhänge zwischen den Tatsachen feststellen zu können. 
Es bleiben jedoch weitere Zusammenhänge die uns z.Z. noch 
nicht bekannt sind und darum eben sprechen wir die Frage aus. 
Es ist nun ohne weiteres klar dass die Beantwortung der Frage” 
im Gebiete der mit den Tatsachen verträglichen Tatsachenbezie- 
hungen liegt. Man könnte sogar versuchen, den Sinn der Frage 
auf solche Weise zu deuten, dass der Sinn der vorgelegten Frage 
sich mit der Menge von Hypothesen deckt, welche die Tatsachen 
binden können und mit den zwischen ihnen schon festgestellten 
Beziehungen verträglich sind. 

Nach dieser allgemeinen Bemerkung kehren wir auf das Ge- 
biet des Jevonsschen Kalkäls zuruck. Es sei also die Menge AM 
und BM vorgelegt. BM enthält die Bedingungen welche die bisher 
bekannten Beziehungen zwischen den A;e AM feststellen. BM 
gibt uns also die erste notwendige Information welche die spä- 
I tere Beantwortung der Frage ermöglicht. Die Beantwortung der 
1 Frage kann in unserem Gebiete der Untersuchung auf folgende 
Weise erklärt werden: BM gibt zwar gewisse Anfangsbedingun- 
gen, es handelt sich aber um deren Begrändung. Diese Begräön- 
dung kann auf der Hand von einer umfassenderen B"M gegeben 
I werden, welche ermöglicht die Bje BM als Schlussfolgerungen der 
| Elemente von B"M zu betrachten. Dieser Bedingung genägen i.A. 
mehrere B"M, die also die Menge der möglichen Hypothesen 
darstellen. Das Jevonssche Mass der LK ermöglicht die verschie- 
denen , Stärken” der gewählten Hypothesen abzuschätzen und 
wir haben gesehen dass dieses Hilfsmittel nicht ohne Einfluss auf 
die Beantwortung der Frage sein kann. Einige von den gewählten 
Hypothesen fallen im Laufe der weiteren Untersuchung weg, da 
sie z.B. mit den experimentellen Tatsachen nicht vereinbar sind. 


22 Das Problem der richtig gestellten Frage, welches seit den Zeiten der 
Bolzanoschen Wissenschaftslehre immer von neuem auftaucht, missen wir 
hier beiseite lassen. 
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Oft aber bleiben mehrere Möglichkeiten bestehen, welche die 
urspränglichen Anfangsbedingungen erklären. 

Es besteht aber auch andere Möglichkeit, die Begrändungs- 
beziehungen zu gewinnen und die ursprängliche Frage zu beant- 
worten. Anstatt des AM kann man ein A”M wählen, för wel- 
ches A"M2AM gilt und welches solche Termini enthält, die mit 
den A;z AM in einigen Beziehungen stehen. Es ist nun möglich, 
dass sich zu A"M weitere B”; finden lassen, sodass man ein neues 
B"M bekommt fär welches 


LK (A"M; B"M) >LK (AM; BM) gilt. 


In B"M finden sich auch die , alten” Bje BM, sodass die Aus- - 
dehnung des urspränglichen Untersuchungsgebietes niemals zur 
Verkleinerung von LK fähren kann (siehe auch (B,4)). Wird die 
neue LK grösser so wird dieser Umstand fär das weitere Suchen 
nach Beantwortung der Frage nicht ohne Belang. 

Mit diesen Bemerkungen schliessen wir unsere Erwägungen ab. 
Wir haben versucht die Jevonsschen Bemerkungen und Betrach- 
tungen darum systematischer zu entwickeln, da es uns scheint, 
dass die Begriffe um welche es sich handelt, einer grossen prak- 
tischen Ausnutzung fähig sind. 


NACHTRAG 


Wir haben gezeigt, dass die Verschiedenheit zweier sinnvollen 
Bedingungsmengen BM, BM, welche sich auf dasselbe Unter- 
suchungsgebiet AM beziehen, zum logarithmischen Mass fährt. Es 
sei, bei festem AM, BM bzw. BM so gewählt, dass för die 
Mengen der aus £2 aufgehobenen Kombinationen W,M bzw. W.M 
die Beziehung W.M 2 WM gilt. Es muss also för die bezäglichen 
Anzahlen der Elemente von W.M und W.M die Gleichung v= 
=Ww+h, h>0 gelten." BM trägt also grössere Information im Je- 
vonsschen Sinne als BM. Die Verschiedenheit von BM und B.M 


SS TA 5 w-+h 
wird im Sinne unseres Resultates durch log, ED gemessen. 
w 


Dieser Ausdruck ist aber nichts anderes als ,,valeur moral” (moral 
value), welche in der Theorie der moralen Hoffnung eingefährt 


1 Siehe Absatz (C,5). 


ÖBER DEN JEVONSSCHEN BEGRIFF DES LOGISCHEN SINNES 45 


' wurde.” Der Ausdruck SA UEA gibt die Wahrscheinlichkeit an, dass 
I 


irgendein K,&LS (AM; BM) aus einer Urne, welche K,$LS 
(AM; BM) enthält, gezogen wird. TR gibt die Wahrschein- 

NR 
 lichkeit an, dass eine gewisse Kombination Kse[LS(AM; B.M)O 
LS(AM; BMJ] aus der Urne, welche K,$LS(AM; BM) ent- 
 hält, gezogen wird.” Der Ausdruck 


w 
EE w-+h 98: 


gibt die moralische Hoffnung för den Fall, dass =p, die 
sa [ök 
 Wahrscheinlichkeit des Zuwachses h angibt, wenn schon die 


; h 
| Summe w gewonnen wurde; FEN gibt die entsprechende 
LR 


Wahrscheinlichkeit, wenn schon die Summe h gewonnen wurde. 
Es gilt aber auch 

EEE | ÖN I AR rn, +) 
Se w--h Ke w--h ' w+h = w-Fh 
und der Ausdruck auf der rechten Seite ist nichts anderes als die 
Entropie (Mass der Unbestimmtheit), welche zum Schema 


P, P, 
SL s 
| Pp 

| gehört, wenn zwei unabhängige Ergebnisse der Versuche P, und 


| P, zu realisieren sind. 
Wir setzen jetzt voraus, dass wir eine Anzahl der hi, i=1, 2, 


... f haben, för welche a gilt. Dann können wir die 
w-th; 


? Der Vorschlag stammt von D. Bernouilii. Siehe auch H. Poincaré, Calcul 


des Probabilités, Gauthier-Villars, Paris 1912, S. 67-68: ,Le plaisir, quand on 
; + 
 posséde une fortune x, de gagner une somme h, sera mesuré par log = 


On a remplacé (fär die Lösung des berähmten Peterburgschen Problems 


—- O.Z. -) l'espérance mathématique par l'espérance morale. pj, étant la pos- 


RG SR x+h 
sibilité de réaliser un gain h, l'espérance morale sera 2 pj, log FA SÖ 


> För K,, sowie för K,, K, gilt selbstverständlich K,, K,, K,e KM. 
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einzelnen als Wahrscheinlichkeiten pi; auffassen. Jedes pi 


w 
w4h; 
gibt die Wahrscheinlichkeit an, dass eine bestimmte Kombina- 
tion K,£LS (AM; B.M) unter den Kombinationen Kr, för welche 
Ka $LS (AM; BM) gilt, erscheint. Das Ereignis, dass K, erscheint, 
können wir mit A, bezeichnen. Die ,,espérance morale” ist in un- 


serem Falle 
w-h; Ww 
E = i | PE i SS ake E —— 
>Pi log za Es gilt aber auch E=-> pi log FR 
womit gezeigt ist, dass die ,espérance morale” als Mass fär die 
Unbestimmtheit des endlichen Schemas | 
AA, ake a Af 4 
AM S 
Pipa. DE 


dienen kann. Damit ist gezeigt, dass E als Entropie gedeutet wer- 
den kann. 


DISCUSSION 


Condensation versus Simplification. By Nelson Goodman. 
(Univ. of Pennsylvania.) 


Professor Quine writes in his new book” (page 232): 


Yet it is possible in general to subject general terms to a striking formal 
condensation. If the assumed universe of objects includes at least a modest 
fund of classes — actually none of more than two members are required for 


the purpose — then it can be shown that any vocabulary (finite or infinite) 


of general terms (absolute or relative) is reducible by paraphrase to a single 

dyadic term.; E 

and he refers us in a footnote to his "Reduction to a Dyadic Predicate”.” 
This remark seems to me likely to mislead the reader and perpetuate 

a widespread misunderstanding. Many people have supposed that my 

method of measuring the simplicity of a set of extralogical predicates” 


is undermined by such results as the reduction Quine cites here. If any 


| set of predicates can be replaced by a single two-place predicate, does 
| this not show that no set of predicates is more complex than a single 
two-place predicate? The objection has been answered with finality by 
Svenonius, who has proved" that it is not in general possible even to 


replace an n-place predicate of individuals by any set of predicates (of 


| individuals) having fewer than n places each. From Quine's remark 
above, however, the reader may conclude that my calculus of simpli- 
city has been saved by a mere technicality; that it breaks down if we 
| accept a very parsimonious existential postulate. I should like to show, 
in one more effort to correct a persistent mistake, that such a conclu- 
| sion is totally unfounded. 


In the first place, the classses required for Quine's reduction are 
modest neither in number nor in composition. We must assume that 


2 Word and Object, New York, 1960. 

2 Journal of Symbolic Logic, vol. 19 (1954), pp. 180-182. 

3 See "Recent Developments in the Theory of Simplicity”, Philosophy and 
Phenomenological Research, vol. 19 (1959), pp. 429-446, and the earlier pub- 


 lications referred to therein. 


< "Definability and Simplicity”, Journal of Symbolic Logic, vol. 20 (1955), 
See my summary of the point on pp. 441-443 of the article cited in footnote 


13 above. 
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every class of not more than two elements is itself an element in the 
universe of our system. Thus if our individuals are physical objects, our 
universe must contain not only all classes of not more than two such 
objects, but also all classes of not more than two such classes of objects, 
and so on ad infinitum. And since no type-restrictions are imposed, all 
mixed-level classes of not more than two numbers will be admitted as 
well. If, then, the number of individuals is finite, the number of classes 
will be infinite; and if the number of individuals is infinite, the number 
of classes will be a higher order of infinity. Indeed, the number of 
classes required is equal to the number of all conceivable classes (just 
as the number of even integers is equal to the number of all integers). 
Modest” is hardly the word for it. Furthermore, although no class will 
have more than two members, some will embrace (as members of... 
members) all individuals and many classes. Among the infinitely nu- 
merous classses required, many are of awesome complexity. 

In the second place, suppose the requisite assumption to be granted, 
so that Quine's method of reduction can be used. Does my calculus of 
simplicity then fail to work? Not at all. For if the predicates of the set 
replaced are predicates of individuals, the replacing two-place predi- 
cate will take classes as arguments; and whatever may be the level of 
the arguments of the replaced predicates, the arguments of the replacing 
predicate will belong to a higher level in the platonic hierarchy of 
classes. This in no way conflicts with my result that a two-place pre- 
dicate of individuals is in general simpler than a three-place predicate 
or any set of more than one many-place predicates of individuals. More- 
over, according to my calculus, any predicate of classes has a higher 
complexity-value than any set of predicates of individuals; and a pre- 
dicate with arguments of any level has a higher value than any set of 
predicates with lower-level arguments.” Thus, Quine's "reduction con- 
sists in replacing what is less complex by what is more complex. 

In sum, it seems to me that the second sentence of the passage quoted 
above should be revised to read: 

If the assumed universe of objects includes a vast fund of classes —- indeed, 
every class of not more than two objects must itself be considered an object 
- then it can be shown that any vocabulary of general terms is exchangeable 
for a single dyadic relative term, which will, however, be much more complex 
than the vocabulary replaced. 

But then the "striking formal condensation” effects no genuine gain 
in simplicity. 

> See my book The Structure of Appearance, Cambridge, Mass., 1951, pp. 
75-85, especially pp. 83-85. 


Sense Experience and Physical Objects 
by 


E. E. DAWSON 
(St. John's College, Cambridge) 


I 


This paper is based upon the assumption that we use and un- 
derstand both sentences referring to material things and sentences 
relating to sensory experiences, and that it is not necessary, or 
even possible, to effect the translation of the one sort of sentence 
into the other recommended by phenomenalists. However, while 
it may be the case that each of these types of statement requires 
a quite different sort of analysis, it does seem possible to defend 
the opinion that various logical relations may be set up between 
physical object statements and sense experience statements. This 
| view has been expressed and developed before, perhaps princip- 
i ally by Professor Ayer; and I wish, in what follows, to carry out 
a further portion of the task, by means of symbolic procedures. 

I take it that part, at least, of what Berkeley meant by 'to be is 
to be perceived” is that physical objects could not exist unper- 
ceived, which may be represented by the formula ”M(o&-”s), 
where "'o” indicates a statement asserting the existence of a phy- 
sical object and 's” stands for a statement about some sense ex- 
perience. And since it is impossible for a perception to exist with- 
out there being a perceiver, we obtain M(s&- (Ex)S(x)) 
(where 's” and '$” are related as the passive and active voices of 
the verb); and hence M(o&- (Ex)S(x)) which may also be 
stated L(o—>(Ex)S(x)). In these expressions, the individual va- 
riable 'x” would normally be expected to have as its range of va- 
lues only people, but of course Berkeley's first proof for the exi- 
stence of God was designed to show that, in addition to people, 


2 Especially A. J. Ayer, The Problem of Knowledge (London: Macmillan 
and Co., 1956), pp. 131-148. 
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God could and indeed must be counted as a perceiver. However, 
if God is not counted as a perceiver, and no one is having a sense 
perception of some physical object or other, it follows that the 
object in question does not exist. There are, on the other hand, 
several well known grounds for rejecting Berkeley's thesis 
M(o&s), and accepting instead M(o&s): we often wish 
to insist that part of what we mean by a physical object is that 
it can continue to exist unperceived. But in rejecting Berkeley's 
position we are obliged to say what it means to suggest that there 
is a physical object which is not perceived. (I here distinguish 
between the possibility of a physical object existing unperceived 
and a possible physical object existing unperceived, i.e. between 
M(o&-s) and Mo&s.) The analyses of this problem often in- 
volve the introduction of hypothetical conditionals, and these have 
not proven very manageable. An approach which suggests itself 
as rather more promising is an analysis using what might be 
called a generalized tense-logic, in which one considers "circum- 
stances” in general, with time as a special case. But the special 
problem here is the question of what is going to count as an 
existence statement concerning physical objects; we have rejected 
Berkeley's criterion, but have obtained by so doing only a possi- 
bility statement, M(o& s); we require something stronger. 

Suppose we assert the existence of some physical object which 
no one at all is perceiving: o&” (Ex)S(x); and from this we get 
o& Vs, there exists a physical object which is unperceived”. But 
the trouble with statements like o& — (Ex)S(x) and o& s is that 
there immediately arises the question of how we know of the 
existence of such physical objects: on what grounds do we assert 
that such statements are true. There is something definitely pe- 
culiar about the following well-known passage from Gray's 
Elegy”: 

Full many a gem of purest ray serene, 
The dark unfathom'd caves of ocean bear: 


Full many a flower is born to blush unseen, 
And waste its sweetness on the desert air. 


” Perhaps building upon A. N. Prior, Time and Modality (Oxford: The 
Clarendon Press, 1957). 
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That is, what kind of flowers ” are these? They are not hypo- 
thetical or possible flowers (Mo); they are actual flowers (005 
But if they are actual flowers, and are not, in fact, perceived, what 
can be said of them? In particular, on what grounds can it be said 
that they exist? The suggestion put forward by J. S. Mill, that 
Physical objects are to be considered as, or are equivalent to, 
"permanent possibilities of sensation”, apparently commits one to 
saying that an actual object is a possibility of sense-experience; 
and I don't think that one can say this without doing considerable 
violence to the words "actual” and possible”. Objections to Mills 
criterion have often been noted, on various grounds; among other 
points, part of what we mean by "actual” and "possible" is that 
they are contrasting, rather than similar, words: we often wish to 
= say that something is possible but not actual, although some people 
use "possible in such a way as to falsify this statement. But in 
spite of the usual contrast in these words, I do think we can at 
least say that it is impossible for something to be actual without 
at the same time being possible; the basic modal law p>Mp re- 
flects part of this. If we apply these considerations to the question 
of unperceived physical objects, we obtain the expression o—Ms, 
which says that whenever we make a true statement asserting 
the existence of a physical object we should also be able to make 
a true statement concerning some possible sense-experience; or, 
in other words, a possible sense experience relating to a physical 
object is a necessary condition for the object to exist. If instead 
of "Full many a flower is born to blush unseen', which strikes us 
as strange, Gray had written Full many a flower is born to blush 
unseeable”, I think we should feel that, in whatever other sense 
the word flower” was being used, it was certainly not being used 
in the sense of a physical object. We might even feel such usage 
to be impossible: i.e. ”M(o& Ms); and, in fact, if "physical ob- 
ject has the sense I suppose it to have, it never could be the case 
that we meaningfully speak of an unperceivable physical object. 
That is, an unperceivable physical object is not a queer sort of ob- 
ject — it is just not a physical object at all. 

3 Even logicians read poetry qua poetry; I apologize for totally ignoring 
Gray's metaphor. 
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However, in connexion with this point, I should like to examine 
Prior's " discussion of an argument of Diodorus, in which it is 
shown that "if x neither is or will be w-ing, it is not possible for x 
to p”. I think it can be shown that this criterion, in one particular 
specific form, is incompatible with the criterion outlined above, 
and thus some sort of modification is required. Prior supposes, 
ag one of the opponents of Diodorus did, that there is a shell at 
the bottom of some shallow water which neither is nor ever will 
be seen”, and then enquires "if we can consistently suppose that ' 
it nevertheless can be seen”. And the conclusion is that ”if it is. 
definitely false that the shell either is or will be seen, then it is 
false that the possibility of being seen is now open to it”. But 
from: 


1) if there exists a shell at the bottom of some shallow water, 
and it is false that the shell either is or will be seen, then it : 
is not possible that the shell be seen; 

2) it is false that the shell either is or will be seen; 

together with: 

3) it is necessary that if the shell exists it is at least possible 

to see it; 
it follows that: 
4) the shell does not exist. 


From this conclusion one might suppose that the reason why it 
is not possible to see the shell is that it does not exist, but this is 
not what Prior intended. That is, if I have represented the issue 
correctly, Prior does not object to speaking of shells which it is 
impossible to see, while I find this a most peculiar way of speak- 
ing. And I don't see any very easy way out of this difficulty; if 
we really mean to insist that the shell does exist, then the pre- 
mises of the above argument must be modified. But Prior finds his 
position "not really unreasonable” and I cannot see how to al- 
together abandon ””M(0o& Ms). In the face of this I think a so- 
lution must be found in the abandonment of the passive voice of | 
the verb; if we shift the emphasis from the 'seeability” of the shell | 
to the ability of someone to see it, we can reach a rapprochement. | 


ERPrior; (OparGiLED. SVE 
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The necessary criterion for a physical object existence state- 
ment suggested above, ””-M(o& MS), is, in any usual modal lo- 
gic, equivalent to L(o—Ms). And if we accept the connexion be- 
- tween the passive and active voices of the verb 'to sense (to see, 
to perceive, etc.) laid down earlier, i.e. 


SMET (ESC OREG6 EDSE)) 


we can weaken our criterion to L(o—M(Ex)S(x)). That is, the 
necessary criterion for the existence of an object is that it must 
be possible for someone to see it. Now, is this equivalent to say- 
ing that there is someone who can possibly see it? The formula 
which decides this is the "Barcan formula”, 


M(Ex) 7 (x)> (Ex) Me(x), 


and Prior has given some good grounds for rejecting this formula 
as a logical law.” For it may very well be the case e.g. that it is 
possible for someone to have a sense experience without it also 
being the case that there is someone who will possibly have the 
experience. As an example, let us consider the centre of the 
earth, or, less extremely, a rock a few hundred miles down. It is, 
perhaps, unlikely that there is someone for whom the seeing of 
such a rock is a possible experience; but, on the other hand, if 
there is such a rock, then it must be possible for someone to have 
the experience of seeing it, for otherwise it is not perceivable at ' 
all, and thus is not a physical object, in any ordinary sense. What 
we are saying, then, is that if there is no-one seeing the rock, it 
may still be possible to see it, and even if there is no one who can 
possibly see the rock, it may still be possible to see it; but if it is 
not possible for someone to see it, then it is not possible that it 
be seen, since it does not exist. That is, the formulae we are ad- 
vocating are: 


M(— (Ex)S (x) &Ms; M(— (Ex)MS (x) &Ms) 
and 
ÄM(M(Ex)S(x)&Ms); 
and from them: 


5 See ibid. p. 29 ff. 
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M(0o& > (Ex)S(x)), M(o&— (Ex)MS(z<)), 
but 


AM(0o& M(Ex)S(x)), i.e. L(o>M(Ex)S(x)). 
If these considerations are correct, our criterion 
L(o—M(Ez)S(x)) 


will be compatible with Prior's argument if his premise is changed 
to read "if there is a shell at the bottom of some shallow water, 
and it is false that there is someone who is seeing or will see the 
shell, then it is not the case that someone can possibly see the 
shell, i.e. no one can possibly see the shell.” For this premise, to- 
gether with 'it is false that there is someone who is seeing or will 
see the shell', our criterion L(o—M(Ex)S(x)), and the assertion 
that the shell does, in fact, exist — these together imply the falsity 
of the Barcan formula, and we have already agreed to reject this. 
What we have done, then, is to distinguish between an object be- 
ing possibily perceivable, someone possibly perceiving it, and the 
possibility of someone perceiving it, and have concluded that a 
statement of existence of a physical object necessarily implies at 
least that it is possible for someone to perceive it. 


II 


In the foregoing, several possible alternative necessary condi- 
tions for the assertion of the existence of a physical object have 
been considered, and we may now perhaps address ourselves to 
the further question of whether or not we can specify any suffi- 
cient conditions for making such statements: we require some 
sort of an 's' expression which implies on 'o” expression. We 
might consider the converse of Berkeley's criterion, but this, if 
anything, is even less defensible: the appropriate expression is 
L(s>0), or ”M(s&o). The only way to accept this formula 
is to suppose that statements referring to our sense experiences 
necessarily always tell us something about the existence of phy- 
sical objects; and to do this is to obliterate all distinction between 
what is usually referred to by the words "appearance" and 're- 
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ality'. Or, to phrase it another way, we should always be obliged 
to pass from an expression of 'it seems as if ... to 'itis .... 
But here, as with possible” and "actual', part, at least, of the point 


| of "it seems as if...” is to be able to deny 'it is ...; and one way 


of asking whether or not one can specify a sufficient condition, in 


terms of sense-experience statements, for asserting the existence 


of a physical object is to enquire if one can ever specify an 'it 
seems as if ... statement which guarantees the inference to an 
assertion of physical object existence. 

Warnock ” argues that not only does "it seems to me and to 
everyone as if ... not imply there is ..-.', but even the expres- 
sion it seems to me and to everyone, and it would seem to any- 
one as if...” fails to imply there is .... Now I think we can re- 
adily admit that it is quite possible that it seems to me (i.e. some- 
one) as if . ..” fails to imply there exists .. -.', i.e., 


M7 ((Ex)S(x)>o); 


but there are various difficulties in the way of a similar dismissal 
of "it seems to everyone as if ... and it would seem to anyone as 
if... For, considering the former expression, if we admit 


MEC(RISEI=5), 


we are saying, in effect, that it is possible for everyone to be mis- 
taken; and if we say this I think we are also obliged to specify 
what is going to count as evidence that everyone is mistaken: for 
there is no force left in the word mistaken” if nothing counts as 
being correct. It is usually held that the only grounds upon which 
it can be asserted that some experience or other is mistaken is 
some further experience, and if this is so, Warnock's use of the 
word "would? is very disturbing. For it tends to suggest that it is 
not possible for anyone to have an experience which would count 
against the experience in question, or, in other words, it is, in 
some sense, necessary for people to have the experiences they in 
fact have. And if this is so, it is very difficult to see what would 


& These expressions are used in the sense of G. J. Warnock, Berkeley (Lon- 
don: Penguin Books, 1953), p. 180 f. 
7 Ibid. p. 181 (my italics). 
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count against the assertion that the object that the experience re- 
lates to does exist. 
We may, in connexion with this, distinguish between 


LE)SCIE Sand CEST Sö 


since, if the Barcan formula is rejected, these are not logically 
equivalent. We could, therefore, hold both 


L(L(x)S(x)>0) and M((x)LS(x)& 0), 


since if, again, L is interpreted tense-logically, we might con- 
sistently say that although present people will always have the 
experiences they are now having, some future person might have 
an experience which showed that they were all mistaken in sup- 
posing that their experiences implied the existence of some phy- 
sical object. 

But even with this distinction there is something definitely un- 
satisfactory about both L(x)S(x) and (x)LS(x) as sufficient cri- 
teria for physical object existence; and the difficulty is to specify 
how we can know that such expressions are true. Of course, it 
is worth something to know that, e.g., L(L(x)S(x)>0o), since if 
the object doesn't exist we are guaranteed that it is at least poss- 
ible for someone to suspect this fact. But all the same, the cri- 
terion for existence is too strong to be established, which renders 
it useless. And this is the crux of the problem: is it possible at all 
to specify a criterion that is at once sufficient to guarantee the in- 
ference and capable of being verified. 

I think the best we can do in this matter is specify some (finite) 
number of conditions, c,, c, ... cn, Which are held to be relevant 
to the establishment of the existence of a physical object, and 
then to say that if everyone under these conditions has a certain 
experience, or set of experiences, then the object in question re- 
ally does exist. We would get the expression L((x)(c)S(xc)—>o) 
which at least has the merit of containing a (potentially) verifi- 
able premise. In fact, an example which may serve to illustrate 
these matters is that of the question of the existense of the aether 
There are, of course, a very large number of complicating factors, 
but in essentials (and neglecting the possibility that the aether 
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moves along with the earth, which is to be rejected on other 
grounds) the truth of the statement 'the aether exists” may be 
considered as being dependent upon perceivers having, under the 
conditions of the e.g. Michelson, Michelson-Morley, or Lodge ex- 
periments, the particular sense-experience of observing a shift in 
the interference fringes produced by re-joining two light beams 
which have been made to travel in different directions relative to 
motion through the supposed aether. That is, the values of 'x', in 
our expression, are the appropriate scientists, and for "c,', the cir- 
cumstances of the experiments, which are specifiable, and under 
these determinate conditions the above observation would be suf- 
ficient to imply the existence of the aether. It may be noted also 
that the failure to have the required perception implies the non- 
existence of the aether only if it is assumed that the experiments 
which were in fact carried out exhaust the possibilities. But 
whether in this case, or in general, we agree that there are no 
further possibilities, and also whether we are able, in any given 
instance, to specify, and then accept as definitive, the requisite 
conditions, remain open questions. 


Two Views about the Function of 
Models in Empirical Theories 


by 


ERIK GÖTLIND 
(University of Uppsala) 


In the following a view about the function of models in empirical 
theories developed by Hutten" (section II), and one developed 
by Braithwaite” (section III), will be considered. First, however, 
(section I) some general remarks will be given about correlation 
rules and a possibility to let ”model” stand for some rules or de- 
vices guiding the empirical interpretation of a theory. 

Some words may be said about some uses of the word ”model” 
in order to make clear what its use in this paper is not. 

(1) For instance, a theory can be interpreted with the help of 
another, better known, theory. Roughly speaking, the interpreta- 
tion means that we regard certain facts which the new theory is 
supposed to describe as similar to certain facts which the well- 
known theory describes and that the set of correlation rules in 
the two theories are assumed to be more or less analogous. If the 
interpretation of a theory for electromagnetic phenomena involves 
some gravitational theory, then the gravitational theory may be 
called a model. This sort of model is on the same level as the 
original theory. It is not thought of as something which the theory 
is ”about” in some sense. 

(2) In some empirical sciences, as e.g. sociology and econo- 
metrics, there is talked about mathematical models. These models 
are more or less mathematized descriptions of processes within 
some field of phenomena. Many factors determining the exact 


" Ernest H. Hutten, The Language of Modern Physics. An Introduction 
to the Philosophy of Science. 1956. 


> R. B. Braithwaite, Scientific Explanation. 1955. 
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shape of the processes are disregarded, only the most important 
factors are considered: in this idealized system some of the im- 
portant relations become supervisable and easier to study, and 
predictions with a modest degree of precision will be possible to 
make about processes within the field in question. In this case the 
theories themselves are called models. 

(3) Within mathematical logic one formal system may be 
called a model of another formal system, e.g. a calculus of another 
calculus if certain structural identities hold between the formal 
systems. 

(4) Another type of model we have when a computing 
machine is said to constitute a model of the brain or of the 
electrical processes in the brain. What happens in the brain is 
interpreted in accordance with what happens in a computing 
machine. The idea of a structural similarity between the two 
helps us to formulate a theory about how certain processes take 
place in the brain; we are helped in ordering what we already 
have and in looking for new data. Here it is not a case of inter- 
preting an already existing theory. We do not interpret only 
theories. We also interpret processes. In the last example the 
model is an interpretation of processes rather than an interpreta- 
tion of a theory. 

None of the types of models (1) - (4) will be considered in 

the following. 
I. Different theories over a given field of phenomena can be quite 
differently constructed, and still be in some sense equally effec- 
tive, give rise to similar predictions, and correlate phenomena 
within the same field. 

Let us call everything contained in the theory which helps us 
correlate the values of the variables with empirical data the ”cor- 
relation rules” of the theory. We do not use the term ”interpreta- 
tion rules” since it seems that there are interpretations of theories 
where none of the values of the variables are correlated with 
empirical events (nonempirical interpretations). 

There is a certain connection between correlation rules and 
quantitative relations. A theory over phenomena in a certain field 
may contain a very large set of quantitative relations, but at the 
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same time have a very simple set of correlation rules. In an 
extreme case every relation between phenomena would be given 
a quantitative description of its own, and what the variables refer 
to in any particular description could be stated in simple rules. 
The quantitative relations would have a low degree of generality 
and the correlation rules would be easy to handle. At the op- 
posite extreme we have a theory where the quantitative relations 
have a very high degree of generality; the mathematical ap- 
paratus contains a few equations describing the fundamental re- 
lations; few symbols are needed. However, in this case, the cor- 
relation rules become involved; through different levels of ab- 
straction there are complicated paths from the particular values 
of the variables to the empirical phenomena which the theory is 
supposed to describe. 

In the latter case, where the mathematical apparatus is eco- 
nomical and compressed and the correlation rules complicated, 
we can use intermediary links when making correlations. Such 
intermediary links are here called ”models”. 

There is also another way in which models may be used in the 
process of correlating (described under (1) above), but let us 
first consider models as intermediary links. 

The phenomena which a theory is supposed to describe almost 
always have a number of properties which are without relevance 
to the theory. Either the relations which the theory purports to 
describe are independent of these properties or else the relations 
relevant to the theory vary so little with these properties that the 
theory would be a good approximation even though it did not 
take them into account. So it is possible in a theory to work with 
a simplification of reality with supposed phenomena having pro- 
perties which actual phenomena never have. For instance, in 
Newton's theory of gravitation the spatial extensions of bodies 
in a gravitational relation to each other were without interest. It 
was then natural to assume that the objects of the theory lacked 
extension and had all their mass concentrated in one single point. 
And so we got the mass point as a part of the model with which 
the theory works. In Newton's theory it is mass points that move 
in relation to each other. The equations which make up the 
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quantitative relations of the theory concern movements of mass 
points. 

In order to correlate the values of the variables in the equa- 
tions with particular empirical data, there are two steps which 
must be taken. The first step is to determine where it is con- 
venient to locate the mass point in the body. We make a cor- 
relation between an empirical location and a mass point. Then 
we estimate the movements made by this mass point and the 
position of the point in relation to the other locations to which 
mass points are also correlated. The second step is to substitute 
the values obtained in this way in the appropriate equations ac- 
cording to the substitution rules of the theory. The mass point is 
used thus as an intermediary link in the process of correlating. 

Models which occur as intermediary links in the correlating 
process are not always of the type just described where certain 
relations are idealized. Bohr's atomic model (1913) works with 
small particles, electrons, which have definite spatial extensions 
and which move in definite paths around other bigger particles 
which make up the center or the nucleus of the atom. Dis- 
regarding the problem how an electron is to be understood at the 
moment when it makes a jump from one energy level to another 
(whether or not it described a path in the jump), this atomic 
model contains no spatial idealizations. In this case it is possible 
to regard the model as a hypothesis about how certain phenomena 
in the world look. Using this hypothesis it was possible to order 
a great number of data about atomic phenomena and to make 
predictions about such phenomena; and the model served as an 
intermediary link when substituting values obtained in measure- 
ments in the equations which describe the status of the atom. 

This is true only of Bohr's first atomic model. As quantum 
mechanics developed, the model of the atom became more and 
more abstract. The electrons no longer were thought to have 
definite positions; it became possible only in some transferred 
meaning to speak of ”paths” described by the electrons. And 
finally the kind of existence the electron has when it is bound 
at a certain energy level became a doubtful kind of existence. 
Manifesting itself only at jumps between different energy levels, 
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the state of the electron when it did not jump was unreachable. 
It turned out that the simplest thing to do was to describe a 
given atom by means of matrices, a set of numbers ordered in a 
certain way, which did not give rise to any spatial imagery at all. 

Both Newton's and Bohr's models can easily be understood in 
a visual manner. Both however as they are actually presented 
are of a non-visual nature. It is models of the models that are 
visual. In Newton's model we have mass points which lack spatial 
extension and paths which lack breadth. There is nothing cor- 
responding to the points and the paths in our familiar perceptual 
space. But there are excellent models of them of a visual nature 
where what are regarded as points and paths have spatial ex- 
tensions and breadth. Some peculiarities of the original model 
cannot be represented in the visual model, for instance, the pro- 
perty that between every pair of points in the formal model there 
are an infinite number of points along an infinite number of 
paths. But this does not to any considerable degree diminish the 
usefulness of the visual model. 

As for Bohr's model, we are concerned with such small spatial 
relations that the problem arises of how to understand them with 
reference to our familiar spatial relations. The electron and the 
particles of the nucleus have spatial extensions according to the 
model, but no one can directly experience such small spatial 
magnitudes in his ordinary perceptual space. It could be said 
that the visual model which is made of the original model is ob- 
tained by ”magnifying” the latter. 

But the situation is not so simple; it is not possible without a 
thorough discussion to map the relations which hold in the space 
of atomic entities to relations in our perceptual space. It is not 
analogous to magnifying a given spatial figure within our per- 
ceptual space to another figure also in the same space. But a 
model which at least expresses some part of the essential charac- 
teristics of the original atomic model can be given in our normal 
perceptual space. The model of the model represents a partial 
and very special interpretation. 

II. Having given a (very) preliminary description of one kind 
of model and its function in a theory, we shall now discuss two 


MODELS IN EMPIRICAL THEORIES 63 


more precise theories about the function of models. These theories 
represent also two different views about what ”model” shall refer 
to. The first is that one developed by Ernest Hutten in The 
Language of Modern Physics. 

According to Hutten we must distinguish between two dif- 
ferent functions which a model has: one logical and the other 
psychological. The psychological function, which is also called 
the pragmatic function, lies in the fact that the model helps us 
understand how the world is constructed by giving us an in- 
telligible analogy. A model is always something which is simpler 
or more familiar than the thing, process or situation of which it 
is a model; what is simpler and more familiar helps us under- 
stand the nature of that which the original theory is about. 

The psychological function of a model is, in Hutten's presenta- 
tion, of secondary importance; the main function of a model is 
a logical function. A model, according to Hutten, would be a 
system of expressions that could help us determine the syntactical 
rules which hold for the special terms of a theory.” For the in- 
dividual terms of a theory, single expressions, expressions which 
function as a sort of metaphor would be sufficient,” but to deter- 
mine the syntactical rules for the vocabulary of a whole theory, 
a whole system of metaphors would be needed. 

Such a system is a model. Thus a model gives ”the formal rules 
of the game” for the terms of a theory. 

A model may contain different types of elements. Hutten men- 
tions pictures, diagrams, verbal descriptions and mathematical 
formulas. All these can be used in determining the use of the 
terms and the relations between terms. The geometrical relations 
which hold in a picture which we draw, say, of a collision bet- 
ween two particles, the lines which we draw to represent forces, 
the angles we make between the lines which represent directions 
etc., enable us to use vector calculus to describe the situation and 
solve problems of predictions according to the theory.” The point 
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is that the model gives us rules of the game for terms like force” 
and that an equation can be set up once these rules have been 
given in the model or demonstrated to us by the help of the 
model. 

For the interpretation to be complete it is not sufficient to 
set up only syntactical rules for the terms of a theory. We must 
also have semantical rules, rules which say what the terms refer 
to. Some of these rules are given in part by the form of equations 
in the mathematical description of the facts over which the 
theory is effective. Earlier use of equations, or situations in which 
the equations were originally used, suggest possible interpreta- 
tions; and thus are suggested some of the semantical rules which 
hold for the terms in the theory.” The semantical rules are often 
unclear in an early stage of a theory and become more precise 
only gradually. The model helps us to understand better the 
semantical rules and to make the references of the terms more 
clear. This according to Hutten. 

It is possible to make some objections to this concept of a 
model's function in a theory. It seems difficult to accept the idea 
that the model should give us syntactical rules for the key terms. 
The equations which the theory contains give in an implicit form 
and the nominal definitions in an explicit form all the rules for 
how the terms which occur there can be connected with each 
other and in which contexts they can occur. That the formulation 
of these equations and of other formal relations has been in- 
fluenced by ideas which have arisen when considering some kind 
of model of the processes is another thing. When the formal 
language of a theory is once determined it gives us the rules 
which are needed to deduce new theorems and to find connec- 
tions, not seen before, between the terms in the language. 

It is something else, again, that a model helps us to tie to- 
gether an empirical fact and the theory, to find the description 
of the fact given by the theory. In this case, the theory and the 
model are given and the model functions in the way described 
before, i.e. as an intermediary link in correlating the values of 
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the variables in the formal language with the measurement values 
characterizing a given empirical situation. It is difficult to see that 
any syntactical rules could be determined in such a situation. 

When a model is given, of the kind described by Hutten, the 
formal relations between terms which can be read off from it 
must not conflict with those already determined by the formal 
language of the theory — if the model is to be adequate. The 
formal relations holding between some terms in the model may 
not be among those determined by the formal language of the 
theory, even if there is no conflict. It would be dangerous to think 
of such relations as automatically essential for the terms as they 
occur within the theory. Mistakes about the scope of the theory 
may arise. These arguments are enough, it seems, to show that 
Hutten's concept of model does not function quite well. 

III. The dangers of not clearly keeping apart what might be 
called the properties of the model and those of the theory are 
described at length by R. B. Braithwaite in Scientific Explana- 
tion. Unlike Hutten Braithwaite sets up an actual definition of 
model”, which at the same time is claimed to be a codification 
of the essential characteristics of what is commonly called a 
model. In this definition he uses a number of terms, about whose 
meaning something must be said. These words are ”calculus”, 
”deductive system”, ”interpretation”, and ”epistemologically prior 
tor. 

By ”calculus” is meant the system of formal relations holding 
between the signs of a theory, and the formal rules by means of 
which we can obtain new relations without reference to the 
meanings of the signs. The calculus has nothing to do with inter- 
pretation. When we interpret a calculus, i.e. when we give some 
of the signs of the calculus a meaning, we get a deductive system. 
The deductive system unlike the calculus is ”about” something. 
A given calculus can be interpreted in different ways. Deductive 
systems which are about different fields of phenomena can be 
interpretations of the same calculus. 

The meaning of the sentences of a calculus may be distributed 


> Braithwaite, pp. 93-96. 
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in different ways in two different deductive systems which are 
interpretations of this calculus. To describe the distribution 
Braithwaite introduces the term ”epistemologically prior to”. If in 
a theory the meanings of the general sentences which contain the 
theoretical terms are first fixed and the meanings of the deduced 
sentences at lower levels of generality are determined by the 
meanings of the original general sentences, then the general 
sentences in this theory are epistemologically prior to the deduced 
sentences. A theory where this holds we may call ”epistemologic- 
ally early”. If, on the other hand, the meaning of the general 
sentences which contain the general terms is determined by the 
meaning of the deduced sentences at a lower level of generality, 
then the general sentences are epistemologically posterior to the 
less general sentences. If this is the case we call the theory 
”epistemologically late”. 

Let us now consider Braithwaite's definition of model. If two 
deductive systems, A and B, are interpretations of the same cal- 
culus, and A is epistemologically early and B is epistemologically 
late, then the relation of A to B is that of model to theory. 

A model is a deductive system in the same way as a theory is 
so. A model consists of sentences standing in one-to-one correla- 
tion with sentences in the theory of which it is a model. Sentences 
which are logical consequences of other sentences in the theory 
are correlated to sentences in the model which are logical con- 
sequences of the correlates of these other sentences. The converse 
also holds.” 

The core of this definition of model is that the logical structure 
of the theory and its model is the same and that the model is 
easier to "read off” than the theory. What the model is about is 
given in a simpler way; knowing what the model is about we can 
make ourselves familiar with the relations which hold between 
different sentences in the model. Since the structure is the same 
in the theory as in the model we can transfer to the theory our 
familiarity with the model. A model, says Braithwaite, gives us 
some insight into the structure of a scientific deductive system.” 
—» Op. cit. p. 90. 
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There are almost no similarities between this view of model 
and Hutten's. Here it is not relations between terms which are 
made intelligible, as Hutten claims, but relations between 
sentences. The terms may be related in different ways in a theory 
and in its model, but there is a structural similarity between the 
way in which the sentences are related in the theory and in the 
model. This concept of model is related to the one of type (3). 
For both types of models at least part of the logical structure is 
identical with the logical structure of that of which they are 
models. But in contrast to what is the case in (3) a model of 
Braithwaite's type is about empirical phenomena, and the same 
holds for the theory correlated to the model. 

As a weakness of Braithwaite's definition of model it could be 
said that some constructions commonly called models of theories 
are not models in his sense. Let us see whether it would be pos- 
sible to understand Newton's mass point model in Braithwaite's 
terms. If so, there must exist some calculus with two interpreta- 
tions resulting in two deductive systems, one of which is the 
theory and is epistemologically late, and the other, the mass point 
model which is epistemologically early. If we regard the (em- 
pirically) interpreted Newtonian theory as forming one deductive 
system it does seem as if we had an example of an epistemologi- 
cally late system: the meanings of the general mathematical for- 
mulas are derived from particular, less general sentences which 
are directly connected with measuring results and observations. 
The meanings are distributed upwards within the theory from the 
meanings of sentences about physical bodies and movements of 
such. 

If the mass point system was an epistemologically early system, 
Braithwaite's definition would be fulfilled and the mass point 
system could be called a model according to this definition. But 
on this point there are troubles. The fact that the mass point 
system is used in the correlation process in the interpreted New- 
tonian system does not prohibit it for aspiring on the title of 
model” (in Braithwaite's sense) for this system. The problem 
does not lie here: the problem is that the mass point model 
perhaps is easiest understood as an abstract system where numbers 
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are distributed and correlated with each other in different ways 
by means of a calculus, and that hence the system lacks semantical 
reference. The effect of this is that it is neither epistemologically 
early nor epistemologically late. What is distributed is not mean- 
ing but numerical values. Calling certain correlated numbers a 
"mass point” does not change the situation. All that has been 
done by introducing such an expression has been to give a non- 
referring name to some of the sets of numbers with which the 
calculus plays or to which it leads; this name or expression later ' 
on, when giving the calculus an empirical interpretation, helps us 
find our way in making the necessary correlations. The mass point 
system is what is called a ”pure model” in the terminology of” 
Braithwaite.” | 

The possibility seems to remain to interpret the mass point 
system with the help of points and curves. In this case, however, 
the system becomes epistemologically late and cannot be a model. 

In the case of Bohr's early atomic model the situation seems to 
be a little different. What we have is a series of concepts inter- 
related in certain ways. With these concepts a structure is de- 
scribed which through a system of correlation rules can be used 
for correlating measuring data obtained in certain well specified 
observation situations. We have not two different interpretations 
of a given calculus, one a model and another the empirical theory 
in question. If we make a visual model of the model the system 
we get is as epistemologically late as the theory itself, if it at all 
can be regarded as more than a very partial interpretation of the 
calculus. A model in Braithwaite's sense is not to be found here. 

To take yet another example: the "mechanical model” of 
thermodynamics. But in this case we have not one calculus and 
different interpretations but two different calculi. This means 
that what is called model here is not of the type discussed. 

The conclusion is, it seems, that the relation between model 
and theory which is outlined by Braithwaite is a happy ideal 
situation which is seldom, perhaps never, realized. 

If one considers what Braithwaite intends to be the reason for 
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using a model of his kind for a theory, namely that our under- 
standing of the structure of the model should aid our under- 
standing of the theory, then one can ask whether it is necessary 
to stipulate that the model be epistemologically early. It is true 
that our understanding of the structure of the model is facilitated 
if it is epistemologically early, but even if it is late we may, be- 
cause of frequent use, have as good knowledge of its structure 
as we can hope to have of an epistemologically early model. In 
other words: an interpretation of the given calculus which con- 
sists of a deductive system with which we are already familiar, 
whether it be epistemologically late or early, is well suited to help 
us understand another interpretation of the same calculus which 
consists of a deductive system with which we are unfamiliar. 

IV. Concluding remarks. The vocabulary with the help of 
which we can talk about the structure of a theory is relatively 
poor, and only few of the terms that are at our disposal are good 
instruments for an effective analysis and description of theories. 
We need terms for different parts of theories having different 
functions within the theories and for these different functions. 
For instance, different stages in the correlation procedure of a 
mathematized theory for empirical phenomena may be discerned 
and there may be steps occurring in one procedure that do not 
at all occur in another. A way to enrich the vocabulary would 
be to define ”model” as one of these steps or a specified series of 
such ones. That would be an explication of some of the uses it 
already has. 
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I will be concerned in these pages with a group of ethical theo- 
ries characterized by the employment of certain expressions like 
"the use”, ”the logic”, ”the function” of moral expressions, and 
"the job that moral expressions perform”. Those who employ such : 
locutions hold in common the belief that close attention to the use 
of normal language will show that other moral philosophers have 
been guilty of ”howlers” in misconstruing the way in which moral 
language is actually employed, what jobs it actually does, and 
have erected the most unlikely sorts of theories (naturalist, non- 
naturalist, emotivist) on these misunderstandings. 

I shall contend that these expressions function in ethical theo- 
ries in a rather ambiguous way. It might seem possible to interpret 
such theories as either empirical reports as to the occasions on 
which people use moral language, the syntax they employ, the 
emotions they experience, or as a stipulation of a use consonant 
with some favored general view of language or theory of know- 
ledge. Both alternatives are eschewed by these moral philoso- 
phers, and it is for this reason that the expressions they regularly 
employ are puzzling. To say, borrowing Professor Austin”s term, 
that the use of moral language is performatory may seem to say, 
”all or most people use moral language with the intent of produc- 
ing or inciting action all or most of the time.” But apparently this 
is not so. Professor Ryle tells us," that to put "the stress on the 
word "use” helps to bring out the important fact that the enquiry 
is an enquiry, not into other features or properties of the word 


" Gilbert Ryle, "Ordinary Language”, Philosophical Review (1953), 171- 
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or coin or pair of boots, but only into what is done with it ... 
The methods of discovering linguistic usages are the methods of 
the philologist. By contrast, a way of operating with a razor blade, 
a word ... is a technique, a knack, or method. Learning it is 
learning how to do the thing, it is not finding out sociological ge- 
neralities about other people who do similar or different things 
with razor blades, words . . .” It is no surprise to discover that we 
knew something of our language before we did sociology; no one 
doubts that we know how to use language, but whether our ob- 
servations and theories about that use are correct. Unlike our daily 
linguistic performances, which are not called into question, obser- 
vations and theories about it do require a critical apparatus and a 
body of information, which at another point Ryle seems to admit.” 
Why this information should not be sociological or philological is 
not made clear on Ryle's account, unless he is saying that intro- 
spective accounts of the use of language are reliable enough guides 
to the kinds of theory he proposes. In this case the suspicion arises 
that he is talking about his use, and lacks an ”inference ticket” 
to the use. 

The concepts of ”logic” and ”game” are sometimes used to make 
the inference plausible. "The use” contrasts with ”misuse”, a term 
which gains currency through the operation of concepts within a 
system governed by rules. To move the rock diagonally is a misuse 
because it breaks an express rule of chess. Misuse can be attri- 
buted to such a move in a game partly because one's adversary 
shows by his previous performance that he understands and plays 
by the rules, and partly because the rules can be made explicit. 
Without these conditions one might speak of variants on a use 
which happens to be rather common, but it would be a strain on 
the analogy to speak of variants as misuses. 


? Ibid., 176. The doctor knows how to use ”cause” correctly, but may be 
incapable of a proper analysis of his use. This suggests a special capacity 
possessed by philosophers which, indeed, Ryle is anxious to preserve. But he 
does little to say in what the capacity consists, and denies emphatically that 
the philosopher possesses information that the doctor lacks. One is left with 
the feeling that with more attention to his usage and less to his patients the 
doctor might do philosophy as well as Ryle. 
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Do these conditions apply to moral discourse? This is tanta- 
mount to asking: has my adversary (the naturalist, non-naturalist, 
subjectivist, emotivist) been playing the moral game up to this 
point by the rules? He has gone off the rails in using moral 
language as I use it and at the same time talking about it in a Way 
inconsistent with that use. All along we have been managing very 
well with me saying: "Well, what should I do, anyway? What 
would you do in this situation?” and with him saying: "You ought 
to kill him”, and me saying: "But I can't do that, you know”, 
and then with him saying, "Why not? After all, what I've said has 
been a report of pleasure-pain calculations” or: "Haven't I just 
told you what the non-naturally intuited rightness of the situation - 
is?” Then I'm supposed to say: "Good god, man, you're not play- 
ing the game. What yow've.said is inconsistent with, You ought : 
to kill him!” 

How are my moral counsellor's two statements inconsistent? 
The latter gives his reasons for the former, and sheds some light 
on the way in which moral concepts are used by him. Part of the 
evidence for the way in which he uses moral concepts is the 
theory he puts forward as to the nature of moral judgments and 
concepts. Thus existing theories constitute prima facie evidence 
for a variety of uses, which differ among themselves and from the 
performatory view. What needs to be examined, then, is the 
maneuver by which those who espouse the performatory view 
move from their use to the use; from the somewhat trivial pa- 
radigms, which may or may not correspond to the moral game 
of university common rooms, to the rather more grim and earnest 
game played in ordinary life with the same counters. I shall now 
paraphrase a group of related viewpoints which may shed some 
light on this maneuver. 


II 


J. O. Urmson, in his interesting and provocative article "On 
Grading”” wishes to show that two features characterize the ”lo- 


> Reprinted in, A. Flew (ed.) Logic and Language, 2nd Series (Oxford: 
Blackwell, 1953), 159 ff. 
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gic” of grading labels, that is, evaluating expressions like good, 
better and the more specialized members of that family” of con- 
cepts. The first feature is that grading labels are used to commend 
whatever is referred to in the sentences in which they occur ; the 
second that they are used as applications to specific cases of 
agreed upon standards. Urmson advances a hypothetical experi- 
ment in support of his claim that the commending use is primary 
(i.e., the use) whereas the standards vary from case to case and 
with widely varing explicitness. Imagine, for example, a student 
butcher ” (and a language ignoramus) who has learned to classify 
meat in accordance with observed traits like tenderness and lean- 
ness. It is conceivable that he could perform this task efficiently 
without getting the point, e.g., failing to choose the prime cuts for 
himself when the time for fringe benefits came along. 

What is the point? That to say "This cut is prime” is not only 
to classify it according to certain standards but to commend it 
above other kinds of meat. If it were not for the commending 
element, grading labels would function in purely descriptive con- 
texts, just in the way that one could decide how lean a given joint 
or cut might be by measuring its specific gravity. To say that 
”This steak is prime” and ”Socrates was a better man than most”, 
deprived of their commending function, become ellipses for the 
purely descriptive (and in principle verifiable) statements that 
steak and Socrates have such and such properties, as tenderness, 
leanness, grassfedness, and the virtues that Socrates is alleged to 
have possessed.” Used descriptively, these concepts may function 
in statements which can be thought of as verifiable without caus- 
ing the philosopher undue qualms, but by the same token they are 
not grading labels in such contexts. 

Leave aside for the moment the interesting implication for the 


£ Urmson talks about apples with greater authority than I can muster; but 
I will assume for these purposes that the logic of the grocer and butcher 
approximate one another. 

5 It is notoriously easier to talk about criteria for grading and evaluating 
with steaks, apples, cheeses and wines than it is with characters, dispositions 
and moral situations. That is perhaps why so much of recent ethics reads 
like grocers' advertisements. 


74 ÅA. R. LOUCH 


cognitive status of sentences containing grading labels. I am in- 
terested here in what it is to "get the point”, to understand the 
use of the label. It may seem, as a starter, that the apprentice 
gets the point when he no longer slips standard and utility cuts 
out of the shop under his apron, and hides prime and choice cuts 
there instead. But (1) he may discover experimentally that he 
prefers prime cuts to standard, in which case he is using the grad- 
ing labels as reliable indices of his tastes. (Compare, for instance, 
the signs "VO” and ”VVO” on the labels of progressively more : 
expensive brandies.) His actions prompted by the reading of 
grading labels would not differ from the actions of Urmson, who 
understands these labels as commendatory. Would it be possible 
to say, then, that he is confused, that he is using the language in-— 
correctly? It would seem odd to say so. : 

(2) The butcher recommends all the meat, utility as well as 
prime, and, in recommending a tough standard roast to Mrs. Jones, 
understands that his terms are rating, not merely classifying, 
labels. He can perfectly well understand that prime is better than 
standard, while commending a roast of the poorer quality. The 
example suggests that, in the day to day use of language, com- 
mending is no more closely tied to granding functions than is a 
standard of classification or measurement, or for that matter than 
it is to indices of taste or other possible purposes. 

(3) Even if we admit that the butcher uses words like prime 
and choice to fortify his recommendations, to overcome the 
buyer”s resistance occasioned by higher prices, it is not clear that 
the analogy can be carried over to moral grading. The ”logic” of 
grading is brought into sharp focus in advertising and commercial 
transactions because we can speak confidently of the purpose of 
advertising being to sell the product. In this sense we might speak 
of the denizens of Madison Avenue as the philosophers of ad- 
vertising, for they constantly test the use of advertising labels 
against the function which they are supposed to perform. The sug- 
gestion is implicit that the simpler case will shed light on the more 
complex, but it may well be that the degree of complexity re- 
flects the difference between having a logic and lacking it, play- 
ing a game by acknowledged rules and engaging in a rather more 
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devious and a vaguer enterprise. It is not clear that we are justi- 
fied in speaking of logic and the use of moral expressions until a 
purpose for its employment is revealed. 


II 


Another argument by which their use is to be distilled from an 
examination of moral discourse is advanced by R. M. Hare.” The 
descriptive meaning of moral language, Hare says, varies 
from case to case and situation to situation and interest to interest; 
the evaluative component remains constant. A good road may re- 
fer to a cowpath if one wants to discover how much wear and 
tear a car will take, or to a turnpike if the purpose of its use is 
speed and driving ease. The parties to a dispute concerning the 
relative merits of such roads may be totally in the dark as to 
each other's criteria and interests in calling quite different roads- 
good, but each will understand that the other is commending his 
road in calling it good. 

If commending fills the bill here it is not merely because of the 
alleged constancy with which it is associated with the employment 
of moral expressions. A common use cannot be inferred for pipes, 
wrenches, axes and needles because they are all made of metal. It 
is because the constant feature is in this case one of a range of 
possible answers to the question: what is the sentence used for, 
what is its purpose, what intentions do people have in employing 
it? The question is, then, is commending always or generally the 
purpose-fulfilling (or purpose-satisfying) component of such sen- 
tences? 

In some cases commending is not the only constant feature; it 
is joined by the criterion-applying feature, which is equally pur- 
pose-fulfilling. We use sentences like ”the table is three feet long”, 
for example, merely to express the fact that a standard of mea- 
surement has been applied. Could we not say that sometimes (or 
a more specified percentage) moral statements are used to ex- 
press both commendation and the application of standards to 
particular cases? Would not a different logic be required to dis- 


The Language of Morals (Oxford, 1952). 
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close the use of moral expressions — like those of our butcher's 
apprentice — in which the commending element is not present? 
These questions should serve to underline the empirical flavor to 
Hare's talk about moral language. To speak of ”use” is to speak 
of using for a purpose or intent to use, and this is to claim that 
this and that person uses the language for such a purpose and 
with such intentions. To speak of the use would seem to claim 
that everyone uses the language for such purposes and with such 
intentions. Yet nowhere does Hare talk as if his theory were em- 
pirical; as an empirical claim it is indeed a shaky hypothesis, as 
even the most unprofessional reflection on various usages con- 
firms. Moreover, to lump all grading labels under the rubric of a 
single use on the grounds that commending is a common element, 
may result only in obscuring quite different functions that the 
labels may perform. 

Hare's argument with respect to ”good” is paralleled by his 
treatment of moral concepts like ”ought” and ”right”. They are 
used, he says (e.g., 28, 127), to guide choices and consequently 
they are disguised imperatives. A question of the form "What 
shall I do?” can only be answered by an imperative of the form, 
"Do this!” (46). If moral language were commonly expressed in 
the imperative Hare's case might have been much stronger.” But 
given the protean grammatical form of moral utterances it seems 
just as plausible to urge with Sparshott ” that ”the answer to "Is 
this any good” is sometimes 'I don”t know”, not 'I can”t decide”, and 
to agree with Kurt Baier ” that the query ”What shall I do?” is a 
request for an opinion, not a command to action. In any event, 
our language enshrines distinctions ” such as that between "He's 


” And, perhaps, the host of cognitive theories would not have arisen. For 
the cognitivists are not claiming that imperatives can be true or false, but that 
some moral judgments are not imperatives. 

> F. E. Sparshott, An Enquiry into Goodness (Chicago, 1958), 202. 

>” The Moral Point of View (Cornell, 1958), 55-6. 

" Ordinary language enshrines, Professor J. L. Austin says (CA Plea for 
Excuses” PAS, 1956-7, 8) all the distinetions men have found worth making. 
Yet here the performatory theory, rather than holding on to the home base 
of ordinary distinctions, wishes to obliterate them. Perhaps it is this rather 
cavalier attitude toward ordinary usage that disqualifies the performatory 
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a good man” and ”What a good man!” and between "That would 
be wrong” and ”Dom't do that!” and to decide that the logical 
grammar of the first and second half of each pair is the same re- 
quires more than the evidence of grammatical form. Perhaps Hare 
means only to treat them as equivalents for the purpose of clean- 
ing up the mess that people have made of moral language, or per- 
haps he is saying that all or most people use them inter-change- 
ably. But it is not clear that Hare only intends to legislate, and it 
is reasonably clear that he has not done the research necessary to 
corroborate the empirical hypothesis. 

It is not their grammatical form that leads Hare to speak of the 
imperative nature of moral judgment, but their use. How is it to 
be decided that moral judgments are used as imperatives? 

Suppose I should come into a room and announce, "There's a 
fire in the next room”. You might immediately rush about remov- 
ing belongings or prepare to battle the flames, judging the purpose 
of my remark by the inflection of my voice, the behavior of others 
present, and the state of the fire next door. Or you might be in- 
clined to interpret my remark as descriptive (you put down your 
paper and look), or as an idle comment, a filler in a faltering con- 
versation (and you cast about for anything to say). The remark 
may, as it were, leave you cold, though intended by me to rouse 
you to action. Or it may produce signs of hysteria, though all I 
meant was, ”Isn't is odd, there's a fire (in the fireplace) in the 
next room, though it's summer and the sun is shining.” Three ob- 
servations are relevant here. (1) Though you decide that the re- 
mark was used imperatively, its truth or falsity will still concern 
you; its imperative nature does not contaminate its cognitive 
status. (2) Your interpretation — as imperative, descriptive, and so 
on — is a function of the context in which the remark was uttered, 
and cannot be generalized into the use, the function of that sort 
of sentence.” It is not even clear what sort of sentence it is, except 


view as an empirical thesis, though this does not carry us very far toward de- 
ciding what sort of theory it is. 

u P F, Strawson seems to be making this point in "On Referring” (Mind, 
1950); reprinted in Flew (ed.) Essays in Conceptual Analysis, New York; St. 
Martins Press, 1956), especially pp. 27-33 where he criticizes Russell for over- 
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in context. To speak of the use is to speak of this use on this oc- 
casion. (3) Use and function are fundamentally ambiguous terms. 
On some occasions they refer to intentions of the users of expres- 
sions; on others to the reactions of auditors and readers of these ex- 
pressions. To say that the use of an expressions is imperative is to 
say either that users of it always intend to produce action by its em- 
ployment or that auditors and readers always act in certain ways 
upon hearing or reading it. In either case it would be difficult to 
say that an expression in ordinary language has such a use. 

Similarly, for someone to say to me, "You really ought to give 
your child a religious education”, or ”I think it was terribly wrong 
of you to deceive Matilda in that way” may or may not lead me to 
edify my child or undeceive Matilda, and it may or may not be 
intended by my moral counsellor to produce such consequences. 
It is not grammatically obvious that these utterances are demands 
upon my time and action, unless I am very naive indeed; for it is 
more likely that my moral critic uses expressions to unburden his 
soul, express and opinion, or an attitude, and so on through all the 
changes in ethical theory. I rather suspect that my moral critic 
has little hope of modifying my conduct; consequently I suspect 
him of using this language for rather different purposes, of which 
those listed are the more charitable. 

There are conceivably as many uses of moral language as there 
are contexts in which it is used, for ”logical” considerations can- 
not legislate the moves made with moral counters, inasmuch as 
these counters are not constituents of a formalized game. To treat 
them as such is either to stipulate a game, or to select a family of 
cases characterized by their game-like attributes, and use the cha- 
racterization as definitional of moral discourse. To speak of the 
commending or imperative nature of moral expressions may be 
to make the latter kind of move. The selection of cases gives the 
theory a quasi-empirical cast, the wielding of a definition gives it 


looking the fact that referring is a job that we can ascribe to sentences only 
in the context of their employment on this and that occasion. He does not, in 
his own talk about this and other ”uses”, draw the possible moral that a 
rather sophisticated empirical technique would be required to apprehend uses 
and to generalize upon them into theories of common use or the use. 
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a philosophical flavor. But it is at once a poor empirical technique 
and an inadequate characterization of moral language to restrict 
it in this way. Moral language is far richer, and has a capacity 
to adapt to a wider variety of contexts, than can be accounted for 
by the performatory theory. 

The objection may be raised that it quite misses the point to 
characterize use-theories as even quasi-empirical. Examples from 
ordinary language illustrate points; they do not confirm hypo- 
theses. Perhaps Ryle's already mentioned distinction between use 
and usage is relevant here. Statements of use make use of usages 
as illustrations; statements about usages require usages as evid- 
ence. But the suspicion remains, lacking a more precise account 
than Ryle gives, that to speak of the use is convenient legislation, 
supported or illustrated by a group of generally over-simple cases, 
by which annoying puzzles are eliminated, if not solved. For ex- 
ample, it is a ”fact” about moral discourse that moral claims are 
regarded as binding, without philosophers being able to explain 
in any satisfactory way why they should be regarded as binding. 
The examples from usage make more clear, not how the language 
is used, but how it can and ought to be used, if we want to avoid 
asking such disturbing and unanswerable questions. 

In any case, the proponents of the use doctrine fail to hold the 
line against usage. Ryle (op. cit., 176) finds the agreement of use 
and usage comforting, for the big batallions are then on his side. 
But why should they be the big batallions? The common appeal 
to the Oxford English Dictionary betrays a concern with philo- 
logical facts which Ryle affects to despise. Professor Austin's in- 
sistence (op. cit., 9, 13-15) that usage is not really so various 
(there is a game being played) suggests that philological, psycho- 
logical, and sociological facts are rather important if his arguments 
are to prosper. Are they saying, then, that a game is being played, 
this is how it's played, let's play it? It would seem so, but in this 
case it would be relevant to observe that moral activity is not a 
game in any ordinary sense, and that the performatory theory is 
at fault in suggesting that philosophical puzzles will evaporate if 
we re-construe our moral language in this way. 
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IV 


The strain that develops in the use of the phrase ”the logic of” 
moral discourse arises out of the inappropriateness of that phrase 
to contexts in which purposes are not specified and terms defined. 
Nowell-Smith,” for one, appears to recognize the difficulties, 
while at the same time wishing to preserve rather important con- 
notations of the phrase for his purposes, in his use of the expres- 
sion, ”logically odd” (cf., 103-4, 161 ff.). To say, for example, ”T 
know you thought it the best car, but why did you choose it?” is 
logically odd”. Or (186) ”It would be logically odd for a man to 
say I know you thought it right, but why did you do it?” What 
does this new notion accomplish? 

It avoids, of course, the implications of logical entailment, and : 
of formalized procedures like those of mathematics and chess. But 
does it find a ground between logical entailment on the one hand : 
and descriptions of what normally or frequently happens on the 
other? Imagine that someone unfamiliar with symbolic logic pain- 
stakingly observes and records the logician”s behavior at the black- 
board, and arrives at accurate generalizations and predictions of 
this behavior. His familiarity will enable him to recognize a mis- 
take; but he will not recognize it as a mistake, but as an odd, 
unpredictable occurrence. He may predict that the next move of 
the logician will be to erase the improperly derived step and begin 
again. To understand the chalk marks as a mistake is a judicial 
decision, depending upon understanding that the logician is app- 
lying rules. In normal language the operations are not sufficiently 
like those of formal logic to justify the pronouncement of judicial 
decisions; consequently Nowell-Smith's observations seem to re- 
semble much more closely the comments of the observer of the 
logician”s chalk marks than those of another logician who can say, 
"You have made a mistake”. Nowell-Smith”s theory ought to con- 
tain such generalizations as, "When one person says that 'x is 
best, the advised person seldom or never says, "But what should 
I do?” ” It would be odd for a person to say so because it is un- 
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usual, but not logically odd, which implies that a mistake has 
been made. 

The use of ”logic” in this context suggests that moral maneuvers 
can be arbitrated by appeal to rules governing such maneuvers. 
But the ”rules” are, in this case, empirical generalizations. More- 
— over the generalizations offered by Nowell-Smith seem open to 
frequent exception. For example, the salesman says, ”this is the 
best tire” and the buyer meditates, "I know it's the best, but I 
can't decide which to buy”. There is not only a very common 
”gap” between knowing what is best and doing it, but between 
knowing what is best and deciding what to do. (The first of these 
situations our good shepherds call human frailty, the second, sin.) 
Nor would it be odd to ask, "I know you say you prefer it, I know 
you say it's best, but why did you do it?” This question seeks in- 
formation of, say, a psychological sort, which the questioner re- 
gards as more germane to an account of the individual's behavior 
than his statements of preference or moral principle. Statements 
of preference and principle may serve to camoflage more enticing 
factors or more compelling motives. This suggests that moral 
language is perhaps a misleading key to the description of moral 
activity. 

Nowell-Smith dodges the impact of counter-cases by calling 
them ”parrot-like” uses, Hare (124), by placing them within in- 
verted commas. When a lady of my acquaintance refers to herself 
as ”bad”, for example, she is obviously commending, not con- 
demning, herself, and her usage is thus contrary to the claim of 
the performatory theory. Or, another example, consider the fol- 
lowing sometimes persuasive argument: She: ”What we're doing 
is wrong”. He: "Of course it's wrong”. This pair understand each 
other perfectly without her translating: "Of course, when he says 
wrong” he means "no, no, it's right” and therefore I ought to be 
persuaded”. He agrees emphatically that it's wrong because he 
knows, astute practical psychologist that he is, that it is the fact 
that it is wrong that will compell her, at last, to yield. To call 
these ironical or inverted comma or parrot-like uses is to disguise 
the fact that they are as much usages as any other, and may win 
a statistical survey hands down. If this happened to be the case, 
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to say that it is not the use, but a perversion of the use, is to reach 
the desired conclusion by a coup d'etat. One suspects that the 
variety of usages is a matter of some concern to the performatory 
theory, because the inverted commas are used, as it were, to 
tamper with the ballots and insure that the favored candidate 
wins the election. It is for this reason that I would call the per- 
formatory theory pseudo-empirical, for its practitioners make use 
of empirical evidence where it serves them, and where it does not, 
they tamper with the evidence by placing it in inverted commas, 
weighing it down with irony, or allowing it to be voiced only 
through the mouth of a parrot. 

It seems plausible, then, to interpret ”the use” as ”the way 
people commonly use it”, and to condem the practitioners of the 
performatory theory for improper use of empirical methods. If 
this suggestion rings false it is perhaps because extensive leg-work 
by statisticians and interviewers seems out of place in an area 
with which we all have considerable experience. (Even some of 
the conclusions of psychology and sociology might have been ex- 
pressed without the burden of graphs and tables, barpressing rats 
and salivating dogs, which serve only to dress up old knowledge 
as new discoveries.) For this reason I should not like to accuse 
the philosopher of illicitly arm-chairing his way through the em- 
pirical world. 

But the philosopher may not be the most suitable person to 
occupy the arm chair. Arm-chair views tend to reflect the ex- 
perience of oneself and one's acquaintances. Judging by the fre- 
quency with which moral philosophers have been concerned with 
such momentous issues as returning books to friends and decid- 
ing that an unspecified ”x” is good or ought to be performed, the 
suspicion arises that their experience is morally anemic. I do not 
know whether the anemia is personal, but there is a professional 
reason for it. The moral philosopher justifies his paradigms for 
the language of morals on the assumption that they are reliable 
indices to other features of the moral situation more difficult of 
access, or afford simpler cases by which the tools of his trade may 
be perfected for later use in more complex situations. But his 
paradigm cases are often misleading simplifications of the process 
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of moral decision, and his tooth-sharpening has not yet been re- 
warded by chewing on more flavorful, if tougher, meat. 

It is easy to say that moral judgments are (or rather can be) 
applications of principles to cases — that I don't rob banks or 
seduce Lolitas because of some feathery (and fatherly) universal 
imperatives hardly worthy of notice; but it is not clear why more 
strenuous empirical exertions might not tell me that in fact I am 
doing something quite different: weighing advantages and dis- 
advantages in contexts in which banks and Lolitas are at hand, or 
reacting with habitually acquired disapproval to such temptations. 
In short, psychological explanations might be more in order than 
descriptions of the so-called logic of the situation. 

It takes little ”logic” to discover that principles can apply to 
cases or that to decide that something is right is a reason for do- 
ing it. But it takes a good deal of rather inadequately described 
mental activity and anguish to come to a decision as to what one 
ought to do. Apologists are a dime a dozen: a principle can al- 
ways be found to govern an action; but the questions remain, how 
are conflicts resolved, what principles are to be applied? Perhaps 
this is why the advice of friends and the writings of novelists af- 
ford rather more illuminating comments on moral dilemmas than 
the writing of philosophers. 


Vv 


Finally, what job does the performatory analysis do; what 
puzzles does it clear up? Not ordinary usage of moral expressions, 
apparently, for ordinary language has been the court of appeal by 
which the use of moral language has been confirmed. Moral 
problems beset us, because this is not the best of all possible 
worlds; but our troubles do not arise out of misuses of moral 
language. The puzzles to which comments about the use of moral 
language apply are those howlers commited by philosophers who 
have said for example, that the meaning of ”good” is "whatever 
is conducive to pleasure” or that ”rightness” denotes a non-natural 
relation. To say that good means what is conducive to pleasure 
is to confuse reasons for an assertion with the use it serves, the 
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job it performs; to insist that rightness is a non-natural relation 
is to misconstrue the sense in which moral claims can be said to 
be knowledge claims, i.e. as applications of recognized criteria or 
principles. Cognitive theories have erred in ignoring the ”primary” 
use of moral terms as commending concepts and imperative ut- 
terances. Emotive theories have overlooked the fact that moral 
judgments are framed in the contexts of principles and criteria. 
All traditional theories have been beset by difficulties through 
ignoring the way moral language is used. What can be said about ' 
this claim? 

(1) It is not clear that all of the theories so chastened are in- 
tended as explications of moral language. Mill, that unfortunate” 
whipping boy of modern moral philosophers, has been made to 
hold the view that the expression ”x is pleasant” is somehow or 
other the correct analysis of ”x is good”, and then driven to the 
wall with the triviality of his advocacy of the pursuit of pleasure. 
The looseness of his talk may give rise to such an interpretation 
(he, too, wants the big batallions on his side), but I think his 
theory is largely an amalgam of empirical claims (which, granted 
may be false) and moral exhortation. 

(2) To show that ”good” is a commending word and that moral 
judgments are disguised imperatives does not contaminate moral 
statements in a way that would make it logically improper to ask: 
but are any of them true? ("We have seen this in the case of a 
sentence like: "There's a fire in the next room”.) It will not do 
in answer to such a question to say that moral jugdments are 
true by virtue of applying principles or criteria. The problem that 
has exercised the wits of moral philosophers in the past has not 
been: ”How does the principle apply?” but: ”what principles 
should be applied?” The ”nature” of moral argument supposedly 
makes this question unanswerable; but that nature” applies only 
to a subsequent stage of argument; after the important business 
of establishing principles and criteria has been settled it is a rela- 
tively trivial process to apply them. That is why counselling is 
such a popular vocation. 

(3) If my arguments in these pages have been sound, philo- 
sophical theories cannot be condemned for the misuse of language 
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in quite so easy a manner as the performatory theory suggests. 
The principle evidence we have as to the way previous philoso- 
phers have used the language are the theories they wrote about 
it. It is appropriate to accuse heterodox theories of misuse only 
if it is clear that the performatory use has been legislated as the 
proper use, or has been shown, somehow or other, to have been 
the usage of heterodox theorists all along. 

Compare the following two cases. The time traveller, who 
claims to experience events that took place yesterday, needs to 
use time words in the ordinary way in order to give force to his 
claim. If ”yesterday” does not refer to already transpired events 
and to an already crossed-off calendar date, his claim becomes 
trivial. But he violates that usage in making his claim, for ordi- 
nary ”use” prohibits the re-occurence of the same events — that 
is, the events which have the property of having occured on a 
specified calendar date: If events surprisingly like yesterday's 
events occur today, they are still today's events. If someone were 
to say, "I went back in time” we would accuse him of mis-using 
time concepts (uttering contradictions) precisely because time 
words, serving as they do as the terms for a convention of mea- 
surement, are precisely defined. In the other case, suppose that 
an astronomer says, "You know, that's a really good star” and we 
ask "You mean it's beautiful (no), advances your knowledge of 
the composition and structure of stars (no), opens world fairs 
(no), pretty good to wish on (no) ... we would suspect him all 
sorts of things before attributing his remark to a misuse of 
language — that he's seeing things, or can't communicate the ob- 
scure feelings he has, and so on. The fact is, it's well-nigh im- 
possible to construct a case for the misuse of moral language re- 
sembling the time case; these kinds of logical traps do not lie in 
wait on the moral road for the unwary speaker or the untidy 
writer. A language so diffuse and supple and chameleon-like 
(perhaps these are empirical comments we can make about the 
nature of moral language) is not structured sufficiently to build 
them. 

(4) What is the puzzle that has exercised the moral philoso- 
pher? Isn't it this: that he has wished to find ways of gaining 
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agreement with his view as to rights and wrongs, gods and bads, 
but conspicuously fails to convince others by arguments that con- 
vince him? This is not a logical puzzle, but a feeling of dissatis- 
faction with this state of affairs. The desire to gain or compell 
agreement has possibly led to the proliferation of the most fan- 
tastic theories as to the nature of moral language, emotion, or 
faculty. And it is tempting to wield the supposed powers of ”the 
use” and ”the logic” of language in order to restrain this tendency. 
But these concepts cannot find a foothold in a language without 
structure, without stated purpose; a language whose use, if we 
can use this term properly at all, depends upon its imprecision 
and its versatility. 

Finally (5), if such concepts acquire a foothold it is because 
the disappearance of problems and puzzles is taken as the sign 
of the use among the variety of usages. That people do use the 
language in certain ways is a fact of polemical importance to these 
moral philosophers, for they wish to say that actual use (as well 
as their recommendation as to the use) does not engender the 
kinds of puzzles that have troubled moral philosophers in the past. 
But it may be that the puzzles are irresolvable for quite different 
reasons than the quaintness of the language in which they are 
formulated: the limitation of our experience, for example, or the 
urgency of human needs. The doctrine of the puzzle-free use may 
thus overlook the ways in which the puzzles do arise, in which 
case it becomes therapeutically inadequate. Moreover, these puzz- 
les do not appear to arise out of departures from linguistic pro- 
tocol, for it has not been shown by these moral philosopherts that 
such a protocol exists. 

Imagine a person who uses an axe to hammer nails. "You're 
misusing the axe” we say, but why? Because it is not intended for 
that purpose — ask the man who made it. Axes, hammers, and all 
the illustrations from Professor Ryle's toolbox have specified 
functions, patents by the designer. So do the pieces in a game or 
the symbols of a logicl system. So with waning precision, do the 
concepts of measurement, of physics, biology, psychology, socio- 
logy. To use moral concepts is rather like the employment of a 
stone that one finds lying near at hand. You can hammer a nail 
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with it, or a skull, or keep a car from rolling down hill, or build 
a wall ... Can you misuse a stone? Can you patent a use for it? 
Ethical theories are attempts to claim patents for a use of moral 
language. But isn't this like saying that the use of stones is to 
break skulls — for they have been used for this purpose, and 
skulls contain troublesome brains? One can decipher uses in con- 
text, but the howler comes in moving from a limited set of con- 
texts to quite inappropriate legislation against misuses. This how- 
ler the performatory theory shares with that range of views it 
sets out to criticize. 


ERRATUM 
to Volume XXVII 1961 Part I 


In Nelson Goodmans paper page 48, line 7-9, instead of ”If, then ... 
order of infinity” read: 

Even if the number of individuals is finite, the number of admitted classes 
will be infinite: 
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A note on Berkeley's principle. By Lloyd Frank Bitzer, 
(Iowa). 


I wish to call attention to an error regarding esse est percipi. The 
error confuses the esse principle with what I shall call Berkeley's ”base 
proposition,” which is demonstrated in entry 378 of the Philosophical 
Commentaries. My principal aim is to show that the base proposition 
is not identical with esse est percipi. 

Distinguishing between these statements will be useful for three rea- 
sons. First, some scholars who confuse them have mistakenly concluded 
that Berkeley attempted to demonstrate esse est percipi. However, if 
the two statements are different propositions, then Berkeley's attempted 
demonstration of the base proposition will not count as evidence that 
he also attempted a demonstration of the esse principle. Second, we 
may be in a better position to understand the nature and role of esse 
est percipi. Finally, when we recognize the difference between the two 
statements, we shall avoid making a rather important error. 

In entry 378 of the Commentaries, Berkeley set down 19 proposi- 
tions as a demonstration of what I have called the base proposition. 


378 1 All significant words stand for Ideas. 

2 All knowledge about our ideas. 

3 All ideas come from without or from within. 

4 If from without it must be by the senses & they are called 
sensations. 

5 If from within they are the operations of the mind & are 
called thoughts. 

6 No sensation can be in a senseless thing. 

7 No thought can be in a thoughtless thing. 

8 All our ideas are either sensations or thoughts, by 3. 4. 5. 

9 None of our ideas can be in a thing which is both thought- 
less & senseless. 6. 7. 8. 

10 The bare passive reception or having of ideas is called per- 
ception. 


" George Berkeley, Philosophical Commentaries, ed. and with introduction 


and notes by A. A. Luce (London: Thomas Nelson and Sons Limited, 1944), 
pp. 119-21. 
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11 Whatever has in it an idea, though it be never so passive, 
though it exert no manner of act about it, yet it must per- 
ceive. 10: 

12 All ideas either are simple ideas, or made up of simple 
ideas. 

13 That thing which is like unto another thing must agree 
with it in one or more simple ideas. 

14 Whatever is like a simple idea must either be another 
simple idea of the same sort or contain a simple idea of 
the same sort. 13. 

15 Nothing like an idea can be in an unperceiving thing. 
INSER 

Another demonstration of the same thing 

16 Two things cannot be said to be alike or unlike till they 
have been compared. 

17 Comparing is the viewing two ideas together, & marking 
what they agree in & what they disagree in. 

18 The mind can compare nothing but its" own ideas. 17. 

19 Nothing like an idea can be in an unperceiving thing. 11. 
16.018: 


In entry 379 the base proposition is fully stated: "Neither our ideas 
nor any thing like our ideas can possibly be in an unperceiving thing.” 
The demonstration of this proposition in entry 378 is considered en- 
tirely convincing, and it is the same proposition that Berkeley contends 
elsewhere is admitted by everybody.” 

This base proposition is often understood as Berkeley's esse est per- 
cipi. Luce apparently believes the statements are interchangeable. In 
his note on entry 285 of the Commentaries he writes that Berkeley's 
principle ”is set forth with a "demonstration in 378-80, being there 
formulated in the words, that neither our ideas nor any thing like our 
ideas can possibly be in an unperceiving thing. The Principle is Berke- 
ley's direct disproof of matter from the nature of existence, the esse est 
percipi ...”” Other scholars have followed Luce in identifying the esse 
principle with the base proposition. In a recent article Konrad Marc- 
Wogau writes, "Berkeley considered his esse est percipi-principle as a 


? Referring to the base proposition demonstrated in entry 378 and fully 
stated in 379, Berkeley writes in entry 380: ”N. B. Not one argument, of any 
kind whatsoever, certain or probable, a priori or a posteriori from any art or 
science, from either sense or reason against it.” Commentaries, p. 121. 

3 Section 3 of the Principles of Human Knowledge opens with these 
words: "That neither our thoughts, nor passions, nor ideas formed by the 
imagination, exist without the mind, is what everybody will allow.” 

t Commentaries, Luce's note on entry 285; p. 376. 
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demonstrable principle. "Newton begs his principle, I demonstrate 
mine, he says in PC, entry 407.” Professor Marc-Wogau apparently 
believes that Berkeley's entry 407 referred to entry 378 and that the 
proposition stated there is the esse principle. 

Yet I think it can be shown that what I have called Berkeley's base 
proposition is not the same as esse est percipi. One way to show the 
difference is by noting that the base proposition has a double aspect 
that the esse principle does not share. The consequence of this differ- 
ence is that the existence of material things is compatible with the base 
proposition but incompatible with esse est percipi. 

Consider the base proposition: "Neither our ideas nor any thing like 
our ideas can possibly be in an unperceiving thing.” This statement 
means both 


(1) All our ideas and things like our ideas must be in perceiving 
things, 


and (2) All non-ideas and things unlike ideas must be in unper- 
ceiving things. 


Attention to entry 378 indicates, I think, that Berkeley's purpose was 
to achieve a radical separation of ideas from non-ideas — a separation of 
mental things from material things such that mental things exist only 
in perceiving things whereas material things exist only in unperceiving 
things. It follows that the mind can know only ideas; non-ideas, or 
material things, cannot be known at all. Note, however, that the exis- 
tence of material things is not denied in the demonstration; aspect (2) 
of the base proposition clearly allows their existence. Note also that a 
successful demonstration of immaterialism requires that this second 
aspect be destroyed. 

Consider now esse est percipi. I understand this statement to mean, 
at the very least, that existents (excepting spirits) are included in the 
class of perceived or perceivable things; although the phrase may mean 
something more, namely that existents are identical with perceived or 
perceivable things. At any rate let us understand it to mean at least the 
former, and let it be expressed as follows: ”All existents are perceivable 
things.” The feature about this statement which clearly distinguishes 
it from Berkeley's base proposition is that this statement, esse est per- 
cipi, precludes the possibility of a class of unperceivable things — that 
is, of material objects. But the base proposition does not preclude this 
possibility. On the contrary, aspect (2) asserts that all non-ideas must 
be in unperceiving things; and, being in unperceiving things, they must 
be unperceivable. In short, the base proposition cannot possibly be 


>” Konrad Marc-Wogau, "Berkeley's Sensationalism and the Esse est Per- 
cipi-Principle,” Theoria, XXIII (1957), pp. 12-36. See p. 19. 
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identical with esse est percipi, since the former allows the existence 
of unperceivable things, whereas the latter prohibits the existence of 
unperceivable things. 

The obvious role of esse est percipi is that it destroys aspect (2) of 
the base proposition which allows the existence of a class of unperceiv- 
able things. Esse est percipi destroys that class by asserting that the 
only existents are perceiving or perceivable things. Once aspect (2) is 
destroyed, then aspect (1) —- All our ideas and things like our ideas 
must be in perceiving things — stands alone and is an adequate expres- 
sion of immaterialism, proved by joining esse est percipi with the base 
proposition. 

The esse principle must function in the above argument as a rule of 
meaning, rather than as a proposition known to be true. For if esse est 
percipi were known to be true, then immaterialism would necessarily 
be true and there would be no reason to couple the esse principle with 
the base proposition. I do not believe Berkeley thought of the esse 
principle as demonstrably certain. He does indeed urge its acceptance, 
not on the grounds that it is demonstrably certain, but on the grounds 
that it is in accordance with common-sense language usage ” and, more- 
over, it is fruitful philosophically. Berkeley contends we need only 
examine what we mean by existence. When we do this, we will dis- 
cover that everything we ordinarily name as an existent is thought of, 
or perceived. 

Although it is true that everything we name as an existent is neces- 
sarily thought of, and although it is true that we must define things in 
terms of ideas, nevertheless it is possible that there are some existents 
which are utterly unlike ideas, which never will be named, which never 
will be thought of. This possibility, aspect (2) of the base proposition, 
Berkeley admits in sections 18, 19, and 20 of the Principles. But those 
persons who argue for the existence of material unperceivables, argue 
for a totally unnecessary and problem-creating doctrine. The doctrine 
does not explain anything that cannot be explained without it; the 
doctrine asserts what is unintelligible, since nothing could be known 
about unperceivables; and further, the doctrine generates, among 
others, the problem of interaction. One can avoid this and similar 
problems and avoid also the needless cluttering up of the universe, 
simply by adopting as a rule of meaning what common sense asserts, 
that esse est percipi. 


$ An early statement of Berkeley's claim that esse est percipi agrees with 
common sense, is entry 408: "I must be very particular in explaining what is 
meant by things existing ... & shew how the Vulgar notion agrees with 
mine when we narrowly inspect into the meaning & definition of the word 
Existence which is no simple idea distinct from perceiving & being perceived.” 
Commentaries, p. 133. 
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Prof. Popper's Refutation of Historicism. By L. E. Palmieri. 
(Chicago). 


In his preface to The Poverty of Historicism " Prof. Popper offers the 
outline of a refutation of historicism. But while I admit that Prof. 
Popper has offered material in this book, as in others, which should 
make it difficult for tyrants to increase their power by the use of philos- 
ophical views which have, unfortunately, been persuasive in the past, 
I should be quite like the Platonic liar if I kept silent. I don't believe 
it is a refutation. First let us review the broad thinking in the argu- 
ment. 


Popper bases his argument on two statements: 


1) What comes to be known in a given period is a factor in - 
what transpires. This is to say, what is come to be known in a 
limited temporal period figures in what comes to be in the next 
or succeeding period.” 


2) We cannot predict, by scientific means, what shall come 
to be known in the future.” 


With these Popper would go on to prove that we cannot come to 
know what shall happen in future periods; we cannot predict the 
course of human history. I want to allow that statements 1 and 2 
are true. But they are not sufficient for a refutation. This is the claim. 
Now I shall attempt to show that Popper can offer nothing to fill the 
lacuna if he is not to depart from his general philosophical position. 

That statements 1 and 2 are not sufficient might be made clear by a 
consideration, first, of the following points: 


a) The claims of historicists are, all of them, very general. 
b) Popper does not claim that presently had pieces of know- 
ledge are the only factors which figure in the making of the 


" Karl Popper The Poverty of Historicism, Boston, Beacon Press, 1957. 

> See especially The Open Society and Its Enemies, Princeton U.P., '50. 

> Popper's exact expression is, "The course of human history is strongly 
influenced by the growth of human knowledge”. My restatement is simply 
to insure that there is no opportunity for giving an interpretation to this 
statement which incorporates vitalistic views. 

+ The assertion here is that the predictor cannot predict what the pre- 
dictor will later predict when he has sufficient information, it being admitted 
that below a certain amount of information a prediction, in the proper sense 
of the term, is not possible. But this allowance will not make Popper's line 
of thinking a refutation. If, on the other hand, it is false, revealing its falsity 
will not reveal how Popper came to believe he had a refutation. 
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future events. (Indeed, if Popper claimed knowledge the only 
factor, his claim would be gainsaid even by those most con- 
cerned to give a mentalistic picture of the universe.) 


Even if one gives the strongest interpretation to assertions 1 and 2 
above, strongest for the admitted outcome of the argument, the histo- 
ricist would hardly be affected. For, in spite of Popper's claims, the 
historicist can work by limitation. Of the many observations made 
about the claims of historicists the following are pertinent: 


i) They are predictions of some remote purpose in nature. 
(Usually involving human experience). 

ii) They are claims about the course of history — in the sense 
of assertions about broad lineaments — and the characteristics of 
this course. 


Clearly, whatever normal interpretation of 1 and 2 above, one is 
still free to make assertions which are categorized by ii above. Then, 
for the refutation, Popper might do either of two things, neither of 
which can be accepted without complications: A) using a serial view of 
history, i.e. historic events, he might further claim the extent to which 
knowledge plays in the formation of events and, with such an ap- 
praisal, whether this is significant enough (even on a serial view of 
events) to change the character of any event which, in a sense, has had 
the benefit of knowledge claims applied. Significance here would be 
measured by the likelihood that such a difference made by knowledge 
in the given event would either figure in a future event or that the 
difference would make a difference in the value of the historic event. 
An example of this latter alternative might be the effect, in a specific 
instance, of American isolation by the general prizing of Washington's 
Farewell Address. While an element of value has entered through this 
latter alternative, it can, with respect to the formation of events, be 
incorporated in the former alternative. A second avenue seemingly open 
to Popper is: B) using a non-serial view of historic events, he might 
claim something of the intrinsic place of knowledge in the production 
of events. 

Against A one need only point out that the required assertions 
would be incompatible with assertion 2 above or with a statement ne- 
cessary for the establishment of 2. Against the latter alternative, i.e. 
against B, one need only point out that any such a claim would in- 
troduce a metaphysical view to complete an allegedly logical refutation. 
But if the assertions categorized by ii are still admissable, that is to say, 
admissable in spite of accepting statements 1 and 2, then it seems the 
historicist might go on to argue that some features in the course of 
history indicate a specifiable purpose to nature. Thus the historicist 
might go on to make claims categorized by i above. Yet this is nothing 
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more than the sort of claims which Popper would wish to exclude by 
means of the refutation. I might well not be convinced of the truth 
of the historicist's claim, at any given time, but his claim would not 
have been excluded by Popper's argument. 


Xx xX xX Xx Xx xX 2 xX 


There is a broad comment which I shall make, if somewhat dog- 
matically. Popper denies, both explicitly and implicitly, a holistic ca- 
racter to historic periods. I am inclined to agree. But there are legions 
who would not agree and who would not be convinced by his argu- 
ments under this rubric. As long as we are able to single out only the 
rudimentary details of historic events while a multitude of detail is 
vaguely appreciated, and though only vaguely appreciated yet figuring 
in our thinking about these events — to the extent, at least, of finding 
a place in our intended actions — a strong case might be made for 
claiming that even the most devoted friend of analysis thinks as if he 
believes there is a holistic character to historic events. Indeed, the ana- 
lyst might well assert that barring some future and never to be realized 
state of omniscience he must continue to take the same wide perspec- 
tive of historic events. A non-historicist would no doubt claim that 
this is required by the fact of human limitations; the historicist would 
build a metaphysic. But I don't see how the historicist can be denied 
free construction of generalizations, however heady. Certainly Popper 
has not showed that we can know these generalizations to be false 
without examination. (Since Popper advances a refutation and not a 
meaning criterion, we are not impelled to the nice subject of rule 
establishment.) 

In fairness to Popper we must note his claim following the argument 
given in the preface to The Poverty of Historicism. He says, "It (the 
argument) only refutes the possibility of predicting historical events to 
the extent to which they may be influenced by the growth of our 
knowledge”. However, with emphasis on the term 'may” I find the as- 
sertion less relevant to the alleged refutation, more indicative of the 
open-mindedness and flexibility of the author, for he would be doing 
no more than admitted that assertion 1 (the first of his premises) is 
possibly false — an admission allowed of refutations. If "may occurs 
with non-modal meaning, then, as I have indicated, we still lack the 
premise needed for a refutation. 

In conclusion, a friendly audience cannot, if I am correct, accept 
what Popper offers as a refutation. This is to say nothing of those who 
would deny scientific method the important role we give it. 
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An examination of the ontological proof 
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$ 1. Introduction 


In this paper I will try to shed some light on the logical structure 
of the ontological proof of God's existence proposed by Anselm of 
Canterbury. Despite the application of modern instruments of 
analysis, my leading idea has been to save as much as possible 
of the thought in the texts considered. 

Anselm's arguments will be reconstructed in the language of 
elementary logic, i.e., classical first order predicate logic with 
identity. We may call this language ”L”. The following list indi- 
cates the meaning of some fundamental locutions of IL: 


SIA not ÅA, 

A&B A and B, 

ANNED A or B, 

ADB if A then B, 

A=B A if and only if B, 

F(x) x has the property F, 
Vx(---X---) for all x it holds that —-—- Xx ——-—, 
2Ix(---X---) there is an x such that ———X—-—-—, 
12x(=--X---) the unique x such that ——-—>Xx-—-—-. 


We also give translations into L of some key terms from An- 
selm's text." "Deus” is translated ”God”. The letter ”G” abbre- 
viates ”nihil maius cogitari possit” and the synonymous predi- 


cates ”maius nihil cogitari potest”, ”maius cogitari nequit”, ”maius 
cogitari non potest”, ”maius cogitari non valet”, and ”nil maius va- 


2 S. Anselmi Opera omnia, vol. 1 (ed. F. C. Schmitt, Edinburgh 1938). 
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let cogitari”.” Thus the formula ”G(x)” means that nothing greater 
than x can be conceived. Further, ”E” stands for ”est in re”. Thus 
the formula "E(x)” means that x exists in reality (and not merely 
in the understanding). Clearly, ”est in solo intellectu” implies 
"non est in re”, which can be rendered ”E(x)” in L. 

For convenience of reference and conciseness of presentation, 
I list here those quotations from Anselm's text on which my ana- 
lysis is based. I also give translations into ordinary English, using 
the abbrevation ”G” as explained above. 


(Q 1) ”Et quidem credimus te esse aliquid quo nihil maius cogi- 
tari possit. — — — Convincitur ergo etiam insipiens esse vel 
in intellectu aliquid quo nihil maius cogitari potest. — — — Et 
certe id quo maius cogitari nequit, non potest esse in solo 
intellectu. Si enim vel in solo intellectu est, potest cogitari 
esse et in re, quod maius est. Si ergo id quo maius cogitari 
non potest, est in solo intellectu: id ipsum quo maius cogi- 
tari non potest, est quo maius cogitari potest. Sed certe hoc 
esse non potest. Existit ergo procul dubio aliquid quo maius 
cogitari non valet, et in intellectu et in re.” (Proslogion, 
capitulum II, Op. cit., pp. 101-102.) [”And for certain we 
believe that you are something to which G. — — — There- 
fore even the fool is convinced that something to which G 
also exists in the understanding. —- - - And certainly that 
to which G cannot exist merely in the understanding. For 
even if it exists in the understanding, it can be conceived 
to exist also in reality, which is greater. Hence, if that to 
which G exists merely in the understanding: then exactly 
that to which G is something to which not G. But this is 
certainly impossible. Therefore, it is beyond doubt that 
something to which G exists, both in the understanding 
and in reality.” ] 


> Note that the property of being God and the property G are distinct. 
This fact is not always apparent from the variants of the ontological proof 
which are discussed in the philosophical literature from Descartes on. The 
kind of proof of Gods existence treated, e.g., in S. Halldémns article on 
"Kants Kritik des ontologischen Gottesbeweises” (Theoria, vol. 18, 1952; 
pp. 1-31) has really very little to do with Anselm”s original proof. 


(Q2) 


(Q3) 


(Q 4) 
(Q5) 


We 


selm's, 


plicit: 
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"Quid igitur consequentius, quam si 'quo maius cogitari 
nequit” est in solo intellectu, idem esse quo maius cogitari 
possit?” (Responsio II, p. 132.) ["Then what is more 
necessary than: if something to which G is merely in the 
understanding, it is something to which not G?”] 

”Quod utique sic vere est, ut nec cogitari possit non esse. 
Nam potest cogitari esse aliquid, quod non possit cogitari 
non esse; quod maius est quam quod non esse cogitari 
potest. Quare si id quo maius nequit cogitari, potest cogi- 
tari non esse: id ipsum quo maius cogitari nequit, non est 
id quo maius cogitari nequit; quod convenire non potest. 
Sic ergo vere est aliquid quo maius cogitari non potest, ut 
nec cogitari possit non esse. Et hoc es tu, domine deus 
noster.” (Proslogion, cap. III, pp. 102-103.) [”In any case 
it exists so truly that it cannot be conceived not to exist. 
For it is possible to conceive of something which cannot 
be conceived not to exist; this is greater than something 
which can be conceived not to exist. Whence if that to 
which G can be conceived not to exist: then exactly that 
to which G is not that to which G; which is contradictory. 
So truly, therefore, is there something to which G, that it 
cannot be conceived not to exist. And that is you, O Lord, 
our God.”] 

"Deus enim est id quo maius cogitari non potest.” (Pros- 
logion, cap. IV, p. 104.) ["For God is that to which G.”] 
"Quid igitur es, domine deus, quo nil maius valet cogitari? 
Sed quid es nisi id quod summum omnium — —- -?” (Pros- 
logion, cap. V, p. 104.) [ "Then what are you, O God, our 
Lord, to which G? What are you but that which is the 
greatest of all — — -?”] 


$ 2. Anselm's first argument 


now give a reconstruction in L of one argument of An- 
(A 1), with the presuppositions (P 1)-(P 3) made ex- 


(P1) God=def. 1x(G(x)). 
(P2). "Ebx(G LL) 2 (Gbhx(6(x)))): 
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(P3) GbLx(G(x))). 
0) Ebx(6(x))). [From (P2), (P 3):1 
(2) E(God). [From(R TEE 


Correlates of (P1) are stated explicitly in (Q 4) and (Q 5) 
and hinted at in the invocation of (Q 3). A critical discussion of 
(P 1) should have to concentrate on the empirical applicability 
of the relation "greater than” that is interfused in the property 
G. However, it seems that establishing the nature of this relation 
would require a question-begging amount of religious belief, and 
then of course the very effort of arguing like (A 1) is unnecessary 
as far as religion is concerned. But apart from the problem of 
application, the argument may be of interest for the history of 
logic. 

(P 2) is clearly indicated in (Q 1) and possibly also in (Q 3). 
Actually, the sequence (P 2), (P3), (1), (P1) could be taken 
as an almost literal translation into L of the last three sentences 
of (Q 3). In (Q 3), the words ”ut nec cogitari possit non esse” 
obviously mean that God's non-existence is inconceivable precisely 
because his existence follows logically from the intuitive assump- 
tions at stake. As regards this inconceivability there seems to be 
no fundamental difference between (Q 3) and the argument in 


(Q 1). 


$ 3. Kant's objection 


Kant's celebrated objection to Anselm's argument is directed 
against a variant of (P 2): ”Sein ist offenbar kein reales Prädicat, 
d.i. ein Begriff von irgend etwas, was zu dem Begriffe eines 
Dinges hinzukommen könne”.” This objection might be rendered 
as follows: ”E” should not be admitted as a predicate in L. Hence 


” As remarked by Norman Malcolm in Philosophical Review, vol. 69, 1960, 
p. 45, there is no evidence that Anselm thought of himself as offering two 
different ontological proofs in (Q 1) and (Q 3). Malcolm's attempt at making 
up such a difference I believe to be mistaken. 

"I. Kant: Kritik der reinen Vernunft (Werke, herausg. Preuss. Akad. der 
Wiss., vol. 3, Berlin 1911), p. 401. Remarkably enough, a similar conception 
of existence was discussed already before Anselm by al-Farabi; cf. N. Rescher, 
Journal of the History of Ideas, vol. 21, 1960, pp. 428-430. 
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(P2) cannot be expressed in L, and (A 1) is obstructed. How- 
ever, even without ”E” we can enunciate in L the proposition that 
E(x) is the case by the formula ”2y(y=>x)", which says that there 
exists an object y, concrete or abstract, such that y is x. Then 
(A 1) can be reproduced in L if we modify (P 2), (1), and (2), 
thus: 


ENE EEK) SCREEN 
Pye FyDERAG(X))): 
PArFey God): 


By switching from predication to quantification the threat 
against (P 2) is averted. Hence the issue raised by Kant's objec- 
tion is seen to be rather uninteresting as regards the ontological 
argument. We cannot declare Anselm”s argument as fallacious on 
the account of its resting on the false doctrine that existence is 
a ”real” predicate,” for this doctrine is not essential to the logical 
process of the argument. (P 2”) can be assumed independently 
of any considerations as to whether existence is a ”real” predicate 
or not. 

In fact, the device of existential quantification is suggested by 
Kant himself when he declares: ”Nehme ich nun das Subjekt 
(Gott) mit allen seinen Prädicaten — - - zusammen und sage: 
Gott ist, oder es ist ein Gott, so setze ich kein neues Prädicat zum 
Begriffe von Gott” (loc. cit.). A part of the corresponding state- 
ment in our present metalanguage says that the gquantificational 
existence which we express by ”3y(y=x)"” is not the same as 
predicational existence expressed by ”E(x)” (a distinction to 
which we do not agree). 


$ 4. Anselm's second argument 


However, there are certain indications to the effect that a second 
argument, (A 2), is involved in Anselm's reasoning. In (A 2), 
which includes (A 1), (P2) is derived from the more general 
principle: 

SCÉ Malcolm, loc. cit., p. 44. Malcolm”s alleged difference between the ar- 


guments in (Q 1) and (Q 3) seems to have been made up as an attempt to 
bring out a variant of Anselm's proof that is immune to Kant's criticism. 
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(P2a) Vx((G(x)& ”E(x)) > ”G(x)); 


by dint of (P 3). In (Q 2) we have presumably a statement cor- 
responding to (P 2a). The vacillating usage, particularly in (Q 1 
of the indefinite description "aliquid quo — — -” and the definite 
description "id quo — —- -” lends further weight to the possibility 
of Anselm's having in mind an ontological proof that is founded 
on a more general premiss. 


$5. A fundamental flaw in Anselm's reasoning 


There remains to discuss the presupposition (P 3). If L is 
furnished with a theory of definite descriptions, Russell fashion, 
(P 3) is equivalent to (1').” Hence, in this theory, by presupposing 
(P 3), Anselm is grossly begging the question. 

One may wonder what premisses Anselm considered as logi- 
cally true. He would probably not have reckoned (P 2) as valid 
for every interpretation of ”G”". But (P 3) he may have regarded 
as an instance of a supposed logical truth," which could be ex- 
pressed in L as follows: 


(P3 FERRELL 


Here the sign ”"” indicates that the formula ”F(1x(F(x)))” is 
logically true, i.e., true for every non-empty individual domain D 
and for all interpretations within D of "F”. 

In L, (P 3a) has the absurd consequence that every property 
is true of exactly one object: 


FEVER 


Accordingly, this formula denies the existence of empty pro- 


+ Cf. Principia Mathematica, vol. 1, "14.22. 
” Cf. A. Wedberg: Filosofins historia, vol. 1 (Stockholm 1958), pp. 162 f. 


" Added in proof. In $ 7 below, an interpretation of Anselm”s argument is 
given where the reformulation of (P 3) is logically true while that of (P 2) is 
not. H. Hochberg (New Scholasticism, vol. 33, 1959, pp. 319-330) maintains, 
however, that the validity of Anselm”s argument requires (2) being a logical 
truth, i.e. both (P 2) and (P3) being logically true. 
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perties.” Within the philosophical tradition to which Anselm be- 
longed, this special consequence would perhaps be acceptable. But 
then he presupposes once more the very thing that he is out to 
prove in his ontological argument. 


$6. Anselm's third argument 


Our attempt at projecting Anselm's reasoning onto a modern 
description theory thus involves certain difficulties. (P 3a) will 
cause trouble in any theory of definite descriptions formalized 
within elementary logic, since we can always take ”Jy(y=x)” 
for ”F(x)” if all interpretations of ”F” are permitted. Assuming 
then that we want to keep our modern system of comparison, we 
may look for possibilities of changing the method of projection. 
We shall have to try and find out if there are any reasonable in- 
terpretations of Anselm's text beside (A 1) and (A 2). 

For instance, it may be that (P 2) and (P 2") do not correspond 
at all to Anselm”s intentions in (Q 3). Since the statement (Q 1) 
of capitulum II, more or less consciously he may have turned to 
yet another argument, (ÅA 3) say, containing the premisses: 

(P 26) > 3y(y=1x(G(2))) 2 > Lx(G(x))=x(G(x))), 
(PBMR) RAG L)) 

In fact, (P 2b) adheres closer than (P 2) to the wording of the 
last but third sentence of (Q 3). However, (P 3b) must not be 
taken as an instance of the logical law that x=x. On the contrary, 
(P 3b) is equivalent in L to: 


2y (Vx(G(x) =(x=37)) & (y=2x(G(x))), 
which is tantamount to (1'). Hence this interpretation (A 3) is 
not open to us, either. 


5 In Carnap's version of Frege's theory of descriptions (Meaning and ne- 
cessity, pp. 35-37), (P 3a) is equivalent to: 
F 3yvx(F(x)=(x=y)) v (--3yvx(F(x)=(x=y))&F(a"I)), 
where a" is some arbitrarily chosen object. For instance, a” could be 
2X(F(x)), i.e. the class of all x such that F(x). From this there follows: 
= 3y(F(y)) v (Ix(—F(x)) & Fla")), 


which implies: 


FEAR 
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$ 7. Final redress for Anselm 

Ås a last possibility, (A 4), we could conceive of (P2) as 
stating that the non-existence of 2x(G(x)) yields that 12x(G(x)) 
has the property of being non-G. Then we get: 

(P2c) >3y(y=2x(G(x)))2 (-"G)6x(G(x))). 
This is a possible reading of both (Q 1) and (Q 2). The conse- 
quent of (P 2c) implies: 
Iy(V2lG RB) =E(C=y)N& GY), 
which implies, in turn, the contradiction: 
3y (G(y) & ”G(y)). 

The negation of this formula could be taken as the third premiss, 
(P 3c). Other candidates for (P 3c) are simply: 


(P3) TEESE 


which amounts in L to the logically true proposition that 
Vyl(Vx(G(x) =(x=y)) 2G(y)), 


or the likewise acceptable law: 
3 AR TENSTA 

By that, of course, I do not wish to suggest that Anselm could 
have been aware of the sophisticated distinction between (P 3) 
and (P 3c') and its consequences. In this section I have only tried 
to draw the attention to a reasonable way of reproducing An- 
selm's ontological argument within modern elementary logic ex- 
tended by an ordinary theory of definite descriptions. 


” Frege's theory of descriptions is not as successful in this respect, because 
there (P 3c”) still implies: 
F 3x(F(x)). 


A three-valued calculus for deontic logic 
4 


MARK FISHER 
(University of Khartoum) 


Since von Wright's article appeared in Mind ten years ago " there 
has been considerable interest in the subject of deontic logic. But 
many subsequent writers have proceeded in a wrong direction by 
ignoring the fact that deontic operators cannot operate on pro- 
positional expressions. By doing so they have exaggerated the 
resemblances between deontic logic and alethic modal logic. Von 
Wright ” forbids any expression of the from PPa. ("Pa means "the 
act a is permitted.) For "Pa is propositional and so "PPa” cannot 
be interpreted. The reason why "PPa' is ill-formed is that any ex- 
pression "Pp” is ill-formed if 'p” is a propositional variable. Among 
those who have ignored this fact are Prior, Dawson, and (judg- 
ing by references made to his unpublished work by Dawson) 
Geach.” In this article I shall present a system which takes account 
of the fact that Pp” is ill-formed, and is besides somewhat dif- 
ferent from von Wright's. As far as I know the following features 
of the system are novel: 


(a) itis presented as a three-valued logic; 

(b) the values receive a non-truth-functional interpretation; 

(c) negation, conjunction, and the other modes of composi- 
tion are defined non-truth-functionally, and in a somewhat 
novel way; 

(d) the system cannot be presented as a segment of alethic mo- 
dal logic, as Prior, Dawson, and Anderson have tried to 


2 Von Wright, DL, reprinted in LS. 
? Von Wright, EML, p. 41. 
> See Prior, FL and TM; Dawson. 
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do for von Wright's and similar systems, though it can be 
added to any convenient alethic system. 


1. In deontic logic we form compound schemata out of simple 
letters 'a', b', ..., and deontit connectives N', K', 'A', 'C', and 
'E”. These connectives must be distinguished from the truth-func- 
tional connectives 'N', 'K', A', 'C”, and "E', for reasons given in 
section 3. The letters 'a', 'b', ... are interpreted as variables which 
take values from the range (o, w, d), just as in propositional 
logic the variables p', 'q', ... take values from the range (T, L). 
The letters 'a', 'b', ... take as substituents expressions referring 
to acts, just as in propositional logic the letters 'p', 'q', ... take as 
substituents statement-making expressions. If an interpretation 
of the deontic values 'o', 'w', and "I is required they may be 
called "obligatoriness', prohibitedness'”, and "indifference” respec- 
tively, just as in propositional logic ”T” and "LIL may be read as 
truth” and "falsehood”. 

The letters 'a', 'b', ... will be called deontic variables. The 
deontic operators are 'P', 'O', and 'F". When a deontic operator 
is added to a deontic variable the result is called a deontic sen- 
tence. "Pa means "a is permitted", "Oa” means "a is obligatory”, 
and "Fa means "a is forbidden”. Deontic sentences are statement- 
making expressions, and can therefore be treated as propositional 
variables. 

Von Wright has recently repudiated his earlier treatment of 
deontic sentences as statement-making expressions, on the ground 
that such sentences cannot be said to express anything which can 
be true or false. But if it is clearly understood that a deontic sen- 
tence is always used in the context of a set of rules, permits, pro- 
hibitions, and so on, then these sentences are being used to ex- 
press something which may be true or false. The analysis of ab- 
solute deontic utterances, expressed without the assumption of 
such a set of rules, is a different matter. I hope to discuss the 
resemblances and differences between relative and absolute deon- 
tic logic in another article. 


Tables are used to define the deontic operators: 
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Table I. 
Pa Oa Fa 
Por OT EO 
PAT OJET Fr 


Compound deontic schemata are deontic functions of their com- 
ponent deontic variables, just as in propositional logic truth-func- 
tional schemata are truth-functions of their component variables. 
Therefore deontic sentences may be formed by adding deontic 
operators to compound deontic schemata. For example, the ex- 
pression "PKab” is a deontic sentence, formed by adding to deontic 
operator "P” to the compound deontic schema Kab”.'” 

2. To define the connectives it is useful to define a performance- 
operator 'Q”. "Qa” means "a is performed”. We postulate: 


P,. EQNaNQa 


"Na means "the act performed if and only if a is not performed”. 
Behind this postulate lies the assumption that for every a, either a 
is performed or Na is performed; in symbols, IQaQNa. We 
further postulate: 


P,. EQKabKQaQb 


Kab” means the act performed if and only if a is performed 
and b is performed”. 

It would have been possible to define only one connective in 
this way, namely either "D” or X”, and then define all the other 
required connectives in terms of it, just as in propositional logic it 
is possible to define all other connectives in terms of either 'D” or 
XW”. But in deontic as in propositional logic it is better to give a 
first exposition in terms of connectives whose meaning is intui- 
tively clearer. 


< It is well known that 'N?” (and 'N”) and any one of the other deontic 
operators can be used to define the others. In my system such definitions 
are: using 'P', Oa=NPNa, Fa=NPa; using "O', Pa=NONa, Fa=ONa; using 
FP, Pa=NFa, Oa=FNa. A possible fourth operator is '$, definable as 
follows: Sa=PNa=NOa=NFNa. 
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The other deontic connectives may now be defined. We use de- 
finitions analogous to those used to define "A', "C”, and 'E” in 
terms of 'N” and 'K” in propositional logic: 

D,. Aab=NKNaNb 

D,.. Cab=NKaNb 

DIE KCOha Cab 


3. Truth-functional connectives may be defined in various 
ways. The most elegant is to give a table showing the truth-values 
of each possible substitution of truth-values for the variables in a 
schema '"öp”. This method is also the most useful in devising a con- 
venient decision-method, and is of course only available if a de- 
cision method is available. For, purposes of subsequent compari- 


son the usual tables for truth-functional connectives are set out 
in Table II: 


Table II. 
NP Kpq Apq Cpa Epq 
Ni KPP ApT=T . CpT=T EpT =p 
INVICESID KRDLETL VALD CpLENP EpL=Np 
(CIN =1 
Clq=T 


Similar tables must now be set out for "Na" and "Kab', and de- 
finitions D,-Dz; used to derive tables for "Aab', "Cab, and 'Eab”. 
It is sufficiently obvious that the following equations hold: 

No=w, Nw=0, Koo=0, Kww=vwW. 
There remain four problematic cases: Nd, Kow, Kwd, and Kdd. 
In the case of "Nd', suppose first that the act of smiling is indif- 
ferent, and suppose that it is not performed. Now consider the 
the act which is performed, N-smiling. If it is obligatory, then 
the act of not-not-smiling must be prohibited (by No=w); if it 
is prohibited then the act of not-not-smiling must be obligatory 
(by Nw=0); hence either NNa=a, or else smiling is not indif- 
ferent. But this contradicts the assumption; therefore not-smiling 
is neither obligatory nor prohibited, and must therefore be in- 
different. That is, Nd=d. (The assumption here used that 
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NNa=a can be proved when the full tables for the deontic 
connectives have been given. There is no question of proving that 
the tables are correct, since they constitute the definitions of the 
connectives. The argument given is meant only to add to the ac- 
ceptability of the tables. Similarly, it is assumed in what follows 
that Kab=Kba, though it would be possible to drop the assump- 
tion and prove commutativity from the table for 'Kab”. But such a 
proof would be uninteresting since it would be precisely analo- 
gous to the proof in propositional logic that 'K” is commutative.) 

Consider an act Kab. There are two possibilities: the deontic 
value of a may affect the deontic value of b; or it may not. It does, 
if and only if the deontic value of Kab is not determined be the 
deontic values of a and b. This possibility was seen by von Wright. 
He asserted, however, that if we could assume that no act is con- 
nected in this way with any other, deontic logic would be trivial; 
but I think this is a mistake, since even if we do make this as- 
sumption, the deontic connectives have to be defined in a dif- 
ferent way. Moreover, von Wright asserts that in the case of Aab 
the difficulty does not arise, since its deontic value always is de- 
termined by the values of a and b. But this is not so when both 
a and b have the value d. For if a is marrying someone, and b is 
marrying someone's sister, then if a and b are connected by the 
fact that the person married in a is for example sister of the per- 
son married in b, then clearly Kab=w, and hence Aab=o0o. Hence 
this is a case where Add =0. On the other hand, von Wright as- 
serts that the value Na is not determined by the value of a, on the 
ground that if a is permitted Na may be either permitted or not 
permitted. But this is not so when we use three deontic values 
instead of two as in his system. 

It must be clearly understood, then, that in this system the sub- 
stituents for the variables can only be expressions referring to acts 
which do not affect one another in this way. 

With this restriction it is easy to define the value of the four 
problematic cases. In the case of Kow, suppose that paying taxes 
is obligatory and murder is prohibited. Is the act of paying-taxes- 
and-murder prohibited, obligatory, or indifferent? Normally we 
would say that such an act was prohibited. Similarly, if smiling is 
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indifferent, then murder-and-smiling is prohibited, and if fishing 
is indifferent, then smiling-and-fishing is indifferent. Clearly, 
many pairs of indifferent acts, if conjoined, make up a non-in- 
different conjunctive act; but this is because the deontic value of 
these conjunctive acts is not determined by the deontic value of 
the components. That is, such pairs are not considered as pairs 
of possible substituents in my system. 

Finally, what value has Kod”? If we can settle it as d we shall 
have a table for K” precisely analogous to the table for 'K', since 
we shall have Kob=b and Kwb=w. But unfortunately it does 
not seem possible to settle the value as d. Consider the example 
of paying-taxes-and-smiling. We normally say that indifferent acts 
make no difference to the obligatoriness or prohibitedness of acts. 
Thus it is obligatory to pay taxes whether you pay them smiling 
or unsmiling. That is, Kod=o0. If it were true that Kod=d, then 
it would be easy to escape any obligation by announcing that con- 
joined to some arbitrary indifferent act it became indifferent. It 
is even less plausible to give Kod the value w. The conclusion 
must be that Kod=o0. 

The tables for the other deontic connectives can now be de- 
rived. The table for "A” will be derived in full: 


Aoo =NKNoNo =NKww=Nw=0 
Aow=NKNoNw=NKwo =Nw=0 
Aod =NKNoNd =NKwd =Nw=0 


Aww=NKNwNw=NKoo=No=w 
Awd =NKNwNd =NKod=No=w 
Add =NKNd Nd =NKdd=Nd=d 


Table III shows the tables for all the deontic connectives. 
Those for 'C” and E” are derived in the same way as that for "A”. 


Table III. 
Na Kab Aab Cab Eab 
No =w Koo =0 Aoo =0 Coor =0 Eoo =0 


Nw=0 Kow =Ww AOWw =0 Cow =Ww Eow =Ww 
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Ndj=d tikod =p Aod =0 Cod sd Eod =w 
Kww=vWw AWW=W Cwo =0 Eww =0 
Kwd =w Awd =Ww Cdör=0 Ewd =w 
Kdd =d Add =d Cww=0 Edd =d 


Cwd =0 
Cdw =w 
Cdd: =d 


These tables can be abbreviated, like those given in Table II, as 
follows: 


Kab Aab Cab 
Koo =0 Aob =0 CoObr=B 
Kod =0 AWW=W Cwb=0 
Kwb=VWw Awd =w Cdb =b 
Kdd =d Add =d 


No abbreviation is possible in the tables for N” and 'E”. 


It can now be seen why the truth-functional connectives can- 
not be used in forming deontic schemata. Comparison of Tables 
II and III shows that whereas KTq=, Kob>+b, since Kod=o0o. The 
other differences between Tables II and III follow from this one; 
but for it we might have had a 1: 1-correspondence between the 
tables. However, the equation Kod=0o seems unavoidable and we 
are therefore forced to define a fresh set of connectives. 

If these connectives are defined with matrices, we find that 
the three-valued system thus defined is different from either 
Lukasiewicz's original three-valued logic for Aristotelian neuter 
propositions or the intuitionist three-valued logic. The matrices of 
the three systems are set out for comparison, in that order. 


fK. öletinQ N förl lenr OHENE sork BÅL EN 
TSE OG gg 
HERE SKANSEN Le KO 
ÖRKOKOSOS I OM KOR OKOME OM KOROEOR EI 


4, Since deontic operators can be added to deontic schemata 
to form deontic sentences, any expression "Pda” can be assigned a 
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truth-value if deontic values are assigned to the deontic variables 
and Table I is consulted.” Hence any expression "Pda” can be as- 
signed a truth-value if deontic values are assigned to the deontic 
variables and Tables I and II are consulted. Finally expressions of 
the form "PSPdsa must be considered. If deontic values are as- 
signed to the deontic variables, and Tables I and II are consulted, 
the truth value of the part of the expression after the initial 'P” 
may be determined. It may be either T or L. If it is T the whole 
expression has been reduced to PT” and if it is L the whole ex- 
pression has been reduced to 'P.L'. Suppose it has been reduced to 
PT”. And suppose this has happened because "Påa” has the form 
of a truth-functionally valid schema. Then it is perhaps plausible 
to assume that PT=T." However, if the expression reduces to 
PT” only for some substitutions of deontic values for deontic va- 
riables, then the assumption that PT=T has not the same plausi- 
bility. But in any case, as has already been pointed out, "'POPöda” is 
ill-formed, since "Pda” is propositional, so that "'POPåa” has the form 
of "Pp", and this expression cannot be interpreted. Even if we take 
the desperate way out of making "Pp mean "It is permitted to 
assert that p', such a statement can never be logically true or lo- 
gically false. (I cannot see that Anderson's interpretation of Pp” 
- "the state of affairs described by 'p” is permitted” — can avoid 
the charge of mixing language and metalanguage in one expres- 
sion.) It is best to follow von Wright” and exclude as ill-formed 
all expressions of the form "PÅPSa”. It follows that expressions 
of the form "SaPa” are also ill-formed. These may however always 
be recast as 'åQaPa”.” It should be noticed that the problem of 
how to treat ”contradictory acts” and ”tautologous acts” receives 


> & is a variable connective, understood in the same way as '&. 

” Prior gives a proof of "CaPo', where 'w is a truth-functional schema, 
from von Wrights axioms "COaPa and "EPAabAPaPb”. See Prior, FL, Pp. 
223, and von Wright, EML, p. 38. But see below, section 6, where the second 
axiom is shown to be non-valid in this system. 

” Von Wright, EML, p. 41. Anderson's solution is also adopted by Prior, 
FL and TM. 

> Thus Prior's reformulation of von Wright's ”commitments” 'OCab” as 


"CaOb? is ill-formed. See Prior, FL, p. 224. No act can commit anyone to any 
proposition. 
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a definite solution in my system. For the act KaNa has the value 
w-except when a=d, when it has the value d. Whether it would 
be better to exclude such expressions or permit them seems not to 


> matter; and ordinary usage will provide no guide, since when we 


admit as a logical truth the sentence COaOa, CpMp, or CLpMp, 
we have already departed radically from what ordinary usage 
would countenance. 

5. A decision-method is now available for all sentences of de- 
ontic logic. One such sentence will be tested, and the procedure 
then explained. Von Wright gives "CKoaOCabOb” as a theorem 
of his system.” 


(0) CKOaOCabOb strategy (a, b) 

(1) CKOOOCobOb=CKTOCobOb=COCobOb 
(I COECNOL=C00T=T 
(H2)EEEOECONWOW=COWL=CEL=T 
(U3JETCOCKNOd=CIO0=T 

(2) FEKOWOCIbOHECKLOCKIBOb=CLOB=T 

(3) CKOdOCdbOb=CKLObOb=CLOb=T 


The method is a simple extension of Quine's decision-method 


= for propositional logic, as modified by Törnebohm.” The method 


of substitution on one letter at a time is due to Quine, and is 
sufficiently well known. The system of index numbers to show 
what letter has been substituted for at each stage and the exten- 
sion to 3-valued systems, is due to Törnebohm. 

In deontic logic two sentences can be formulated which are 
analogous to the paradoxes of strict implication: CNPaOCab, and 
CObOCab. Each of these will now be tested for validity as 


further illustrations of the decision-method. 


(0) CNPaOCab strategy (a, b) 

(1) CNPoCCob=CNTOCob=CLOCob=T 
(2) CNPwOCwb=CNLOo=CTT=T 

(3) CNPdOCdb=CNTOb=CLOb=T 


FMon. Wireight, EMI, p3:39. 
0 Quine, section 5. Törnebohm, LS, section 9, and SML. 
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(0) CObOCab strategy (b, a) 
(1) COoOCao=CTOCao=OCao 
(11) OCoo=0o0o=T 
(12) OCwo=00=T 
(13) OCdo=Oo=T 
(2) COwOCaw=CLOCaw=T 
(3) COdOCad=CLOCad=T 


Both the deontic paradoxes are valid. The difference between 
von Wright's system and this one can be brought out by testing 
one of his axioms for validity. The "Principle of P-Distribution” 
can be formulated as "EPAabAPaPb” (0). 


Strategy (a, b) 


(1) EPAobAPaPb=EPoAPTb=ETT=T 

(2) EPAwbAPwPb=EPAwbALPb=EPAwbPb 
(21) EPAwoPo=EPoPo=T 
(22) EPAwwPw=EPwPw=T 
(23) EPAwdPd=EPwPd=ELT=L 


The fact that this axiom is not valid in this system reflects the 
fact that there is no 1: 1-correspondence between Tables II and 
III. But this correspondence is precisely what is asserted by the 
axiom, explicitly for "'A” and "A, implicitly for the other con- 
nectives. 

6. Törnebohm has developed a similar decision-method for his 
system of alethic modal logic.” It is quite simple to combine his 
system with the present one, and a decision-method for the com- 
bined system is easily found. It is then possible to test some of the 
paradoxical principles which can be formulated in such a system, 
and have been given convincing demonstrations by other writers.” 

For example, Grelling”s Rule, given by Prior as 


CC”KabeCKObOce, 


"! Von Wright, EML, p. 38. 
” Törnebohm, SML. 
"? See Prior, FL, pp. 227-228. 
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can be tested when it has been reformulated, in the way suggested 
in section 4, to CC QKabQcCKQaObOc; and when tested it is 
non-valid. Similarly, the principle of the fait accompli, given by 
Prior as CKaONaOa, when reformulated as CKQaONaOa, can 
be tested and is non-valid. 

7. It would now be possible to give a set of axioms for the 
deontic system here presented, and to give proofs of independ- 
ence, consistency, and completeness. But as an efficient decision- 
method is available these investigations are not urgent. Instead, 
some extensions of the system will be sketched. 

a” means "the act which is the punishment for a”. We define 
the operator in the table: o'=w, w'=0, d"=w. za” means "a is 
punished”. The operator 'x' is defined by the equivalence: 
EzaQa. In a similar way, 'a' ”, and oa” can be defined. 'a' ” means 
the act which is the reward for a”, and is defined in the table: 
0” =0, W' =W, d" =Ww. "oa means 'a is rewarded” and is defined 
by the equivalence: EoaQa”. These symbols may be useful in for- 
malising some jurisprudential concepts. Notice that the defini- 
tions (which could of course be altered) assume a highly simpli- 
fied morality. The definition of punishment might be said to as- 
sume a strictly moral situation, in which the punishment of all 
and only forbidden acts is obligatory. The definition of reward 
similarly assumes what might be called a strict nursery situation, 
in which the reading of all and only obligatory acts is obligatory 
acts is obligatory. 

There is a close similarity between "a” and "Fa", for the table 
defining 'a” is transformed into the table defining 'Fa” if 'o' is 
replaced by 'T” and 'w” by "LE. And there is an analogous simi- 
larity between 'a”” and "Oa'. So it would be possible to define a 
situation in which the equivalences "EzaQa” and "EoaQa”” were 
replaced by "EzaFa” and "EoaOa”. It might be called a Pavlovian 
situation, in which all and only obligatory acts could logically be 
rewarded, and all and only forbidden acts logically be punished.” 


142 ] am grateful to Professor H. Törnebohm for his helpful criticisms of 
earlier versions of this article, and for showing his forthcoming article on 


alethic modal logic. 
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Modality and Quantification 


by 


JAAKKO HINTIKKA 
(University of Helsinki) 


Most branches of logic may be studied by means of two dif- 
ferent (although related) methods or sets of methods which are 
usually called syntactical and semantical methods. In this paper, 
I shall outline the basic ideas of a semantical theory of modal 
logic, including quantified modal logic. Since a fuller treatment is 
forthcoming, I shall omit most of the proofs." 

The basic notion of a semantical theory is normally the notion 
of truth. In so far as we are not interested in truth under some 
particular interpretation of logical formulae but rather in the 
question whether there are any interpretations which make a 
given set of formulae true (in short, if we are not interested in 
any one interpretation more than in the others), the basic con- 
cept of a semantical theory may also be chosen to be that of 
satisfiability.” If the negation of a formula f is not satisfiable, f is 
said to be valid. 

For ordinary non-modal logic (quantification theory), the 
notion of satisfiability may be defined (following Carnap, with 
slight modifications) as follows: A set of formulae 2 is satisfiable 
if and only if there is a state-description in which all the members 


1 I am aware that some of my observations have been anticipated in print 
or out of print by various scholars, including O. Becker, Haskell B. Curry, 
Peter Geach, Marcel Guillaume, Stig Kanger, Saul Kripke, J. C. C. McKinsey, 
C. A. Meredith and perhaps still others. I shall not try to trace the exact 
relation of their ideas to mine. 

> Only the different interpretations of non-logical symbols are considered 
here. The interpretation of logical constants (connectives and quantifiers) is 
assumed to be fixed. 
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of 4 hold. (A formula is satisfiable if and only if its unit set is.) 
Now a set of formulae u is the set of all formulae which hold in 
some particular state-description if and only if it satisfies the 
following conditions: 


(C.1) If fis an atomic formula or an identity, then not both 
fiT eran Sa 

(C.2) If fis an atomic formula or an identity and if all the free 
individual variables of f occur in the other formulae of u, 
then either f € u or C f Eu; 

(C.3) If fis an atomic formula or an identity, if g is like f ex- 
cept that a and b have been interchanged in one or more 
places, if £ € u, and if a=b € u, then g € u; 

(C.4) Not + (a=a) € u; 

(C.5) If (f & g) € u,thenf€ nand gu; 

(C.6) Iff< uand gu, then (f &g) uj 

(CZ) If öv g)st pitheny hutoreltpultor both); 

(C.8) IffEuorg< uand if all the free individual variables of 
(f v g) occur in the other formulae of u, then (f v g) < u; 

(C.9) If (Ex)f € u, then flal/x) € u for at least one free in- 
dividual variable a; 

(C.10) If fla/x) € u for at least one free individual variable a, 
then (Ex)f € u; 

(C.11) If (UxI)f < u and if b occurs in at least one formula of 
u, then flb/x) € u; 

(C.12) If flb/x) < ufor every free individual variable b which 
occurs in the formulae of u, then (Ux)f € u. 


Comments: (1) Here the conditions (C.1) - (C.4) make sure 
that that part of u which consists of atomic formulae and identi- 
ties is a state-description (in a sense closely related to Carnap's). 
The other conditions serve to make sure, on one hand, that all 
the other formulae of u hold in the state-description in question 
and, on the other hand, that all the formulae holding in it belong 
to u. These conditions are nothing but variants of the usual 
semantical rules for &, v, E, and U. 


(2) In the conditions (C.1) —- (C.12), I have made use of the 
following assumptions: 
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(i) f, g ...are arbitrary formulae; 

(ii) a, b, ...are arbitrary free individual variables; 

(iii) x,y, ...are arbitrary bound individual variables; 

(iv) fla/x) is the formula obtained from f by replacing x every- 
where by a; 

(v) all the sentential connectives other than , &, and v have 
been eliminated; 

(vi) all the formulae we are dealing with have been brought 
into a normal form” in which negation-signs occur only 
where they immediately precede an atomic formula or an 
identity; 

(vii) "€ is (of course) a metalogical shorthand for 'is a member 
of”. 

(3) If we want to exclude empty universes of discourse, it may 
be accomplished by adopting the following additional condition: 
(C.u) If (Ux)f € u, then flalx) € ufor at least one free in- 

dividual variable a. 

We may thus paraphrase our original definition and say that 
a set of formulae is satisfiable if and only if it can be imbedded 
in a set which satisfies the conditions (C.1) — (C.12). (A set 
which satisfies these conditions will be called an extended state- 
description.) 

However, almost half of these conditions are redundant. I shall 
call a set of formulae which satisfies (C.1), (C.3), (C.4), (C.5), 
(C.7), (C.9), and (C.11) a model set, and rename these seven 
EPRditHonstas TCA C NNE Tse), (CROCI (CEN 
and (C.U), respectively. I shall show how to prove that a set 2 
of formulae is satisfiable if and only if it can be imbedded in a 
model set (i.e. if and only if there is a model set u such that 
u 2 2). 

Proof: (1) The "only if-part is trivial. (2) In order to prove 
the 'if-part it suffices to prove the following pair of lemmata: 


(A) Each model set may be imbedded in a maximal model set. 
(B) Each maximal model set is an extended state-description. 


For it follows from these lemmata that any set of formulae which 
is imbeddable in a model set is imbeddable in a maximal model 
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set, i. e. in an extended state-description. (By the maximality of 
a model set ju, we mean that there is no larger model set » > u 
such that each free individual variable occurring in the formulae 
of » already occurs in the formulae of u.) 

Lemma (B) may be proved by verifying that if one of the 
conditions (C.2), (C.6), (C.8), (C.10), (C.12) is not satisfied 
by a model set u, we may adjoin a new formula to u so as to 
obtain a larger model set. Lemma (A) may be proved by means 
of Zorn's lemma in the same way as the corresponding result for 
sets with a property of finite character (cf. G. Birkhoff, Lattice 
Theory, New York 1948, pp. 42-43). 

The result may perhaps be expressed intuitively by saying that 
a model set is the formal counterpart to a partial description of 
a possible state of affairs (of a possible world”). (It is, however, 
large enough a description to make sure that the state of affairs 
in question is really possible.) For it is natural to say that a set 
of sentences is satisfiable if and only if it can be imbedded in a 
(partial or exhaustive) description of possible state of affairs; and 
this is just what we demonstrated if model sets are interpreted 
as such descriptions. 

This idea helps us to extend the notion of satisfiability to sets 
of formula which may contain modal operators. First of all, it 
shows us that when we are considering such formulae we cannot 
hope to get along by considering just one model set at a time. In 
discussing notions like possibility and necessity, we have to con- 
sider what happens in states of affairs different from the actual 
one. In our definition of satisfiability, we therefore have to con- 
sider sets of model sets. Such sets of sets we shall call model 
Systems. 

What conditions must model systems be subjected to? Suppose 
that Mf € u €.Q where Q is a model system (and where M is to be 
read "possibly”). Then clearly we have to require that f, which 
perhaps is not true in the state of affairs described by u, must 
nevertheless be true in some other state of affairs which could 
have been realized instead the one described by u. Descriptions 
of such states of affairs will be called alternatives to u. In other 
words, the following condition must be satisfied: 
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(C-M") If Mf € u €Q, then there is in Q at least one alternative 
v to u such that f € v. 


Suppose, again, that Nf € u €.2 where 2 is a model system 
(and where N is to be read necessarily”). Then we have to 
require that what is said to happen necessarily happens actually: 


(EN) If Nf a, thensf <p. 


This, however, does not exhaust the 'meaning” of Nf. When we 
say that something takes place necessarily, we say more than that 
it takes place actually. We say that it takes place inavoidably, 
that it would have taken place in all the other courses of events 
which could have been realized instead of the actual one. In 
formal terms, the following condition has to be adopted: 


(C.N") If Nf € u €Q, and if v € Q is an alternative to u, then 
FAS 


The conditions (C.M”), (C.N), and (C.N”) suffice for a mini- 
mum of modal logic, semantically treated. The definition of satis- 
fiability to which they give rise may be summed up as follows: 
A set I of formulae is satisfiable if and only if there is a model 
system <Q2, R> such that 4 < u for some member u of 2. A 
model system is a couple < 2, R > whose first member is a set 
of model sets each of which satisties (C.N). The second member 
R is a two-place relation on 2, called the relation of alternative- 
ness. It is required, moreover, that the conditions (C.M”) and 
(C.N”) are satisfied by 2 and R. 

The semantical system thus obtained is equivalent to a well- 
known syntactical (axiomatic) system of modal logic which was 
first suggested by Kurt Gödel and which has been called by von 
Wright (in Essay in Modal Logic, Amsterdam, 1951) the system 
M. The equivalence means, of course, that a formula is provable 
in M if and only if it is valid in our semantical system. 

If we add the condition that the relation of alternativeness is 
transitive, we obtain a stronger system which is in the same sense 
equivalent to Lewis's system 54. If it is required that the relation 
of alternativeness is symmetric, we obtain a semantical system 
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whose syntactical twin is obtained from M by adopting the so- 
called axiom (axiom schema) of Brouwer's: 
FONM 

If it is required that the relation is transitive and symmetric, we 
obtain a system which is equivalent to Lewis's S5. By imposing 
a certain restriction on (C.M"”) in the semantical counterparts 
to M and to S4, Lewis's systems S2 and S3, respectively, could 
similarly be given a semantical interpretation.” 

I shall not prove these results here. Instead, I shall briefly con- 
sider the problems which arise when modality is combined with 
quantification (and/or identity). The use of quantifiers causes 
changes in the above conditions. For by their means we could 
prove results which are clearly counter-intuitive. For instance, we 
could prove” that the following formula is valid: 

(0) (Ex)NP(x) 2 N(Ex)P(x). 

Yet (1) is obviously unacceptable as a general logical principle. 
We may admit, for the sake of argument, that every wheel is 
necessarily round. Yet we would not therefore conclude that 
since there happen to be wheels in existence the existence of 
round objects is a necessary and unavoidable feature of the world. 

In order to find the source of trouble we may have a look at 
(C.E) and (C.U). They show that every free individual variable 
which occurs in the formulae of u is assumed to behave in the 
same way as an individual term whose 'referent” (bearer) really 
exists in the state of affairs described by u. The presence of 
a free individual variable in the formulae of u, we may thus say, 
is the formal counterpart to the existence of its value in the state 
of affairs described by u. 

From this it follows that when a formula f is transferred from 
a model set u to one of its alternatives — say » — we have to heed 
the free individual variables f contains. If one of them does not 


> The restriction could be formulated by adding to (C.M”) the following 
elause: "provided that u is not an alternative to any other member of Q or 
that there is at least one formula of the form Ng in u.” 

My attention was first drawn to the possibility of obtaining S2 and 3 
along these lines by Saul Kripke. 
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occur in the other formulae of », then the adjunction of f to » is 
legitimate only if the relevant values of this free individual vari- 
able are assumed to exist not only in the state of affairs de- 
seribed by u but also in that described by ». In general, this as- 
sumption cannot be made. Individuals which de facto exist may 
possibly fail to do so. For this reason, the condition (C.N') must 
be replaced by the following condition: 


(C.N”) If Nf € u€Q, if v EQ is an alternative to u, and if each 
free individual variable of f occurs in at least one other 
formula of »v, then f € v. 


It is easily seen that if (C.N”), is replaced by (C.N”)], (1) will 
not be valid any more. 

It is possible, of course, to make the assumption that whatever 
exists in a possible state of affairs exists in all the alternative 
states of affairs; in short, that whatever exists exists necessarily. 
However, it is important to realize that there is no need to make 
this assumption. And it is also important to realize that if it is 
made, we usually have to make other changes in our conditions 
in addition to strengthening (C.N”) to (C.N”). If the ancestral 
of the relation of alternativeness is called the relation of ac- 
cessibility, it is seen that the following condition must be satisfied 
if every actually existing individual is assumed to exist necessarily: 


(C.U") If (Ux)f Eu and if b occurs in the formulae of some 
model set from which u is accessible (or in the formulae 
of u), then flb/x) € u. 

This new condition is really needed, for it may be shown that 

(C.N") does not entail (C.U”); nor does (C.U"”) entail (C.N”). 

However, (C.U”)] and (C.N”]) are both consequences of the 

following condition, which clearly formulates exhaustively the 

assumption that free individual variables are transferable from 

a model set to its alternatives: 

(C.self =") If a occurs in at least one formula of u and if » is an 

alternative to u, then a=a <>». 
Thus we have two different systems, one of which dispenses with 
the assumption that all actually existing individuals exist neces- 
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sarily while the other embodies this assumption. The former 
makes use of our original conditions except that (C.N”) is re- 
placed by (C.N"). We shall call it M. The other will be called 
M”. It may be obtained by adjoining to the conditions of M the 
additional condition (C.self="). However, this is not the only 
way of formulating it. Alternatively, M” may be obtained from 
M by strengthening (C.N”) and (C.U) to (C.N"I] and (C.U"), 
respectively. For it may be shown that every set of formulae 
which is satisfiable in the resulting system is also satisfiable in 
M”. (The converse implication follows from what was said 
above.) | 

From M and from M” we obtain two new systems by adjoining 
to their defining conditions the further condition (C.u). Here we 
may make use of either formulation of M”. If the second formula- 
tion is used, a simplification is possible in that it may be shown 
that there now is no need to strengthen (C.U) into (C.U”). 

The system M deserves special interest because the possibility 
of dispensing with the stronger assumptions which characterize 
M"” is not always perceived very clearly. In particular, these as- 
sumptions very easily steal into a syntactical (deductive) formula- 
tion of quantified modal logic. 

In M” it was assumed that every free individual variable is 
transferable from a model set to its alternatives. We may also 
construct a still stronger system — it will be called M”” — in which 
a transfer is permitted not only from a model set to its alternatives 
but also to arbitrary members of the same model system. M"”” 
may be obtained from M” by strengthening (C.U”) as follows: 


(C.U"") If (Ux)f € u and if b occurs in the formulae of some 
model set which belongs to the same model system 
as u, then flb/x) € u. 


If we are solely interested in the satisfiability of sets of formulae, 
there is a more economical way of obtaining M”". It may be 
shown that the notion of satisfiability (as we have defined it for 
sets of formulae) is not affected if we adjoin to the conditions of 
M (or M”) the following condition: 
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(C.acc) In every model system there is at least one model set 
from which all its other members are accessible. 

If (C.acc) is satisfied, M"” may be obtained from M" by adjoining 

to the conditions of M” the following 'inversion” of (C.U"): 


(C.:U,;) If (Ux)f € u and if b occurs in the formulae of some 
model set which is accessible from u, then f(b/x) € u. 


Alternatively we may adjoin to the conditions of M” a similar 
inversion (C.self =) of the condition (C.self ="). 

An example of a formula which is valid in M”” but not in M” 
is the so-called Barcan formula 

MER LE I(EX) MP): 

If relation of alternativeness is assumed to be symmetric, the 
distinction between M” and M”” vanishes (provided that (C.acc) 
is satisfied). Since the assumptions which underlie M” easily steal 
into the usual deductive systems of quantified modal logic, it may 
be expected that even the stronger illicit assumptions which 


- underlie M” ” easily steal into those deductive systems in which 


the relation of alternativeness is assumed to be symmetric. I.ewis's 
S5 is a case in point. This expectation is in fact fulfilled; it is 
known that the Barcan formula is provable in a current system 
of quantified S5 without any additional assumptions (A.N. Prior 
in the Journal of Symbolic Logic, vol. 21 (1956), pp. 60-62). 

It may be asked whether it is possible in M to strengthen 
(C.=) to a form (we shall call it (C.=1)) in which the restriction 
to atomic formulae and identities is omitted. It turns out that if 
the condition (C.=1) is adopted, we are not moving within M 
any more; we obtain a stronger system which could also be ob- 
tained by adopting the following condition: 

(C.="] Ifa=b€ uandif vis an alternative to u, then a=b €», 
or, in a still simpler form, 

(ENE) Ifa = 0 then Na =B)r: ju. 

In other words, adopting (C.=1) as distinguished from (C.=) is 
tantamount to assuming that all identities hold necessarily. This 
is interesting, for (C.=1) is for all practical purposes identical 
with the principle of the substitutivity of identicals which is often 
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adopted in building a syntactical (deductive) system of quantified 
modal logic. Small wonder, therefore, that in the resulting systems 
it is possible to prove” such paradoxical 'theorems” as 

fi ING =10) 

If the relation of alternativeness is assumed to be symmetric, 
(C.=") entails an 'inversion” (which may be called (C.=)) 
obtained from it by reversing the roles of u and ». In a system 
which this assumption is made every pair of possibly identical 
individuals may be proved” to be actually identical. A deductive 
system of quantified S5 with the principle of substitutivity of 
identicals as one of the axioms is a case-in point. We have seen, 
however, that there is no need to assume (C.=1) as distinguished 
from (C.=). On the contrary, our considerations serve to show 
that the principle of substitutivity of identicals is normally un- 
acceptable in modal logic. 


The Leon Petrazycki Theory of Law 
by 


KAZIMIERZ OPALEK 
(Krakow, Polen) 


I 


Ån interest in the Scandinavian legal philosophy, in our country, 
has been brought about by the marked similarity between many 
of the A. Hägerström school legal philosophical conceptions and 
some views of Leon Petrazycki and his Polish disciples. Scandi- 
navian authors had been known and quoted by our scientific lit- 
terature even before the actual direct contacts had arisen. They 
have been awarded a special publication.” Professor Olivecrona's 
paper: ”Is a sociological explanation of law possible”? ” partly de- 
voted to the Petrazycki theory, has met in our country with ack- 
nowledgement as a mark of spontaneous reciprocity of the Scan- 
dinavians. Their interest in Petrazycki has been by no means 
sporadic as is proved by Professor Olivecrona's paper recently 
published in our country; in this publication the author tries to 
compare some opinions of Hägerström's and Petrazycki's.” 

As it is, it seems worthwhile to try and give a characteristic of 
the Petrazycki theory in the Scandinavian forum. Perhaps a little 
obsolete in some respects, this theory is nevertheless one of the 
crucial achievements in legal philosophy of worldwide importance. 
The Petrazycki theory has met with a destiny not unlike that of 


+ Opatek-Wröblewski, ”Wspölczesna teoria prawa w Skandynawii” ("The 
contemporary Legal Theory in Scandinavia” ”Panstwo i Prawo” (monthly 
Estate and.Law”), 2, 1951; 

2 "”Theoria”, vol. XIV; 2, 1948. 

> Olivecrona, ”Najnowsze kierunki w dziedzinie teorii prawa w Szwecji" 
("Recent currents in the domain of the Theory of Law in Sweden”), "State 
and Law”, 8-9, 1958, p. 260 ps. 


130 KAZIMIER OPALEK 


Hägerström's theory. Having acquired some publicity in the 
youthful period of his activity, Petrazycki was forgotten and his 
later work remained widely unknown. He was not acknowledged 
by his people except for a scanty group of scientists because tra- 
ditional jurists, and they are the most numerous, would not agree 
with a psychological theory which is in contradiction with com- 
mon conceptions of legal dogmatics. 

Lately, interest in the Petrazycki theory is growing in Western 
Europe and in the States.” We could not await, however, any 
greater influence of his views. His conceptions might have been an 
important factor in shaping the legal philosophy at the beginning 
of the XXth century. Many errors Petrazycki was combating 
have been erased since and there is, actually, a very different way 
of putting certain problems. In spite of that Petrazycki's work has 
not only a historical value. If the task of investigating the rich 
bequest of this great thinker should be resumed legal science could 
earn many enriching ideas. However, the works of Petrazycki are 
of difficult access, some are unique, and almost all elaborations 
concerning his theory are written in the Polish language, which 
is not widely known. We should quote here the investigations of 
J. Lande. This professor of Jagellonian University, deceased 1954, 
was Petrazycki's most prominent pupil.” 

I hope that the present exposition of Petrazycki's views may 


+ I do not repeat the list of publications on Petrazycki presented by Olive- 
crona in his paper "Is a sociological explanation of law possible?” —- I am 
only completing it by adding the following positions: Gurvitch, "LIL expérience 
juridique et la philosophie pluraliste du droit”, 1935, p. 153-169; Babb, 
”Petrazhitski's theory of law”, Boston "Univ. Law Review”, 1938, 3; "La 
sociologie au XX:e siecle” (ed. Gurvitch and Moore, 1947), mentions in the 
pap. of Laserson and Znaniecki; mentions by Kantorowicz, "The definition of 
Law”, 1958 posthumous ed. of a publication of this German scientist de- 
ceased 1950); we should also mention the edition in Babb's translation — 
Petrazycki ”Law and morality” — Cambridge, 1955. In general many foreign 
elaborations of Petrazyckis work are either sketches or give second-hand in- 
formations sometimes erroneous. 

>” I am quoting further on publications of Lande. The edition of his main 
works was issued in Poland this year (1959): "Studia z filozofii prawa” 
("Studies in legal philosophy”). 
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stir up interest in his theory. This exposition must be, of need, 
only a rough outline, and it cannot embrace the manifold strains 
of” his creative work concerning logic, methodology of sciences, 
psychology, and sociology. 


II 


It is striking to see the succeeding stages of the course of his 
life and work as consequently corresponding to the creation 
of the succeding parts of a vast philosophical system of which 
he was the author at the end of his life. Having specialized 
in Roman law and in the contemporary civil law in his youth, he 
conceived of a branch of science which might elaborate means of 
perfecting the law, which branch he called legal p olicy. While 
formulating its programme he came to the conclusion that it was 
unavoidable to create his own theory of law and State as a 
scientific foundation for considerations de lege ferenda. The 
more he seemed to approach his essential aims the more remote 
they became. There was not only the need of altering the theory 
of law but of reforming psychology as well, which in its con- 
temporary state was not adequate for laying down foundations for 
the psychological theory of law. While building psychology and 
the theory of law contrarily to common conceptions tasks had to 
be assumed in the area of logic and methodology of sciences. 
When this had been achieved there arose new aims, that is in- 
vestigations in the historical development of law as socially con- 
ditioned and reacting on society, those investigations leading to 
general sociological considerations on the theory of social devel- 
opment. And then he could not miss the finishing touch of the 
system — investigations in central problems of' practical philo- 
sophy. Well-known wants in humanistic branches of science re- 
sulted in such vast aims, which were more than a single man could 
achieve. Every detail could not be finished, and disputable con- 
ceptions arose. Contradictions appeared between the former in- 
vestigative attitude of the positivist, empiricist and realist, and the 
later maximalist tendencies of the creator of a philosophical 
system. There is, however, an important feature in Petrazycki's 
mentality: his uneommon aptitude for seeing things in a way dif- 


2: 
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ferent from any pattern, his aptitude for finding something new 
where things seem to be settled and finished with. It is a strange 
and weird faculty of seeing always and everywhere something 
different than socalled normal people are used to see. Petrazycki's 
view, too, was sometimes wrong, but it was always original. 


III 


Leon Petrazycki was an offspring of Polish gentry. He was born 
on April 13, 1867, in Witebsk territory belonging to Russia. As a 
graduate, in 1890, of the faculty of law of the Kiev university he 
went abroad for further studies and stayed mostly in Germany. It 
was there that his sensational career started in the heat of dis- 
cussions among German legal scientists who were elaborating the 
code of civil law. Petrazycki published in Berlin two big mono- 
graphs: "Die Fruchverteilung beim Wechsel der Nutzungs- 
berechtigten” (1892) and "Die Lehre vom Einkommen” (vol. I, 
1893, vol. II, 1895). They were devoted to certain problems of 
the Roman law. In his detailed considerations he proves, on foun- 
dation of documents, the thesis that the sentences of Roman ju- 
rists represent a process of crystallization of the collective ex- 
perience and have, subconsciously, an economic and ethical pe- 
dagogic aim. He explains the social and economic function of the 
rules of Roman law, which consisted in creating such economic 
motives as were advantageous to society. He demonstrates that 
civil law is not merely the foundation of economic life but that 
it is also an ethical and pedagogic factor producing motives for 
industriousness, thrift, and integrity in the fulfilment of duties, 
and that it stifles antisocial motives — for violence, fraud, re- 
gardless egotism; through repeated reacting it generates in the 
human character changes leading to higher civilisation. 

Roman jurists, while elaborating their law-norms accidentally 
and for a rather primitive society subjected to very slow changes, 
were playing successfully the röle of subconscious organs of col- 
lective social experience. Later jurists and legislators, because of 
a more complicated life, because of the rule of great codifications, 
and especially under the pressure of everlasting dogmatic erudi- 
tion, are unable to play this röle. The progress of science, the un- 
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derstanding of social processes and of the röle of the law, should 
substitute a conscious programme to what occurred subconsciously 
in Roman law. The effect of every norm on the human mind 
should be investigated and this norm should be evaluated on the 
basis of effects it provokes as a motive of human behaviour. Law 
is, unconsciously as yet, subjected to evolution in a certain direc- 
tion and it creates successive types of society. Cooperation with 
this evolution should be our task. Civil policy, a part of the 
general legal policy, a science yet to be created by our mutual 
efforts, is designed for this task. 

Petrazycki asserts that contemporary Jegislators do not under- 
stand the character of the problems de lege ferenda; while 
solving them accidentally they get chaotic and downright harmful 
results. Educated in dogmatics of the valid law they transpose 
dogmatic errors to the area of legal policy. The legislator simply 
imagines a contention and thinks of the means of decision. The 
norm necessary for decision he takes from different sources: he 
deduces it from a more general norm, or takes it from a legisla- 
tion he knows, or he ”weighs the interests”, of the parties giving 
his preference to certain of them, or he acts according to his 
"sense of justice”. All those means are not decisive of the value 
of the law-norm and, in addition, the last two of them allow sub- 
jectivity. Where "methods of justice” are concerned Petrazycki 
says these strikingly sagacious words: "When we cannot motivate 
a rule otherwise than by asserting that it is just, we simply ex- 
press this proposition: we cannot tell why we advise to publish 
this rule but we feel instinctively that it is a good rule. Considera- 
tions upon justice are no considerations in the logical meaning 
when we are handling concepts and propositions and making 
logical deductions, they are merely an expression of certain 
feelings or instinctive thrivings”.” A correct solution of legislative 
problems demands inverting the question: instead of starting with 
a certain situation and searching a norm for it we should take 
the norm for our starting point and investigate the effects called 
forth in people to whom this rule is applied. In this way, instead 


 Petrazycki, "Die Lehre vom Einkommen”, vol. II, p. 507. 
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of deciding on occurring collisions we could prevent them. This 
opposition of the two points of view: dogmatic or juristic one 
against the political one — the author presents in the course of 
his analysis of the draft of the German code which draft he 
estimates to be "a collection of errors in civil policy”. 

Petrazycki's assertions were strongly criticised but they were 
also much praised ” because of his irrefutable perspicacity (espe- 
cially in his "Lehre vom Einkommen”) in deciphering many rules 
of the Roman law which were often such riddles for modern 
scientists as to be ascribed to errors of the text. His critique of 
many legislative motions of the German jurists was greatly con- 
vincing — Petrazycki not only demonstrated that they were 
methodically casual and socially harmfull, but he discovered their 
sources, asserting that the legislators of the draft of German code 


7 Critical mentions: Leonhard in ”Gruchot's Beiträge zur Erläuterung des 
deutschen Rechts”, vol. 38, 1894 (critique of the I vol. of "Die Lehre vom 
Einkommen”), by same "Die Vollendung des Deutschen Bärgerlichen Gesetz- 
buchs”, 1897, p. 7 ps. E. Meyer in ”Conrad”s Jahrb. f. Nationalökonomie”, 
ser. 3, vol. 9, 1895, p. 441 ps. (critique of same vol. from the economic 
point of view), in the same vol. 13, 1897, p. 447 ps. (critique of vol. II); 
von Schey, "Uber den redlichen und unredlichen Besitzer”, 1896, par. 3; Sohm, 
"Uber den Entwurf eines bärgerlichen Gesetzbuchs”, 1896, p. 25 ps. More 
positive evaluations in the works: Oertmann, in ”Gränhut's Zeitschrift fär d. 
Priv. u. Öff. Recht”, vol. 22, 1894, p. 301 ps., in same vol. 23, 1895, p. 186 ps. 
and in ”Arch. för börgerl. Recht”, vol. 8, p. 366 ps; Lobe "Was verlangen 
wir von einem bärgerlichen Gesetzbuch?”, 1896, p. 29 ps.; Oeffner, "Studien 
sozialer Jurisprudenz”, 1894; Menger, "Uber die sozialen Aufgaben der Rechts- 
wissenschaft”, 1895; Zitelmann, "Die Gefahren des Bärgerlichen Gesetz- 
buches fär die Rechtswissenschaft” 1896. Leonhard, in the beginning the chief 
adversary of the concept of legal policy, eventually adhered to it ("Das neue 
Gesetzbuch als Wendepunkt der Privatrechts-Wissenschaft”, 1900, p. 11 ps. 
In consequence of Sohm”s critique Petrazyckis point of view was defended 
by Stammler, "Das Recht der Schuldverhältnisse”, 1903, p. 41. Stammler 
adopted later a number of Petrazyckis theses on social ideal, on determina- 
tion of the economic structure by law, on civilizing and educational reacting 
of law (”Wirtschaft und Recht nach der materialistischen Geschichtsauffass- - 
ung” 1896, ”Die Lehre von dem richtigen Rechte”, 1902, in particular pp. 
175, 198, 201-216, 601 ps.). Petrazycki often complained that Stammler 
presented his conceptions as being his own. 
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frequently confirmed rules resulting socially from slavery and 
from the archaic economy of ancient Rome. 


ING 


Petrazycki's success in Germany was of a rather short dura- 
tion. This scientist came back to Russia and there in a number of 
civilist publications he developed his point of view in legal policy. 
He gave also an outline of the branch of science he proposed in 
his publication "Introduction to the science of legal policy”. He 
devised theoretical foundations for this science, he worked at the 
theory of law and, on its behalf, at logic, at the methodology of 
science, and at psychology. Along with this activity Petrazycki 
was appointed Professor of Encyclopedia and Philosophy of Law 
in Petersburg, 1898. This is the beginning of the most fecund 
period of Petrazycki's activity; he produced many publications ” 
and their acme is his "Theory of Law and State in accordance with 
the Theory of Morals” in two volumes (lst ed. 1907, 2nd ed. 
1909-10). 

Though Petrazycki's logistic and methodological considerations 
present many interesting points we have to pass them over in the 
present paper and we shall concentrate upon his psychological 
theory of law which had to be the basis and the starting point for 
civil policy. I shall present sucessively the subject of the theory of 
of law as understood by Petrazycki in accordance with his classi- 
fication of the legal sciences, his definition of law and of the basic 
tendencies of its reaction, his views on the röle of law in society, 
and his theory of evolution of the law. All those conceptions this 
scientist elaborated in the period of his greatest activity, which 


3 "Kijewskija Uniwersitetskija Izwiestja”, No 8-10, 1896; in same in No 
6 of same year paper "On the division of dowry in Roman law”, in book ed. 
- "Bona fides in Roman law”, 1897 (in Russian). 

? "Outline of the philosophy of law”, 1900, ”On motives of behaviour”. 
1904, (in Russian: German transl. 1907, Polish transl. 1925), "Introduction 
to the Science of Law and Morals”, 1905 (in Russian: Polish ed. 1930, Ger- 
man ed. of the I part of this publication entitled ”Methodologie der Theorien 
des Rechts und der Moral”, 1933), and a number of small publications as 
well as further civilist economic publications. 
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lasted till the First European War. Later on he added some finish- 
ing touches but he mostly concentrated upon the general socio- 
logical and philosophical problems. These considerations I shall 
close with a short characterization of the last period Petrazycki's 
activity. | 


Mi 


While analyzing the state of the contemporary theory of law 
and of other legal sciences Petrazycki concluded that their nu- 
merous defaults had a common source, i.e. that jurists did not see 
the difference between the problems they were handling, and 
treated them on the same level; wherever they discerned the dif- 
ference (e.g. Kelsen) their legal considerations contracted to a 
single point of view. This same object — the law — can be considered 
from different standpoints and by different sciences. To make it 
clear Petrazycki started with the classification of the sciences with 
the object of a special application to legal sciences.” He turned 
away from traditional classifications based on the subject of 
sciences, as he asserted that such classifications were not adequate 
for practical application; we can classify in a logical way only 
homogeneous objects; such are not the sciences in their actual 
state, as they are the product of cultural development. 

Petrazycki's classification is based on the division of proposi- 
tions into definite types (bound homogeneous propositions create 
science). Fundamental here is the division of the propositions 
into theoretical or objectively investigative ones, which test 
is their truth, and into practical or subjectively relative ones 
which give directions or evaluations of behaviour. The theoretical 
propositions Petrazycki divides into general ones (class proposi- 
tions) which subjects are concepts or collections of objects (of 
infinite number) possessing a definite character, and into in di- 
vidual ones, which subjects are individual or collective con- 
cepts designing a definite collection that we are able to investi- 


” He awarded this classification a definite form in his publication "Nowe 
podstawy logiki i klasyfikacji umiejetnosci” ("New foundations of Logic and 
Classification of Sciences”), ed. posth. 1939. 


THE LEON PETRAZYCKI THEORY OF LAW SY 


gate entirely. Those last propositions he divides according to ad- 
jective modifiers into: descriptive ones characterising the sub- 
ject in its actual state, historical ones allowing dynamic 
changes, and prognostic ones concerning forecastings. Prac- 
tical propositions according to Petrazycki are divided into two 
types: normative, which advise or reject absolutely a de- 
finite conduct, and tele ologic, which advise a definite conduct 
as a means of attaining an end. 

On the basis of this classification Petrazycki discerns among 
legal sciences: the general theory (and theories of subjected 
classes, i.e. of varieties of the law), detailed descriptive historical 
and prognostic science, the normative science (i.e. every legal 
dogmatics), and teleologic legal policy in accordance with indica- 
tions of theoretical sciences. We should stress that Petrazycki 
in his conception of legal dogmatics as ”normative science”, not 
always very clearly put, approaches Kelsen's view, especially as 
it appears in the older publications of this scientist. Legal dog- 
"matics should consist of normative propositions instead of being 
a description of law-norms, which we cannot admit, as was lately 
justly stated by A. Ross as well as by a number of representatives 
of the Polish theory of law.” 

Characterising the subject of the theory of law in Petrazycki's 
conception we should stress the following theses: 

1) the distinction between the law-norm as being an ideal crea- 
tion, and its real correspondents: human experience, whose con- 
tent is a norm, and human behaviour directed by this norm. 

2) every experience of a certain special composition (to be 
explained later) regardless whether its content conforms to offi- 
cially valid law-norms — is a law-experience. It has been objected 
many times that this conception deprives the law of its ”objec- 
tivity” and of its uniformity ” but Petrazycki retorted that this 


1 Ross, "On law and justice”, 1958, p. 9 ps. Wröblewski, ”Jezyk prawny 
a teoria dogmatyki prawa” ("Legal language and the theory of legal dog- 
matics”), "State and Law”, 1, 1958. Opatek, ”Z zagadnien klasyfikacji nauk 
prawnych” ("On the classification of legal sciences”), ”Zeszyty Naukowe 
Uniwersytetu Jagiellonskiego” ("Cracow University Review”) 7, 1959. 

2 Znamierowski, ”Psychologistyczna teoria prawa” ("Psychologistic theory 
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objection results from confusion of two problems, that is of a 
theoretical statement that there is a legal phenomenon, and of the 
normative proposition concerning a disposition of official law. 

3) the valid law is not the subject of the theory of law; law 
as a class of objects, law in general is its subject. The theory of 
law traditionally pretended to be a theory of the official valid law, 
and that was the origin of its failure. There can be no correct 
theory of ”valid law”: it is not a theoretical concept as it is 
founded on a certain evaluation, very much like the concept of a 
true religion”, of a "correct language”, and such like. In all those 
domains the above values, demanding a subjective evaluation and 
impossible to be conceived in a uniform way, are not the subject 
of theoretical investigation, this subject being the phenomenon of 
evaluation which preserves its uniformity regardless of the con- 
tent. 

4) in consequence: the law-norm, the individual experience, 
and the social processes as resulting from this experience are the 
subject of the theory of law. The theory of law-norms is not a 
theory of ”the valid norm” but of the norm as a content of a legal 
experience whether this norm is valid or not. This were, then, the 
so-called analytic part of the theory of law. But the most impor- 
tant parts of this theory are investigations in law as a real pheno- 
menon of the mind, and investigations in law as reacting on society 
and socially determined. 


VI 


Investigations in legal phenomenon conducted Petrazycki into 
the domain of psychology and there he realised the need of ela- 
borating the problems on which his interest was focussed. The 
traditional division of the elements of the mind into cognition, 
sensation and volition he considered unsatisfactory because, in his 


of law”), ”Przeglad Filozoficzny”  ("Philosoph. Revue”), fasc. 1, 1922, 
Znaniecki, ”Wstep do socjologii” ("Introduction to sociology”), 1922, :p.,65 
ps. Szczurkiewicz, "Rasa, srodowisko, rodzina” (Blood, social surroundings, 
family”), 1939, p.-237 ps. 
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opinion, the fundamental element, which he called emotion or im- 
pulsion, had been neglected. And so he started building his science 
of the emotions on the basis of detailed investigations by the 
means of introspection.” Emotions, he says, are sensitive-im- 
pulsive experiences deciding directly our active reactions towards 
the outside world, a concept then unknown to the traditional psy- 
chology. Emotions are always a motive of our behaviour; other 
elements of our mind can become such motives only indirectly 
when they impel the emotional impulse. Emotions are of an at- 
tractive character when they attract us to something or they are 
of a repulsive character when they repulse us from it. 
Petrazycki divided emotions into special ones always calling 
forth a certain action in a determined direction (e.g. the emotion 
of hunger, of fear), and into abstract emotions calling forth an 
action in a direction determined by other states of the mind con- 
nected with them (ideas and sensations, for example). Deter- 
mined abstract emotions he considered a fundamental element 
of ethical experiences as consisting in coupling the idea of a cer- 
tain behaviour with a special emotional reaction. Among ethical 
experiences he discerned the legal experiences, when behaviour 
influenced by the emotional reaction has the character of obliga- 
tion on one side and of right on the other (imperative-attributive 
experiences), and moral experiences which have a unilateral im- 
perative character. According to this conception of legal ex- 
periences Petrazycki estimated law-norms and basic concepts 
to be what he called emotional phantasmata, projections, pseudo- 
propositions and pseudo-concepts (e.g. ”duty”, ”right”, ”legal re- 
lation”, and the like). The same concerns of course norms and 
moral concepts. I shall pass over the complicated analyses by 
means of which Petrazycki discerned norms from ”judgments of 


”14 


value”. 


13 In the II part of the quoted publication "Introduction to the Science of 
Law and Morals” ent. "Psychological foundations of the Theory of Morals 
and Law”. 

14 Those analyses — as compared with novel views —- Lande continued in his 
publication ”O ocenach” ("On judgments of value”), ”Kwartalnik Filozo- 
ficzny” ("Philosoph. Quarterly”), vol. XVI, fasc. 3-4, 1948, p. 241-315. 
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Petrazycki characterised joint ethical experiences as "mystically- 
autoritative” obeying an external voice full of gravity opposing 
in an absolute manner any other impulses. I shall present how 
Petrazycki tried to explain this character of ethical experiences 
by means of sociological investigations. 

To stress the difference between legal and moral experiences 
Petrazycki elaborated a comparative theory of psychologic and 
sociologic reaction of law and morals.” A joint motivating and 
educative influence is characteristic of law and morals but there 
are substantial differences in this influence: 

1) The legal experience produces an active legal attitude of the 
mind (a conviction of personal right) that might result in out- 
growths (litigiousness) but its civilizing power is enormous as it 
has bred a type of citizen with a sense of self respect and of his 
rights. Moral experience does not produce such an attitude. 

2) The legal experience because of its attributive quality (the 
fulfilment of duty is due to the other party) exerts greater stress 
on behaviour than moral experience, and as legal duties are ful- 
filled more steadily and more generally law is more valuable for 
social life than morals. 

3) Where fulfilment of duties is concerned the legal attitude 
of the mind, because of its attributive quality, exacts with greater 
force satisfaction of claims than fulfilment of duty. Hence a 
tendency to be satisfied with fulfilment by other persons, regard- 
less of the kind of motives, e.g. upon complusion. Morals are not 
satisfied with external fulfilment of duty but demand fulfilment 
by the right subject and with a sense of duty. This is the source of 
an erroneous theory of ”external” reaction of the law, and of 
”internal” reaction of morals. 

4) In case of non-fulfilment of duty the active legal attitude 
of the mind is not satisfied with censure but strives to exact ful- 
filment by penalty and coercion. Hence the erroneous theory 
which sees in coercion the essential quality of law. 

5) According to the above the moral attitude of the mind has a 
peaceful character but the legal attitude is bellicose and induces 


> Compare in particular quoted publication "On motives of behaviour”. 
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severe conflicts in case of nonconformity of convictions as to 
mutual rights and duties of men. But the legal attitude of the 
mind finds in itself preventive measures in unificative tendencies, 
i.e. in evolutional thriving to produce conformity of such con- 
victions. Manifestations of this thriving are the following: 

a) The thriving to make law positive, i.e. to create a uniform 
pattern of norms which might be an objective foundation of hu- 
man law-convictions as to their reciprocal rights and duties. The 
Ppositivisation of law consists in creating normative facts, i.e. 
phenomena to which men refer as to the foundation of the valid 
law. A law consciously founded on such facts Petrazycki calls po- 
sitive law (heteronomous), and law which is not founded on 
such facts he calls — intuitive law (autonomous). There is, among 
scientists, a tendency to identify normative facts with law which 
is erroneous because positive law is a law-conviction as to rights 
and duties founded on normative facts. There is also a general 
opinion that every law is positive and morals are intuitive. Law 
and morals can be positive as well as intuitive; the opinion we 
criticise is explained by the fact that the dogmatic method is pre- 
vailing in legal science which method considers only positive law; 
further, in law positivisation is larger than in morals because of 
the character of the law as stressed above. 

b) Another tendency is a thriving to strictly define the content 
of rights and duties. Moral duty has an indefinite and expansible 
character as there is no reason in morals to put any limits even to 
moral heroism; on the other side it is worthwhile to back up 
every act, if ever so small, resulting from a ”good intention”. Law 
meanwhile, can lead to social peace only when it is strictly de- 
finite even though deviating from ”equity” in concrete cases. 

c) The third tendency is a thriving to ground one's opinions 
on an impartial decision of a third party in case of a conflict be- 
tween parties. Hence the phenomenon of courts. 

Petrazycki adds that the above manifestations of unification of 
the law we can find beyond the realm of official law, as is proved 
by the existence of the code of honour, of thieves” law, of sportive 
rules, and so forth. 
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VII 


The above considerations induce Petrazycki to try a charac- 
terisation of the röle of legal motivation in society. I am passing 
over Petrazycki's polemic discussions with different conceptions 
of the human group and of society. He considers the society to be 
a system of coordinate mass behaviour propulsed by different 
motives but the legal motives are fundamental thanks to their 
ability for coordination and unification of men's behaviour. 

His analysis of society results in discovering the reaction of the 
following motivations: 

1) The legal motivation, 2) the auxiliary motivation (oppor- 
tunist) resulting from fear of the sanction, assisting the former 
motivation where it needs reinforcement, and sometimes replac- 
ing it, 3) the independent motivation, an economic one, condi- 
tioned for its existence by the former two. As has been already 
stated the first motivation is the most important and performs in 
society two functions: the distributive function (shaping the le- 
gal private structure, i.e. the economic structure) and the or- 
ganising function (shaping the legal public structure, i.e. the State 
structure). 

The legal private structure, where the right of property is the 
central reacting institution, Petrazycki calls also the economic 
structure because a system of motives independent from acts not 
ordered and not forbidden by law arises in this structure. These 
motives result in processes of mass behaviour in the economic do- 
main that are economic phenomena. Those phenomena, stresses 
Petrazycki, arise only in a legal private structure, i.e. in a struc- 
ture of decentralization where property is divided among indi- 
vidual subjects who can dispose of it according to their free will. 
In a collectivist society the private legal structure may totally 
disappear. This results in the lack of independent motivation and 
of economic phenomena, which are replaced by fulfilment of 
orders. Normally decentralized and centralized spheres are co- 
existing but their reciprocal relations are changed. I am passing 
over considerations on theory of social evolution which is lead- 
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ing, according to Petrazycki, to socialism founded on higher mo- 
tives: duty of social service and care for common welfare.” 

The organizing function of the law is shaping the public legal 
structure. Even as in the private legal structure property has been 
a creative and joining factor, the legal phenomenon cf power is 
the same factor here (this phenomenon results, of course, from 
adequate convictions concerning rights and duties of the power- 
holders and of the subordinates). In this domain, tco, the uni- 
ficative tendency of law leads to conformity of convictions and 
to a system of coordination of mass behaviour which system con- 
sists in the realization of power and in obedience, and is often 
complicated and many-levelled, founded on adequately ordered 
norms. The organizing function of law generates groups as con- 
victions concerning somebody's right to issue orders as well as 
submission to this right asscciate individuals and separate them 
from the neighbouring group. In a more developed society every 
individual belongs to a great number of social groups which are 
interwoven. But there are groups where there is, on the summit, 
a retainer of the supreme autonomous power. Such autonomous 
groups do not interweave with others. They are either groups 
of the same blood where in addition to links of power there exist 
links of blood and lineage (e.g. the ancient patriarchal and tribal 
societies) or they are States founded exclusively on the factor of 
power, i.e. on the official factor. In this way the State is an 
autonomous and official social group. 

The legal and auxiliary (opportunist) motivation reacts in the 
public legal structure as well as in the private legal one, but in- 
dependent motivation does not appear. 


VIII 


In Petrazycki's theory of social evolution his theory of the evo- 
lution of law played an important röle, which theory he presented 
succinctly in the second volume of his "Theory of Law and State” 
and completed in a later period of his activity. As Petrazycki's 


2 Comp. publication of Petrazycki ”O ideale spolecznym i odrodzeniu 
prawa naturalnego” ("On social ideal and revival of the natural law”), 1925. 
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later considerations on this subject had never been published and 
his manuscripts, for the most part, perished in the Warsaw Insu- 
rection of 1944, for our knowledge of the evolution of his respec- 
tive views we can rely only on accounts of Petrazycki's lectures as 
related by his pupils.” 

Petrazycki admits that law evolves steadily in a forward direc- 
tion from lower to higher forms. This superiority he does not 
evaluate from an absolute point of view but as it concerns the 
law”s evolutional social function. He discerns three essential evo- 
lutional tendencies of the law: 

1) The tendency to increase legal requirements (negative as 
well as positive). On every level of the social evolution law de- 
mands of men to perform ever more — in quantity as in quality 
— social necessities. Those demands are related to evolution of 
the human state of the mind. There is also a tendency of in- 
creasing requirements as concerns particular commands and inter- 
dictions. 

2) The tendency to alter motives of conduct as law attains 
identical behaviour through ever higher motives. This tendency 
is using succeeding changes in the human state of the mind to 
attain necessary behaviour by the most adequate means. 

3) The tendency to alleviate pressure. In the realm of action 
of the same motivation higher types of motives attain an end by 
means of minor pressure. Here too law is adapting to the ever 
higher social training of the man who performs requirements 
more easily. 

Progressive adaptation of law to the evolution of man is un- 
conscious. We are not indebted for it to legislators whom we meet 
only on a higher level of evolution — and even then they are not 
conscious, mostly, of their aims though the irrational ideals they 


'” Comp. publication of Lande ”Socjologia Petrazyckiego” (Petrazyckis 
sociology”) (this publication has appeared in the mentioned edition of Lande”s 
work), and publications: Kachan, ”Teoria przystosowania i doboru indywi- 
dualnego” ("Theory of adaptation and individual matching”); Ossowski 
”Teoria przystosowania i doboru spolecznego” ("Theory of adaptation and 


social matching”), ”Prace socjologiczne” ("Sociological Works”), year -b, 1, 
1925. 
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are professing account for an intentional adaptation to the epoch.” 

In relation to Petrazycki's conception of evolution and of social 
progress embracing progress of the law which, according to this 
scientist's opinion, plays a first-rate röle in social evolution — 
questions have arisen that need explanation. Essential are here 
the means which are generating progressive changes. As society 
is considered to be a system of coordinate mass behaviour in- 
fluenced by determined motives it was essential to explain pro- 
gressive changes in motives of behaviour. In the youthful period 
of his activity Petrazycki alluded to some ”unconsciously inten- 
tional processes of adaptation” as being factors of progress. Later 
on especially at the end of his life he descended to those questions 
to explain them, opposing the well-known traditional theories of 
social progress. 

On the background of emotional psychology Petrazycki gave 
an outline of his theory of psychologic adaptation of the human 
individual and of the animal as well as of his theory of social 
adaptation in some connection with Darwin's theory but, on the 
other hand, as a predecessor of certain novel conceptions. His 
theory of adaptation of the individual should explain this fact that 
the individual is developing evaluations and inotives of behaviour 
to his advantage; his theory of social adaptation should explain 
the developing of motives advantageous to the welfare of the 
group. 

As far as the first theory is concerned, the thesis of existence, 
in the mind, of tendency to attain pleasure and to avoid dis- 
pleasure is essential for it. On this background a process of emo- 
tional-ideologic relationships is generating, which relationships 
have been repeatedly experienced. Where the question of indi- 
vidual adaptation of the animal is concerned Petrazycki makes 
use of the example of dog's training. It is well known that train- 
ing of the dog in not soiling the room consists in flogging after 
every such fact. Eventually such training is efficacious even though 
the dog does not understand that flogging is the result of a cause 


13 Of course, it was Petrazyckis wish that in the future this adaptation 
should be shaped in a conscious way by legal policy. 
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man wants to avoid. When after his first transgression on the 
carpet of the drawing-room the dog got flogged by the cook with 
her slipper this event generated in the dog's mind a joint ex- 
perience of sensitive-ideologic-emotional character together with 
repulsive emotion against every element of the event, accidental 
as well as essential. In repeated cases the dog gets a flogging from 
other persons, with different objects and in different circum- 
stances. In this course erroneous relationships will disappear and 
the rational ones, as constantly repeated, will be steadied. This 
resembles induction save for the reasoning. In adaptation of the 
human individual in addition to the above elements there is the 
capacity of reasoning but "emotional induction” is of first-rate 
importance, because when experiences are scarce man is inclined 
to create accidental evaluations. On the other hand men with a 
very low level of mind, e.g. savages, astound by their ability to 
apply in life astonishingly apt tricks even though they do not 
understand them consciously. Unconscious fitness is more ”ge- 
nial” than the result of reasoning and tends towards the indivi- 
dual's advantage. 

But Petrazycki lays the major stress on social adaptation. Here 
we have to do with a new element -— with mutual psychologic re- 
action. By means of gesticulation, of mimic, and, first of all, by 
means of the language, the members of the group communicate 
to each other not only concepts and propositions but also emo- 
tions. Emotions are more easily ”contracted” than intellectual ele- 
ments: men are talking, in the first place, of what makes them con- 
tented or sorry, of what is ”good” or ”bad”, of qualities and faults 
of their fellow-creatures, fear or wrath of an individual conta- 
minates the crowd and urges it to panic or fight. Reciprocal com- 
munication of emotions generates in the group an enormous la- 
boratory of evaluations where collective experience is used, which 
experience is far richer than the individual one, and takes into 
account also further results of acts, which is often impossible for 
individual experience. When in a primitive group somebody has 
accomplished a deed for the first time, e.g. has murdered a kins- 
man, taken his sheep and invited friends to join in the feast, this 
deed will generate different evaluations in members of the group 
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— negative and positive ones (those last in the family of the mur- 
derer, in the friends he invited). But repeated murder will erase 
evaluations, not advantageous for the group and it will steady the 
conviction that murder of a kinsman is a crime. On the other 
hand, the murder of a member of a strange group will be con- 
sidered a merit. In individual convictions, while they are con- 
stantly communicated, there develops something resembling 
struggle for existence and natural matching. Evaluations not ad- 
vantageous for the group will be erased and ”resultants” of collec- 
tive experience proportional to social benefit or damage caused by 
the deed will persist. In Petrazycki's opinion this social adaptation 
is more genial than the individual one, it is ”supragenial”. It is 
encouraging unconsciously intentional progressive processes. 

By means of his conception of the formation of emotional ”re- 
sultant” convictions Petrazycki explained also the qualities of 
ethical experiences which have a mystically-authoritative charac- 
ter. Those qualities, states Petrazycki, are explained by the fact 
that: 1) the individual gets adequate evaluations by way of ”so- 
cial persuasion” — and then they seem to derive from some ex- 
ternal mysterious and irrational authority, the more so as their 
content is frequently convictions contradictory tu individual in- 
terests; 2) those experiences are the reflexion of ”resultant” con- 
victions which generate in the social group by collision of innu- 
merable individual convictions, and in such a resultant all re- 
gards, mostly intentional ones, coupled with individual convic- 
tions, fall off, and there remains only the concept of the deed 
(e.g. of the murder of a kinsman) considered to be a ”crime”, this 
concept being coupled with duty of refraining from it. 

Such are, in a brief outline, Petrazycki's views on evolution 
and on the origins of law. Those views - I am bound to stress 
— are known only in fragmentary way and as it is so, they are 
not sufficiently clear. There are here many doubtful points, for 
example the question of criterion of evaluation which question is 
linked with Petrazycki's conception of social evolution considered 
exclusively in categories of improvement of the attitude of the 
human mind. Those questions need detailed discussions very dif- 
ferent from the present paper. 


10 
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IX 


The last period of Petrazycki's life — from the end of the First 
European War till the scientis's death, 1931 — elapsed in Poland. 
Petrazycki took the chair of Sociology at Warsaw University. He 
was offered the chair of Theory of Law but he declined it as it 
had been held for many years by another professor. A group of 
ancient and new pupils gathered around Petrazycki but his views 
were considered with some reserve by the larger juristic and phi- 
losophical circles or they did not arise adequate interest. Publica- 
tions of his works were scarce because they never had been edited 
in Polish. It was only after his death that this activity gained 
some extension thanks to the organization in Warsaw of the 
Leon Petrazycki Society.” An edition of Petrazycki's fundamental 
work is being prepared even now in our country ” but a number 
of his works are definitely lost as their manuscripts were de- 
stroyed. 

In his last years Petrazycki was merely a shadow of the former 
scientist full of ardour. Undermined by illness, he still worked 
much and strenuously, in particular on sociology and philosophy, 
but it was hard for him to draw loose ends together so he pro- 
duced innumerable sketches, projects and fragments of works. 
Personal intercourse with Petrazycki, however, just as in the Pe- 
tersburg University, was still an enriching event of lasting impres- 
sion, as is related by many a living pupil of this scientist. His stu- 


dents remember in particular his seminars, when Petrazycki dis- 
closed to them unexpected vistas leading to untrodden paths of 


thought in different problems. 


” This Society edited the following publications of Petrazycki: "O dopel- 
niajacych pradach kulturalnych i prawach rozwoju handlu” ("On comple- 
mentary civilizing currents and on laws of the development of commerce”), 
1936, ”Prawo a sad” ("Law and court”, 1936, ”Zagadnienia prawa zwycza- 
jowego” ("Problems of the customary law”) 1938, "Nowe podstawy logiki i 
klasyfikacji umiejetnosci” ("New foundations of logic and classification of 
sciences”) 1939, ”Szkice filozoficzne” ("Philosophical sketches”), vol. i 
1939, ”"Nauka o kategoriach” ("The science of categories”), 1939, "O filozofii” 
("On philosophy”), 1939. 

” The first volume has appeared this year (1959). 
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Petrazycki's activity has not been awarded as yet full elabora- 
tion; there exist only numerous sketches written before and after 
the war, throwing some light on his creative work, as well as 
mentions in more detailed publications, like manuals.” Some sci- 
entists of the younger generation were related to Petrazycki's 
conceptions in their publications, others, while representing a dif- 
ferent standpoint in legal philosophy, never neglected his con- 
siderations and for many a question of detail relied on his con- 
ceptions. Other branches of legal science were mostly proof 
against Petrazycki's influence. J. Lande, already mentioned, has 
played the most prominent röle in further development of the 
theory of this scientist especially as concerns the part of his theory 
of law devoted to the law-norm.” This part of the Petrazycki 
theory was not sufficiently elaborated and presented many a 
doubt; Petrazycki awarded it less attention as he got excited by 
his discovery of the psychological character of law and in his 
publications laid the major stress on it. Further development of 
the Petrazycki theory in Poland, in particular the publications of 
J. Lande, would need special considerations. 

The above outline of the Petrazycki theory was aimed at a 
general presentation neglecting many details concerning conten- 
tious points of discussion. I estimate that such an end is the only 
one possible in a single paper and that it may constitute a starting 
point for eventual discussions and considerations if they should 
be considered profitable and might be adequately prepared. Se- 
lecting at the outset a particular aspect or a particular problem of 
the Petrazycki theory I did not consider relevant, because in that 
case we could not avoid some misunderstandings and the necessity 
of explaining other parts of this theory which can be understood 


2 Lande, "Leon Petrazycki”, ”Philosoph. Revue”, 1932, fasc. 1-2. Stein- 
berg, "Leon Petrazycki”, ”Philosoph. Quarterly”, vol. 8, fasc. 4, 1930 (for 
what concerns critique — comp. note 12). It is impossible to quote here all 
considerations and mentions. 

? Lande, "Norma a zjawisko prawne” ("Law-norm and legal phenomenon”), 
"Czasopismo Prawnicze i Ekonomiczne” ("Legal and Economic Periodical”), 
vol. 23, 1924, p. 235-348; "Nauka o normie prawnej” ("Studies in the law- 
norm”), posthumous edition 1956. 
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by readers not acquainted with it only as a whole. Moreover, 
some errors disfiguring the general aspect of this great scientist's 
conception are to be found in the well-known West-European 
elaborations of the Petrazycki theory, in particular in Sorokin's 
exposition. I should be very happy if the present brief elabora- 
tion could stir up interest in the Petrazycki theory in the Scan- 
dinavian area. 
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Introduction 


The substituends-for Pp, q, 7 in sentential logic are sentences. 
When sentences are classified into true and false ones we regard 
pb, d, Yr ... as truth-value variables, and functions of such vari- 
ables constructed from the variables by means of the connectives 
N, K, A, C and E (Polish notation) are truth-value functions or 
simply truth-functions. 

The substituends for p, q, r, . . . may be classified in other ways 
than into true and false sentences. We may for example classify 
sentences into necessary, impossible and contingent ones. If we do 
so we should regard p, q, r etc. as modality variables, taking mo- 
dalities as values. I hope this terminology is acceptable. A logic 


i in which p, q, r are modality variables is a species of a three- 


valued logic. 

A function of modality variables constructed from modality 
variables by means of connectives may properly be characterized 
as a modality-function. In addition to connectives we shall also 
make use of two modality operators L and M (Polish notation) 

Lp is read ”p is necessary” 
and 

Mp is read ”p is possible”. 

Truth-functions can be evaluated by means of truth tables. In 
the classical two-valued sentential logic we use the following table: 
(Quine”s notations for truth-values are used.) 


Table I. 
Np Kpq Apq Cpq Epq 
NI SÖKT Algsalt om Claqrdve nETg==g 
NI=Towv Klgs=l) ALgsgqav Clq=T 2 iLELlg=N9 
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We wish in this study to follow the example of sentential logic 
and construct modality tables corresponding to truth-tables. 

Restricted modality functions. Let us at first restrict the set of 
substituends for the variables p, q, r, ... to sentences which are 
either necessary or impossible. We shall use the notation » for 
necessity and « for impossibility. To indicate our restriction nota- 
tionally we put asterisks above the letters p, q, r. We say then 
that p", q", r", ... are two-valued modality variables ranging over 
the set of values [», c]. 

It is very easy to construct a modality table for our starred vari- 
ables. We use the following postulates. 


PIE If SANU SOMLyNaEN pi 
Prop if and only if p"=L1L 
PES 
P4. Mp" =p" 


These postulates are obviously suggested by the ways in which we 
commonly use modality terms. 

Using our four postulates we establish the following restricted 
modality table: 


Table II. 
Lp Mp" Np” Kp"q" 
Lp'=p"  Mp'=p" = Ny=i Rvq" =q" 
Ni =V Kiq = 


Apa” Cp'a" Ep"q" 
Avq" = CM 0 Era dl 
SANNE =GT (Cher = Etig =Nar 


Table II assures us that a formula which is L-true when the 
variables are treated as truth-value variables is a modality func- 
tion which always takes the value » when the variables are treated 
as two-valued modality variables. Likewise it follows from the 
table II that L-false truth-functions correspond to restricted mod- 
ality functions which always takes the value .. 

We will call a modality function which takes the value » for all 
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distributions of values on its variables a »-function and one which 


; always takes the value « a i-function. 


Two important consequences follow from table II. 

A. There is a one-one correspondence between restricted »- 
functions and L-true functions. 

B. There is a one-one correspondence between restricted :.- 
functions and L-false functions. 

We notice furthermore that L and M are identity operators in 
the restricted modality system. 

Unrestricted modality functions. We are now prepared to pro- 
ceed to unrestricted modality functions. As guiding principles in 
our construction of an unrestricted modality table we will make 
use of two postulates which are suggested by A and B above. 

P5. If a formula without modality operators is L-true, then it 
is also a »-function. 

P6. If a formula without modality operators is L-false then it 
is also a e-function. 

Using (A) and (B) in the previous section we may state P5 
and P 6 in another form. 

BISON Pp RHS tuneton witbout modality 


operators then P (p,, p., ... px) is also a »-function. 
PIGESTEE ORO Pp Dn) istaretuNnetion without modality 
operators then P (p,, p,, ... p) is also a function. 


We have introduced the notations » and : for the modality values 
necessity and impossibility respectively. We now introduce y as 
notation for the third modality value contingency. 

We add the following two postulates. 

P7. Ly=c: It is impossible that a contingent sentence is ne- 
cessary. 

P8. My=»p: It is necessary that a contingent sentence is poss- 
ible. 

According to P5 and P6 it should hold that part of an un- 
restricted modality table is identical with the whole restricted 
modality table. 

We therefore should have: 
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Table III. 
Lp Mp Np CKpq 


Ly=1t My=>v Ni=>V ka] 
Ny= 
Kra= 
Apq Cpq Epq 
v v & 
Avq=1v Cyq= | L Evq= | L 
ÖR Ciq= '» Big = 
Ayq= | | Cyq= Eyq= 


The dots stand for unspecified values. It is possible to replace 
some of them by specified values when further use is made of P 5' 
and P6". 

Table II shows that Kiq” is a i-function hence Kiq should also 
be a i-function according to P 6'. We conclude that Kiq =. Using 
similar arguments we find that 


Kiq=Kq=t, (1) 
Avq = Aqv=>v7 (25 

and 
Ciq=vV (3) 


Evy cannot be=>». To see this let us substitute in the formula 
Epq for p a necessary and true sentence and for q a contingent 
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and false sentence. We would then have both ET.L=. and Evy =. 
Hence a false statement should be a necessary one which is in- 
consistent with our postulates. By similar arguments we show that 
Evy cannot be=:. We conclude that Evy=y. We establish in the 
same way that Eyv=>7 so that 


Evy =Eyv=3 (4) 
and that 
Ewy =Eyi=7 (Sj 
Using these results we can easily show that: 
NYE (6) 
Kvy=Kyv=y (7) 
Aty = Ayi=7 (8) 
Cvy=7 (9) 
Civ V (10) 
Cu (GIG) 


Proof of (6): EN'p'p" =v. Hence by P'5 EN'yy =>». It follows 
by (4) and (5) that N'y=7. Assume that Ny+>y. Then N'y is 
either » or « contrary to the last relation. We conclude that 
Ny =y. This proves (6). 

Proof of (7): Table I shows that EKTqq is L-true. Hence it 
follows by P5 that EK»qq=>7, so that EK»yy=. (4) and (5) 
show that this relation does not hold if Kvy=+y. Hence Kvy=Y. 
This proves the first part of (7). 

To prove the second part we notice that EKp"q”Kq"p" =>, so 
that by P 5" EKpagKqp=>7. Hence in particular EK»vyKyv=7. But 
K»y=y as we have just proved. Hence EyKyv=>7. (4) and (5) 
show that this relation does not hold if Kyv=2 or Kyv=-. It fol- 
lows that Kyv=>7. This proves the second part of (7). 

Proof of (8): Table I shows that EALqq is L-true. Hence by 
P5 EAiqq=>, so that EA:yy=>». Using (4) and (5) we conclude 
that Aw=7. The second part follows from the fact that EApgAqgp 
is a »-function. 

Proof of (9): Table I shows that ECTqq is L-true. Hence by 
P1 and P2 it follows that EC»qq is a »-function, so that 
EC»yy=»2. We conclude using (4) and (5) that (9) holds. 
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Proof of (10) and (11): ECpqCNYqYNpbp is L-true. Hence by P 1 
and P5 it follows that EEpqgCNqNp=>7. We conclude that: 

(a) ECvyCNyN» =» and 

(b) ECiyCNyNi =>. 

Using table III (3), (6) and (9) we get: 

(a) EyCp=7 and 

(BOET 

Using (4), (5) and table III we infer that Cyv=» and Cyi=7. 


This proves (10) and (11). 
Using the relations (1), (2) ... (11): and table III we obtain: 


Table IV 
Lp Mp Np Kpaq 
Nv=1 Kyqa=4q 
LpNEp5 Mp =p EN == 00 EK igen 
7 


Fv My=v Ny=7 Kyg=1t 


Apq Cpq Epq 
Avq=r.. Crq=q. sEvq=q 
VArde=d (CH Eiq=Nq 
v v Y 
Ayq=17 Cyq=1)7 Eyq=>17 


The dots in this table cannot be replaced by unique constants. 
We may, however, evaluate Kyy, Ayy, Cyy and Eyy in every case 
by means of the following postulate. 

P9. Let & (pi... Pn) be a modality function without modal 
operators. We rule that: 


a) If PD (p",... pr) is a »v-function, then P (720 =V. 
Bb) IE OHNNESED Nisa t-function, then P (y ... V)E=A | 


c) If P (pi... pa) is neither a »- nor an function (ia 
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P (pi... pa) takes the value » for some distribution of values 
and « for some other distribution of values) then & (y ... VE: 


It follows from P 9 that none of the expressions Kyy, ..., Eyy has 
a unique value. 


Kyy can be : or y 
Ayy can be » or » 
Cryican be » or. y-and 
Eyy can be », «tv or y. 


Value analysis of modality functions. We shall now present a 
method of analyzing modality functions. The method is closely 
similar to Quine's method of truth-functional analysis as pre- 
sented in his "Methods of Logic”. 

Let & (pi... pr) be a modality function. We adopt a program 


of successive substitutions for the variables p, . .. pr one at a time. 
To fix our ideas let us assume that we make the substitutions in 
the order p, ... pr Any permutation of this order would also do. 
Substitution for the first variable gives: 
Dp (Pip) 
(0) 
P (vp, ... Pr) Pipa) PGP DA 
(1) (2) (3) 


Applying table IV to each one of the formulae (1), (2) and 
(3) we transform them where this is possible into formulae which 
have only variables or else into constants. Unless we obtain a con- 
stant we proceed with the next substitution. Suppose for instance 
that P (vp, ... pr) is transformed into P' (pi... pn). 

Substitution for the second variable gives: 


(SDN AS) 
(1) 
PAEPAD P' (eps... Pr) P' (YP3 svs Pn) 
(11) (12) (13) 


and similarily for (2) and (3). 
Applying table IV and P 9 if needed to (11), (12); (13), (21), 
(22), (23), (31), (32) and (33), we transform them where this 
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is possible into formulae which have only variables or else into 
constants. Then we proceed to the third substitution etc. It is 
evident that this procedure after a finite number of steps will lead 
us to a set of constants. The numerals of those constants together 
with the program for substitutions gives us complete information 
about the values of the modality function for all distributions of 
values on the variables. 


An examination of some axiomatic modal systems. 


We shall now prove four important general theorems (G. T-.), 
which justify four commonly used rules of inference in modal 
logic. 

G. T. 1. If P (pi... pu) is a v-function then the result of sub- 
stituting arbitrary modality functions pi (q ... qv for pi (i=1 
...n) in P (p,... pr) is also a »-function. 

Proof. The result of a substitution: viz. 


PD (9 (avg, Plans qu) >>> Pn (Gr qD)) 
is a function P' (q,...q) of new variables q, ... qi. Suppose that 
GT 1 does not hold. Then there exist a set of constants q”, ... q”i 
such that P' (q7,... qui) >». If these constants are substituted for 
the variables in 9, (q ... qv (i=1... n) we obtain: 


PilgängnRN 


where the u; are constants from the set (», Li, y). Replacing pi: by 
Maxi = LEN )ÄDS Di (AA (Gös ngn) ören. Paslgr IgE WEtobtam 
P-(Uy sn): Now Pg qi) = Pipe I pun) Ev sOnthe 
other hand P (u,... un) is obtained from P (p,... px) by re- 
placing pi by um (i=1...n). As P (p, ... pu) =2 by hypothesis 
it follows that P (u ... un)=7 which contradicts the previous 
result. We conclude that the assumption that there exists a set of 
values for which &' (q,...q) =»is false. Hence P' (q... qv) is 
also a »-function. This proves G. T. 1. 

G.T.2 If P and CPYP are »-functions, than I is a »-function. 

Proof. CKp"Cp"q"q” =v. Therefore according to P9 it holds 


that CKpCpqq is a »-function. Substituting P for p and PY for q 
we conclude that: 
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CKPCPPP=,. 


By hypothesis it holds that =» and CP PF =7. Hence CK P = 
=CvP = P =, This proves G. T. 2. 

G. T.3. If P and 7 are »-functions than KPP is also a v-func- 
tion. 

Proof. Suppose that there exists a set of values for the variables 
of P and 7, such that KPP =>», Let P, and P7, be the cor- 
responding values of £€ and 7. We would thus have KP, P,+v. 
Table IV shows that this relation holds only if either P,>+»v or 
P.Fv contradictory to the condition in the theorem. We con- 
clude that there exists no set of values such that KP 7 +». Hence 
KPP =, which proves G. T. 3. 

G. T. 4. If Epy' is a »-function than EPP" is also a »-function 
where P' is a formula obtained from a modality function P after 
substituting p' for one or more occurrences of & in P. 

Proof. It is sufficient to prove. G. T. 4 for the case of one sub- 
stitution only. 

Suppose to fix our ideas that P=a9vfp where a and f are strings 
of signs written in Polish notation. Then P'=aq'f. 

Suppose that there exist a set of values such that ? and P' have 
different values. Let ?, and P', be the formulae obtained for such 
a set of values. Now P.=aopofo and P's=aop'opo. There are two 
cases to distinguish. 

a) po drops out when the table and if need be P 9 is applied to 
P, in order to simplify P.. If this should happen it should also 
happen that »v', drops out from P',. But then P, and P', become 
identical after simplification. This contradicts the assumption that 
P, and P', have different values. 

b) vo does not drop out after simplification. Then PD, is dif- 
ferent from P', only if po is a different value from &'.. But this 
contradicts the hypothesis that Epy' is a v-function. 

We conclude that there does not exist a set of values such that 
P and P' take different values. It follows from this result that 
EPP'=,, if the modality variables are restricted to [», .]. Hence 
it follows according to P 9 that EPP" is a v-function, when the re- 
striction is removed. This proves G. T. 4. 
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The general theorems G. T. 1, G. T. 2, G. T. 3 and G. T. 4 
provide justification for the following rules of inference: 

R. 1: Rule of substitution: It is permissible to substitute any 
modality function for any variable in a modality function which is 
a »-function. 

R. 2. Rule of detachment. If P and P are modality functions 
such that P and CPP are »-functions, then it is permissible to in- 
fer that 7 is a »-function. 

R. 3. Rule of adjunction. If P and PY are v-functions, then it is 
permissible to infer that KP? is a »-function. 

R. 4. Rule of substitution of equivalences. It is permissible to 
replace any part of a modality function by: a necessarily equivalent 
modality function. 

We have proved that rules of inference which are used in a 
number of systems of modal logic are such that the property of 
being a »-function is preserved when they are applied. If all the 
axioms in a modal system which has the above stated rules of in- 
ference are »-functions, then all the theorems have also »-cha- 
racter. As there does exist formulae which are not »-functions we 
conclude that not every formula can be proved in such modal 
systems. In other words such modal systems are consistent. 

We shall examine Lewis” modal systems s,, ..., S; where the 
four rules of inference stated above are used.” 


Definitions: Lp=def. NUNp 
C'pq=def. NUKpNq 
E'pq=def. KC'pqC'qap 
It is easy to show that C” and E' can be defined differently 
namely as follows: 


C'pq=def. LCpq 
E'pq=def. LEpq 
for it holds that 
ELCpqaNMKPNaA 
and 
EKLCpqLCqpLEpq are v-formulae. 
Axioms for S, 
"P9 is used here. 
"I follow Prior's presentation in: Prior: Formal Logic. p. 305. 
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(1) C'KpaKqp 
(CIECIKPAD 

(3) C'pKpp 

(4) C'KpKarKaqKpr 
(5) ERKEpPaEIre pr 
(6) C'pMp 


UNTjoms: for S;s (L) <<. (6) plus (7) C'MKpaMp 
VART OMIS One S= (LE (6) plus. (8) -EiPa4C MPpMa 
ASdomsHor SS, (LES (C)F Plus. (0) -C'MPpMp 
ASGODIS: fOrESs Le O)FDlus (LÖ) EC MPEMp 
IAS OmsKLOr Så CU s-(M)splusa (11) Mp 
AST OmSsktön SS (CL): (BI Fplust (3) plus (LT) 
VASKTOmSKTor Ne: e((L)E (0) Aplus (8) plus (12) TEMip 
The axioms (1) ... (4) have the form: L followed by a 
I formula without modal operators. That formula is in all cases a 
truth functional tautology and consequently a »-function. Using 
the rule of substitution of equivalences we conclude that (1) ... 
(4) all reduce to Lv=». Hence they are »-functions. 

Using the definition for C' we write for (5) 


LCKLCpaLCqrLCpr fört) 
(0) 
FEKRKEC aLC/rLCr, LCEKLCIIALCÖrLEr LCKLCYaLCqLCjr 
KEKTORCAGrEr LEKRCC/rb (23) 
(1) LCK»LCqrv 
LERCGAr 
Lv 
v 
(2) 
(1) 

LCKL»LCvrLr FORTET TLCKEYECG>rEr 
LCKvLrLr LORKTTLT FCKIPCYrLr 
EGET CET PETE 
Lv Lv Lv 


(11) (42) (13) 
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(3) 

LCKLCyvLCvrLCyr - LCKLCyLCwLCyr LCKLCyyLCyrLCyr" 
TLEKEXErE Ey LCKLyLvLCyr LCKLyLCyrLCyr 
FEK LEkr LCKLyvLCyr EFCKILEmLCr 

FER EE LCKÄLCyr LETE 
(31) ECI Cr Lv 
Lv v 
v (33) 
(32) 
(31) 
LCELC)r KFERECIE LER Ev 
LCvyLv LC IBC 
LCvv IKG LET 
Lv Lv Lv 
v v v 
(311) (312) (313) 
We have now proved that (5) is a »-function. 
Axiom (6): LCpMp (p) 
(0) 
LCvMv LCMi LCyMy 
LCvv LCu LCyv 
Lv Lv Lv 
v Vv Vv 
(1) (2) (3) 
We have proved that all the axioms of S, are »-functions. 
Axiom (7): LCMKpaMp (p) 
(0) 
LCMK»qM» LCMKiqMi LCMKyqMy 
LCM4a> LCMu LCMKyqv 
Lv LCu Lv 
iz Lv v 
(1) v (3) 
(2) 


Hence all axioms in S, are »-functions. 


Axiom (8): 


LCLCvgLCM»Mq 
LCLqqLC,Mq 
LCLIALMq 
Ch 


LCLvLMv 
ECvv 
Lv 


(11) 


LCLCyvLMv 
LCLEvLv 
LCvv 
ED 
v 


(31) 
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LCLCpqLCMpMq 
(0) 
LCLCiqLCMMq 
LCL»LCMq 
LE»Er 
LCvv 
Lv 


(2) 
(1) 
LCLiLM: 


LCu 
Lv 


(12) 


3) 
LCLCyLMi 
CELL 
IKON 
Lv 


(32) 


Hence: all axioms in S, are »v-functions. 


Axiom (9): 


LCMvMv 
LCMvv 
LCvv 
Lv 


(1) 


LCM' pMp 
(0) 
LCM”Mi 
LCMu 
LCu 
Lv 


(2) 


Hence all axioms in S, are »-functions. 
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(Pp, 9) 


LCLCyqgLCMyMq 
LCLCyqLCvMq 
LCLCyqgLMq 
(3) 


LCLyLMy 
LCiLv 
Lv 


(13) 


ECLCyyLMvy" 
EELyLv 
LCm 
Lv 
v 


(33) 
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Axiom (10): 
LCMpLMp 
(0) 
LCMLM» LCMLMi 
ESR ECHO 
LCvv IKON 
Lv Lv 
v v 
(11) (2) 


Hence all axioms in S; are »-functions. 


(0) 


LCMyLMy 
LEYEr 
LCvv 
Lv 


v 


(3) 


We have now proved that the axioms of the systems (1) ... 
(5) are »-functions. Each of the remaining systems S;, S; and Ss, 
however, contains one axiom which is not a »-function in our 


three-valued system. 


Axiom (11): 
Mp 
(0) 
M» Mi 
Mv Mi 
v l 
(1) (2) 
AKT OTE (IL25)1E 
LM'p 
(0) 
LM» LM" 
Lv JK 
v [4 
(1) (2) 


We conclude as a result of our examination that Lewis' systems 
S; - - » Ss hold in our three-valued modality-system, but the systems 


55. . Se do not hold in it. 


DISCUSSIONS 


Mr Halldén on essence statements. By Mats Furberg. 
(University of Göteborg.) 


I want to raise two objections to Mr Sören Halldén's arguments in 
True love, true humour and true religion (Library of Theoria no 6, 
Stockholm 1960). In the first section I shall argue that his class of es- 
sense statements is heterogeneous: there is a very great difference be- 
tween the functions of utterances of the forms "The essence of x is A” 
and Xx is in its essence A” on the one hand and those of utterances of 
the forms "True x is A', Real x is A' and 'Genuine x is A” on the 
other. In the second section I shall maintain that if we pay heed to this 
difference, there is no need to suppose that the essence statements have 
so many different kinds of meanings as Mr Halldén suggests; further, 
the senses which remain will fall into a clear pattern. Although I shall 
have to claim that one or two of Mr Halldén's classifications are un- 
tenable, I think that my essay can fittingly be described as an attempt 


= to give a rationale of his distinctions. 


I 


An essence statement is, according to Mr Halldén, ”(i) all state- 
ments of any of the two forms "The essence of A is B" and "A is by 
nature B'; (ii) statements of the forms "True A is B', Real A is B', and 
"Genuine A is B', provided that they satisfy the further condition that 
their meaning is approximately that of The essence of A is B”. It is 
here taken for granted that the letters 'A” and 'B' stand for conceptual 
phenomena, properties or relations.” (P. 20.) 

In my opinion, this further condition is never or almost never satis- 
fied. Utterances of the first form specified in (i) — call them '”E-utter- 
ances” — are typically employed as a kind of headings or summaries; they 


1 My thanks are due first of all to Mr Halldén who has devoted much time 
to discussion with me on these issues. In spite of the somewhat polemical 
character of my remarks, it is, I hope, obvious how much I have learnt from 
him and his book. 

I also want to thank Mr Jan Andersson who has saved me from several 
inelegancies and mistakes. 
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give the salient points of the story or theory with which they are 
conjoined. Utterances of the form (ii) — for short, "A-utterances” — do 
not sum up anything; they are employed for changing the meaning of 
words, adjusting them to new circumstances. There are intimate con- 
nexions between the functions of E-utterances and A-utterances; but 
they are not identical. — Evidence for this view may be gathered even 
from True love. For all the examples surrounded by context which Mr 
Halldén gives of utterances with an adjustor-function are A-utterances 
(chapters 7-10), whereas his sample of utterances with functions 
which may be seen as derivatives of a summing-up function consists of 
E-utterances (chapters 3-6). But Mr Halldén is brought to overlook 
this fact by his habit of introducing us to the excerpt by means of an 
E-utterance or giving the gist of a quotation by an utterance of the 
form "The essence of x is ...”. 

1. E-utterances. Sometimes we have to tell our listeners a fairly com- 
plicated story. For fear that they loose the thread of our argument we 
may pause and try to give, in a single sentence, the gist of what we 
have said. Words signalling that our utterance is to be taken in that 
way are "What I have been driving at is ...', The main point is ..., 
"The heart of the matter is .... Utterances in which such warning 
signals are inserted may be called "pith-utterances'. Sometimes we place 
them in the opening of a discourse, to give our audience an idea of 
what it ought to look out for. 

There are three as I hope trivial points to be made here. (a) A pith- 
utterance is, by definition, a kind of summing up of a more lengthy 
discourse. This discourse may be well argued or contain serious fal- 
lacies, and it may be supported by a wealth of evidence or have no 
backing at all. But the pith-utterance is no argument and hence epithets 
appropriate to arguments alone cannot be attached to it. It is a fair or 
unfair summing up, but not well-supported etc. Of course we can say 
of a pith-utterance What's your evidence for it?”, but then we challenge 
the evidence for the view summed up in the pith-utterance. 

(b) If the previous point is sound, we ought to expect that a pith- 
utterance cannot be confirmed or disconfirmed. Suppose that at the 
end of this section I say "What I have been driving at is that E-ut- 
terances and A-utterances have totally distinct functions. When you 
try to check whether this summing up is appropriate, you have to go 
back to arguments and see whether my pith-utterance really gives the 
gist of what I have been saying. If it has, then the utterance is appro- 
priate. The question whether E-utterances and A-utterances do in fact 
have different jobs is an entirely different question: I can, of course, 
argue something which is in fact wrong or even absurd. So the appro- 
priateness of a pith-utterance has to do not with truth and falsehood 
but with fairness and unfairness; and to check whether it is appro- 
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priate one has to get back to the discourse it sums up (though not to 
check whether the claims made in the discourse are true). 

(ce) A pith-utterance sums up a discourse in a very concise way. A 
man who enters just in time to hear only the pith-utterance may find 
it exceedingly obscure and even unintelligible. Nevertheless it may help 
our original audience to get a survey over the discourse. An utterance 
like "The gist of the matter is that a mortal sin is sometimes the only 
way to salvation' is not very clear in isolation; but if Mr Graham 
Greene had used it to point the moral of The Heart of the Matter, 
most of his readers would have grasped what he meant. 

Now it is important to note that these three points are conditions 
which we take to be satisfied when we normally hear a pith-utterance. 
But, of course, a man may very well employ a pith-utterance even when 
these circumstances do not obtain. Although he has no theory of re- 
ligion he utters, without any exposition of an argument, My main 
point is that religion is peace of mind”. If we do not know anything 
about him and have no reason to suspect that he employs the phrase 
"my main point in an unusual way, we may be seriously mislead. And 
the phrase is not a whit less misleading if he in fact believes, without 
being able to say more about it, that religion consists in peace of mind. 
If we take his utterance as a paradigm of the employment of "my main 
point is'-utterances, we are soon lead up the garden path. We go se- 
riously astray philosophically if contextless pith-utterances are not seen 
as parasitic upon the pith-utterances which satisfy at least my three 
conditions. 

To me it is evident that E-utterances work in the same way, perform 
about the same task as, utterances beginning "My main points is ..-.', 
"What I have been Hide at is ..., An outline of what I shall try to 
say is ..., The heart of the matter is .... The correct employment 
of an E-utterance presupposes that the conditions (al-(e) are satis- 
fied. A minor adjustment is that although E-utterances as a rule occur 
at the beginning or end of a discourse, they may occur isolated. But 
then a suitable discourse is either hinted at or taken for granted. An 
example of the former sort is if I say "As Goethe taught us, the essence 
of love is affinity. Obviously I am a fraud if I say this without any 
idea of what Goethe's theory is like and without being able to point 
to any resemblance between love and chemical affinity. — An example 
where a discourse is taken for granted but not hinted at is when I say, 
without any comments, "The essence of love is affinity”. I have misused 
the phrase and tried to deceive you if I employ it without being able 
to meet your request "Tell me more about it, please”. 

For the rest, E-utterances behave like ic pith-utterances: in 
checking the appropriateness of an E-utterance one has to look at the 
claims in the explicit or implicit discourse it is tied up with; there is 
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no answer to the challenge "Oh, come! Is it true that the essence of 
love is affinity or isn't it?” except evasions ("If you think of affinity as 
the most important thing about love, then ...); and the E-utterance 
is so concise that a listener often does not understand it unless he has 
some idea of the theory it sums-up. 

I am not sure whether Mr Halldén would accept this. A good many 
of his examples are contextless, as if he thinks that E-utterances are 
in order quite alone. But I should like to know whether we ever would 
admit that it is unobjectionable to say just 'A triangle is in its essence 
a plane figure delimited by three straight lines that cross each other” 
and to leave it at that. If one has no more to say, it is not good English 
to employ the phrase 'the essence of'; the utterance ought to have 
been couched in another form, e.g. A triangle is by definition (logically, 
necessarily) a plane figure” etc. This is perhaps a philological sort of 
objection; but if we are trying to find out how a certain kind of 
phrase works in ”our ordinary living language” (p. 15), we ought to 
be sure that the locution does in fact occur in ordinary language. I 
challenge Mr Halldén to produce an example of an E-utterance that 
can be torn from its context without giving us a feeling of linguistic 
outrage. 

Henceforward I shall assume that E-utterances belong to the class 
of pith-utterances; and in section II I shall maintain that this summing- 
up function explains the various meanings which Mr Halldén finds in 
utterances containing the expressions the essence of or 'in its essence”. 

2. A-utterances. A recurrent theme in the philosophy of the late J. 
L. Austin is that 'real' is an adjuster- or adapter-word — it is "part of 
our apparatus in words for fixing and adjusting the semantics of 
words”.” In ordinary language it has to be attached to a noun (explicitly 
or implicitly), and its job is to adjust the sense of that noun. 

It is obvious that we need adjuster words. For the world contains 
very many different sorts of things that we want to talk about, but our 
vocabulary is limited. Of course we can invent a new word every time 
we come across a new type; but this is inconvenient, and in practice 
we prefer to stretch the field of application of a word. We find animals 
which are not named before but which are fairly (though far from ex- 
actly) like the animals we call tigers. They are a sort of tigers. But 
soon we want to tie the word closer to them: they are real tigers. 


” The quotation is taken from Austims paper "Truth” (PAS, Suppl. vol. 
XXIV, 1950), p. 114. Most of the points in the following three paragraphs 
come from his not yet published lectures on "Sense and Sensibilia” and from 
his discussion of "real in "Other Minds” (Logic and Language, II, ed. A. 
Flew), pp. 132-5. 
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Sometimes the adjustment has to go in the opposite direction: we 
find that for our present purpose we want to make a discrimination 
within the group singled out by the word. Walter has a watch, and so 
has little Johnny — but you can't rely on Johnny's, for it's a toy-watch, 
whereas Walter's is real. When "real is used in this way, we learn to 
know its sense by seeing what it is contrasted with: the sense of "real 
watch” changes as we set it against toy-watch', "dream-watch” or 'hal- 
lucinated watch”. 

Now real is a dimension word in the sense that it is more abstract 
than and can be substituted for certain other words - Austin mentions 
"proper', genuine” and "authentic', and I think we can add true” (in 
the sense which interests Mr Halldén). Instead of "This is true love” 
we can say This is real love”. So the three words occupying a key- 
positien in A-utterances, viz. true', real" and "genuine', are all adapter 
words. Hence the name of "A-utterances'. 

But even though real" can do duty for true” and 'genuine', I am not 


41 sure that the two latter expressions are interchangeable in all contexts. 


It makes good sense to say He may become a true Christian if he 
confesses his arrogance'; but I feel uneasy about He may become a 
genuine Christian if he confesses his arrogance'. For it seems to me 
that there is a sort of conceptual confusion hidden in the talk of some- 
body's becoming a genuine A (though not in his becoming a true AJ). 
Either he is an A ”by nature” (and that does not mean 'in his essence” 
but rather by origin) or he isn't; and if he isn't he can never become 


—a genuine A though he can become a true A. "Genuine” refers to some 


feature in a person which is considered innate and hence cannot be 
created by any deed of his although it can be called forth if dormant. 
Thus I can say 'I admit that Smith is a true Christian, but I doubt that 
his faith is genuine', and then I do not necessarily question the sincerity 
of his faith: I only imply that it does not spring from that part of him 
that is not formed by upbringing and social pressure — I imply that if 
these conditions had been otherwise he might have felt no need of a 
faith. And I may in the same vein mitigate an accusation by saying 
"Certainly he is a true scoundrel — but not, I hope, genuinely so” (which 
does not mean "not really so” but something like not so from an innate 
villainy'). 

If I am right in this, the use of 'genuine” is still governed by its ety- 
mology, and then Mr Halldén is too rash when he dismisses etymolo- 
gical considerations as too far afield to be of real use in his investiga- 
tons (pp. 15): 

Although real can take the place of true', it does not perform ex- 
actly the same duty. Mr Halldén says that true” has a positive colour- 
ing (p. 87). It is doubtful whether this colouring remains if we replace 
true” with "real. I do not show any positive attitude towards you if I 
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call you a real churl, though I may do so if I emphasize the word 
real". 


Mr Halldén does not often discuss A-utterances beginning "Genuine 


A is... or Real A is ..-.', for he believes that "talking about real A” 
and 'genuine A” is not får ford talking about true A”. In the main we 
will therefore delimit ourselves to statements about ... true A'” (p. 


20). So let us drop 'genuine” and real and look closer Är true”. 

When we ask ourselves with what a true something is contrasted, 
we find that the sentence in which the contrast is stated often contains 
the revealing little word "mere and that this word generally is pro- 
nounced in a tone of contempt. That's not true love — it's mere sexual 
infatuation.. — He? He's no true gangster; he's too cowardly. He's 
merely a cheap little crook.” So it seems as if Mr Halldén is right in 
saying that ”statements about true A usually have an evaluative co- 
louring”. But here we have to stress the word "usually', for two reasons: 

(i) When the Concise Oxford Dictionary tells us that a frog is not 
a true reptile, there is no suggestion that reptiles are appreciated, posi- 
tively or negatively. (Here true” operates more freely than the Swedish 
words which come closest to it, sann and äkta”. It is, of course, the 
latter words Mr Halldén has had in mind.) 

(ii) Another reason for hedging is suggested by Mr Halldén when 
he says that true may be used to enhance the negative character of 
a Word, e.g. 'scoundrel'”. If true” always has a positive colouring, true 
scoundrel” ought to be more neutral than 'scoundrel alone. Mr Halldén 
makes no attempt to explain why this is wrong. He only remarks that 
there is ”something paradoxical in [the] use of a word as true” to 
emphasize a negative evaluation” (p. 87).” 

We may take two ways out. (a) We may deny that true” has any 
positive colouring in true scoundrel — in that context, we may main- 
tain, it is a neutrally qualifying word, as it is in true frog”. (b) We 
may deny that the positive colouring of true” is in any way opposed 
to the negative colouring of 'scoundrel — that the epithets do not con- 
flict here, since they work in different dimensions. Thus, we many main- 
tain that true” sharpens the evaluative meaning (positive or negative) of 


> He devotes his discussion of true scoundrelP to other issues. He says (i) 
that the phrase is more definitely negative than the isolated word 'scoundrel” 
(p. 84), and (ii) that it "implies something negative, but also something posi- 
sive” (p. 87). He tries to explain (ii) by the theory that we in fact have 
conflicting attitudes to scoundrels: we disapprove of them and we admire 
them. 

If this theory is right (and I doubt it is), it shows that 'scoundreP is not a 
wholly negative word. But this, of course, does nothing to explain why it is 
not still less negative when wedded to true”. 
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the word it is conjoined with, but that we use this qualifying word 
only in situations where we e.g. feel some form of admiration of the 
thing in question. He's a true scoundrel then works something like 
"Although I admire him, he is indeed a scoundrel in the strongest sense 
of the word'; and this is not a self-stultifying form of expression. This 
way out is, however, plausible only if we can show that other quali- 
fying words than true” are called into play when we want to make 
more evident the negative colouring of a word applied to a person to- 
wards whom we have no pro-attitudes at all. Do we use "He's a 
thorough (an out-and-out) scoundrel” in exactly the same circum- 
stances, including our attitudes, as those in which we use He's a true 
scoundrel”? Probably not; and then, perhaps, (b) is no blind alley. But 
I shall not pursue the matter here (although $ 6 (b) will contain one 
or two relevant points). Whichever way we take, we may avoid sacri- 
ficing the doctrine that true” sharpens the evaluative character of a 
word, as well as the dogma that true” usually is applied to things 
which the speaker likes. 

I hope it is obvious that true” in important respects works like 
"real: to adjust words to new situations. In some cases the two words 
have the very same job — it does not matter whether we say 'A frog is 
not a true reptile or 'A frog is not a real reptile'; nor do we need to 
distinguish between "The true business man earns much money” and 
"The real business man earns much money. But when we come to ad- 
justments of attitudes, we prefer true. This word shows conveniently 
= that what is to be adjusted is the (positive or negative) attitude as- 
sociated with a certain word. This adjustment is effected by stretching 
the field of application of tiger from covering only the old type of 
animals to covering also the new one, or by restricting it from cover- 
ing all watches (even toy-watches) to covering only those that e.g. 
have a clock-work. 

The whole point of an adapter word is that it enables us to adapt 
the field of application of a certain term, either by stretching it to cases 
fairly like those to which it normally is applicable, or by restricting it 
to only a part of the items it previously covered. It is easy to see that 
this may account for the ”persuasive definitions”. Say that we have 
been taught to regard P 1 (with the characteristics c, &, G) as a clear 
case of freedom and that we further are taught to behave towards it 
in certain ways — defend it, praise it, and so forth. Now suppose that 
Jones points to P 2 and argues that since it exhibits ca, &, c it is suffi- 
ciently like P 1 to be covered by the same word. The new convention 
is agreed upon and laid down: "P2 is real freedom". Then Jones goes 
on to argue that P 3, with the characteristics c,, cs, C,, is sufficiently like 
P2 to be called by the same name. By this technique, he may bring 
us round to agreeing that something which does not resemble P1 in 
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any respect is freedom; and by a corresponding restriction of the: field 
of application this something (Pn) may be recognized as the only type 
of item that really is freedom. 

So far, Jones has made no explicit move to redirect our attitudes. 
This may not be necessary if we, have been trained to regard anything 
called freedom” with approval (i.e. if a pro-attitude has been built into 
the very meaning of the word, so that bestowing the title of freedom” 
to something involves looking upon it as a good thing). But since we, 
as a rule, are not brought up that firmly, our attitudes will not change 
so easily, and so Jones has to do something about it. Here the word 
true” comes into play. Isn't the characteristic c& of P1 as a matter of 
fact a very bad characteristic? Isn't it at least irrelevant? Wouldn't 
it be better to choose c, instead of it? If we agree, then P2 is real 
freedom, but net by courtesy any longer, not by a mere extension of 
the field of application of a term originally designed only for pheno- 
mena with the characteristics c, &, Gc. On the contrary, P2 is the 
clearest case of freedom. Still more, our attitudes towards P1 have 
been misdirected and ought to be directed against P2: P2 is true 
freedom. In this way, the field of application is moved from cc, &, & 
to &,.G, G, and. from that to! c, c;, 6, and so forth. The result/of' this 
interchange of stretching and restricting the field of application may be 
that we sheepishly concede that true freedom is exemplified by Pn 
(which even may have characteristics opposed to those of P1). 

We need not be argued into accepting Pn as true freedom. Our oppo- 
nent may resort to the old ruse of talking as if the reasons for making 
these changes are so obvious that arguments for them are affronts to 
our intelligence and moral sense; with an air of knowledge he just says, 
without preambles, "Pn is true freedom”. This trick works if we believe 
that he is in a position to use the A-utterance, i.e. that he can produce 
reasons, of the sort outlined above, for it. But he is demasked as a 
demagogue if he cannot comply with a request for an argument for it. 
So in the case of A-utterances as well as in the case of E-utterances, an 
isolated utterance is parasitic upon the employment of such utterances 
in a context. If we want to consider and describe their behaviour, we 
cannot tear them from their surroundings; for their job is in the case 
of E-utterances to sum up these surroundings and in the case of A-ut- 
terances to adapt to them the word qualified by true”. 

3. The relation between E-utterances and A-utterances. I have argued 
that Mr Halldén's class of essence statement has to be split into two 
classes: that of E-utterances and that of A-utterances. But although 
members of the former class have another sort of job than the members 
of the latter class, they may cooperate. 

A-utterances are not accepted unless the speaker backs them up or 
we assume that he can back them up if asked to. Now a theory about 
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the most important characteristics of a certain phenomenon (love, say) 
as a rule affords a good reason for adjusting the word signifying the 
phenomenon. Having accepted Goethe's theory of love I may say 
"Since the essence of love is affinity, true love is affinity”. It is possible 
that Mr Halldén would regard this inference as a deduction of about 
the same type as "Since John's napkin is white, John's serviette is 
white”: it seems to me that he regards the phrases the essence of and 
true” as having the same meaning, at least in most contexts. (But cf 
Pp. 41 and pp. 53 f£.) This will not do. For (i) the essence of A” and 
true A” are certainly not synonymous expressions. The essence of a 
pith-utterance was given in the conditions (a)-(c) of $ 1, but a true 
pith-utterance was not given ipso facto. 

Gi) Whenever a theory about A has been expounded, it may be 
summed up in an E-utterance (unless it is too complex to be condensed 
into a single sentence); whilst an A-utterance is in place only when the 
subject phrase has acquired several meanings or has a sense that is 
not appropriate in the context. Hence we cannot always move from an 
E-utterance to an A-utterance; for it is clear that sometimes — though 
not when we discuss such topics as love, humour and religion — the 
AN of The essence of A is B' has only one meaning and that meaning 
is perfectly suited to the theory. And then there is no reason to change 
it in any way. Is it really plausible to say that when Prof. Gustafsson 
speaks about the essence of spontaneous creation (pp. 39-401 he is 
I telling us what true spontaneous creation is like? And if it is plausible, 
I isn't it because the phrase 'spontaneous creation (or rather the Swedish 
I term "uralstring') has a sense or senses that makes it unsuitable for 
expressing what he wants it to express, so that he has to adapt the 
word? ” Or suppose that 'A' is a technical word, coined especially for 
the theory, and that it is introduced by reference to standard situations 
and that no other situations are envisaged. Then true A' wculd be 


+ Mr Halldén remarks that ”the distinction between true and false human 
beings does not seem as natural as that between true and false piety” (p. 
54). I agree: it does not seem natural to us. According to our ethics, all men 
are born equal; colour, race and nationality do not matter — or if they do, 
we feel moral qualms. For a slave dealer, or a Nazi, or Mr Verwoerd, the 
case is different. To them, the slave or Jew or coloured inan is not a human 
being; he is not entitled to be treated with the deference due to those en- 
titled to that name. They naturally distinguish between true and false human 
beings; and it is easy to see how even we, with our morals, could find a 
place for it. If it, as in John Wyndham's nightmare The Chrysalids, was im- 
portant to detect and condemn mutations in men, wouldmt it be tempting 
to sever true men (men who do not differ conspiciously from their parents) 
from false men (mutants)? 
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out of place in that thecry, since we have to imagine situations de- 
viating from or more restricted than these standard situations before 
we can even attempt to adapt the new word to them. So a man who 
says "The essence of a A is B' is not committed to agreeing that true 
ARISEB: 5 

(iii) I feel, however, inclined to think that committing oneself to 
an A-utterance ("True love is affinity') involves committing oneself to 
the corresponding E-utterance ("The essence of love is affinity').” If I 
am right here, the asymmetry can be explained. Adjusting a word is 
something we do not bother to do unless we are in grave danger of 
being misunderstood. This semantic laziness prevents us from adjusting 
a word unless (i) it plays a very important role, e.g. signifies a phe- 
nomenon important enough to be the subject of a discourse, and (ii) 
there is danger of miscomprehension if we do not adjust it. And this 
danger does not always arise even in cases where we discuss a pheno- 
menon P whose most important features are summed up an utterance 
of the type "The essence of A is B', where "A' does not quite fit P. 

I conclude, then, (1) that if we are in a position to claim that the 
essence of A is B, we have a good reason for maintaining that true A 
is B though not so good that we can deduce the A-utterance; and, 
with considerably more misgivings, (2) that a person who has com- 
mitted himself to an A-utterance ipso facto has committed himself to 
the corresponding E-utterance (but cf foot-note 5). 


id 


Mr Halldén argues that no less than five main sorts of meanings can 
be found in essence statements, and that there are several nuances in- 
side the various kinds. This fosters a problem. For a meaning is some- 
thing we can be taught to recognize and cbserve; but do we really 
learn five different uses of "The essence of ...is—---? Is it an ambi- 
guous phrase? Of course we sometimes give a locution a new sense as 
we go along; but do we do it so very many times? 

These are naive questions, and perhaps Mr Halldén does not have 
to answer them. For his use of "meaning" and 'sense” is "very general”: 
"The 'sense” or "meaning" of an expression is, in my employment, a class 
of causal tendencies. An existing causal relationship belongs to this 


> In certain circumstances an A-utterance may commit a speaker to an E- 
utterance that does not correspond to it but fastens upon what is common 
to several A-utterances. True love is a mother”s love, a father's love, the af- 
fection between husband and wife — for the essence of love is affinity. So 
when the E-utterance is about a type of phenomenon for which we have no 
word until a term is adapted, the A-utterance may sometimes exemplify dif- 
ferent kinds of things covered by the term adiusted. 
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class if, and only if, the expression is tied by it to the experiences of 
senders and receivers.” (P. 18.) This is clearly a stipulative definition 
(and one which creates difficulties, as Mr. H. P. Grice has shown in 
his paper ”Meaning”).” Yet the choice of label suggests that what Mr 
Halldén wants to pin down lies close to or even encloses what we 
normally call "meaning. And it still seems bewildering that the very 
same phrase is tied to so very many different sorts of "experiences of 
senders and receivers”. 

I shall now try to show that if we pay attention to the distinctions 
made in the previous section, the multiplicity of ”senses” can be re- 
duced and the relations between those ”meanings” that remain will 
be clearer. As before, I shall discuss E-utterances and A-utterances 
separately. When used in Mr Halldén's way, the words 'sense” and 
meaning” will be enclosed in double quotes. 

4. The ”meaning” of E-utterances. (a) I have tried to show that the 
function of an E-utterance is to give the gist of a discourse, to bring 
out its most important points. This is the basic use of an E-utterance, 
and it is seen in two ways: (1) The utterance itself is never verified 
nor falsified; if asked for reasons to believe it, the speaker has to 
produce reasons for believing that the discourse summarized is true. 
I.e., he has to go beyond the summary to the discourse; and it is the 
latter that has to be shown to be true or false. (2) When the E-utter- 
ance itself is the topic of a discussion, the question is not whether it is 
true or false but whether it is a fair summary (or heading) of the 
discourse. 

Now we do not bother to sum up such parts of the discourse as 
are regarded unimportant: when something is said in an E-utterance, 
we are entitled to assume that the speaker wants us to pay more heed 
to it than to the other points in his speech. So an emphatic force 
follows from the summarizing use of an E-utterance. Mr Halldén 
fastens on this force and calls it "the emphatic meaning”. It is clear 
that on my theory the emphatic job and the summarizing job are not 
identical: there are many ways of performing the former without doing 
the latter. But doing the latter involves doing the former. 

(b) Mr Halldén says that The essence of A is B” implies that all 
A's are B's (p. 21). He calls this implication the ”classificatory 
meaning”. I doubt that all E-utterances have ”classificatory meaning 
(though I do not want to deny that all A-utterances avoiding objec- 
tion (i) below seem to have classificatory ”meaning”, in the sense that 
True A is B” seems to imply that all true A's — not necessarily all 
A's — are B's). For (i) E-utterances are often about phenomena for 


< H. P. Grice, "Meaning”. The Philosophical Review, vol. 66, 1957. 
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which we hardly have any principle of individuation. Consider e.g. 
the three phenomena mentioned in the title of Mr Halldén's book. We 
do not have a plural of "humor'; if there is one of "love", its meaning 
has changed into that of "love affanss ; and religions” SANNE bodies 
of religous dogmas, not attitudes of mind. 

(ii) It might be replied that the E-utterances about love, humour 
and religion are concerned with ”experiences” — that what we intend 
when we say e.g. The essence of humour is seriousness' is "The es- 
sence of the humorous experience is seriousness' ; and then a plural 
might be formed. There may be some truth in this. I, for one, must 
however confess that the interpretation is not a true rendering of 
what I mean with the E-utterance. I certainly do not wish to claim 
that everybody who ever laughed at Chaplin saw something serious 
(tragic, etc.) in the episodes at which he laughed; and I am sure I 
don't want to say something about the unconscious ingredients of his 
mental experiences (if that makes sense). Very much can be true 
about the Whale which is not true about every whale. Although the 
relation between Humour and humorous ”experiences” perhaps is not 
quite parallel to that between the Whale and whales, very much can 
be claimed about Humour which does not hold good of every occur- 
rence in which someone has displayed or detected humour. The rela- 
tion between "The essence of A is B” and This A is B' is at least more 
tenuous than Mr Halldén admits. 

(Gi) If someone sums up his lectures in the words I have tried to 
show you that the essence of philosophy is epistemology', has he then 
ipso facto maintained that all philosophy is epistemology? May he not, 
without inconcistency, grudgingly concede that some pieces of semantics 
or of philosophy of science has to be accepted as philosophy although 
they are free from epistemology? Certainly one would expect him to 
argue that they ought to be severed from philosophy; but there is a 
great gulf between ought and is. — To this objection Mr Halldén an- 
swers that "The essence of A is B” implies that all A's are B's but not 
that everything called 'A” is B.” I concede the point if the sender (1) 
does not wish to be understood, or (2) has discovered a difference in- 
side the class of phenomena usually labelled 'A” but not given names 
to the sub-classes, or (3) has names but for some reason thinks he had 
better try non-verbal means to get across what he wants — i.e., I ac- 
cept the reply provided the sender deliberately misuses language or 
thinks that it is not equipped to convey what he wants. Cases of this 
sort are perhaps not so rare as we should like to think. Nevertheless, 
(1) is necessarily not very frequent; for the point of having a fangtste 
is to have a means of making ourselves understood. Consequently, we 


7 In a letter. 
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strive to remedy such defects of language as those pointed out in (2) 
and (3): we strive to make our language adequate to deal with what- 
ever new things we discover in the world. If the lecturer of my example 
wanted to exclude semantics from philosophy, he had the verbal means 
of conveying it. But it would not naturally be done in an E-utterance 
— such utterances have other jobs to do than the classificatory one. 

For these reasons, I think that not all E-utterances have a classifica- 
tory meaning, though some might have: if I have tried to demonstrate 
at length that all A's are B's, I may very well summarize my view 
in an E-utterance. But here the emphatic meaning is clearly the basic 
one. 

(ec) It is not surprising that we often want to emphasize that A 
and B are necessarily conjoined. An E-utterance employed for that 
purpose has, in Mr Halldén's words, ”modal meaning”. He distin- 
guishes four variants: the logical one (example: "A triangle is in its 
essence a plane figure delimited by three straight lines that cross each 
other”), the semantic one ("The essence of love is sincere affection'), 
the causal one ("The essence of humour is seriousness'), and finally 
the indefinite one ("The essence of man is bestiality'). — These varieties 
are, I claim, easily explained if we remember that for some purposes 
the speaker may wish to emphasize the causal relationship between 
the phenomena in question; for others he wants to throw their semantic 
connexions into relief; and so on. So the varieties of modal meaning 
are exactly what we ought to expect when a sentence with an em- 
phasizing role is used to point out that a connexion is necessary. 

(d) I now turn to Mr Halldén's ”esoteric meaning”. He would, I 
think, claim that an E-utterance paradigmatically is of this sort if it is 
obvious that the speaker intends to get across (i) that what he says is 
remarkable, (ii) that there is no need for him to argue his case, since 
he is in a position to inform, (iii) that what he says is — and has to be 
— mysterious. 

I am not happy about this. There is a convention underlying speech 
and writing that we ought to say only things which the audience does 
not know already sufficiently well, and another that we ought to 
speak in a constative way only about matters of which we have some 
knowledge. These conventions are so strong that whenever we assert 
something, we are taken to have claimed implicitly that we know some- 
thing (and preferably more than our audience) about the matter we 
are commenting upon. But sometimes we need devices for stressing 
that certain stretches or parts of what we say are more important than 
others; and since E-utterances are invented to do a summarizing and 
ipso facto emphasizing job (a good summary dwells only upon the im- 
portant features of what it sums up), there is small wonder that such 
an utterance is normally taken to convey that what is said is worth 
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paying attention to. No esoteric meaning has to be conjured up to ex- 
plain (i). 

Mr Halldén does not claim that an E-utterance which satisfies (i) 
also satisfies (ii) and (iii), the connexion between these conditions is 
a loose one.” What Prof. Gustafsson says about the essence of original 
creation is not especially mysterious; and if this essay ends by the 
words "The essence of my objections is that there is a great difference 
between A- and E-utterances', I hope that I have argued my case and 
not tried to convince you without giving any reasons (though, of 
course, my E-utterance will not itself be an argument). So we have 
to cast around for an E-utterance which satisfies (ii) or (iii). 

The ”essence statements” to which Mr Halldén gives this role are 
"introduced abruptly” and not as mere headings of a subsequent dis- 
course; further, they do not rest on even hints of argumentations 
(ch. 6). Mr Halldén is even willing to maintain that esoteric E-ut- 
terances are not intended to be completely intelligible. I do not wish 
to deny that such utterances exist; but as I tried to show in $ 1, we had 
better regard them as parasitic cases: since an E-utterance normally 
sums up a whole discourse and is hard to understand without it, the 
utterance is cryptic; and since it ordinarily sums up a whole discourse 
and since we normally do not speak for very long without having any- 
thing to say (at least if we want someone to listen to us), the ut- 
terance has a certain prestige; but this works only so long as the 
audience assumes that the speaker can produce arguments if chal- 
lenged.” Bad money would not be accepted unless people mistook it 
for coins that are not counterfeits, and esoteric E-utterances would not 
be taken on trust unless people believed that the speaker had used 
the E-utterance in its usual summarizing and emphasizing function. 


> A point made in a letter. 

” Mr Halldén says that the quotations he gives ”have usually been de- 
veloped carefully and have contained at least hints of an argumentation. In 
this respect they are not representative”. (P. 49, my italics.) I could not dis- 
agree more. In ordinary language - which perhaps is not quite the language 
of Bergsom's, Wikner's or Carl Nielsews writings — a context is there or at 
least taken for granted. Though difficult to prove, this contention is of cen- 
tral importance for my essay. If we listen to spoken language and test care- 
fully on other persons (who ought to understand what we are trying to do) 
what we normally say, and when we say it, and what sorts of objections our 
saying it lays us open to, then I think we could eventually reach an agree- 
ment. (Observe that although this can be done statistically, we can hardly 
get to work on writings alone, since it is often difficult or impossible to get 
an authoritative answer to the question what objections the writer thinks 
that his way of expressing himself has laid him open to.) 
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(e) On the whole, Mr Halldén reserves the ”selective meaning” for 
A-utterances, even though he says that an E-utterance has a selective 
”meaning” ”if the distinction between true A and false A seems natural 
and free from difficulties” (p. 54). The examples he gives of E-utter- 
ances of this sort are all summaries or headings of passages where true 
A's' have been served from "false A's'; and this agrees with my theory. 
For consider: You have tried, following Wikner or Nycander (pp. 57- 
60), to distinguish a phenomenon A from other phenomena fairly like 
it. To make clear what you are talking about, you have had to adjust 
the word for A in such a way that nothing is quite clearly an A unless 
it exhibits the characteristic B. If you want to sum up the result in a 
single sentence, you had better find a form which marks its importance. 
And what could be better suited for this than the summarizing and 
hence emphatic utterance "The essence of A is B? (But if we miss the 
whole discourse except the E-utterance, we cannot tell the selective 
4 character of the latter until we find that although the speaker masters 
| the language, he employs 'A” in odd ways.) 

I conclude, then, that the different ”meanings” of E-utterances are 
all due to its summarizing role. This role, together with the two con- 
ventions of constative discourse mentioned in (d), affords the utterance 
an emphatic character which in different situations gives it a classifica- 
tory, modal, esoteric, or selective slant. 

6. The ”meaning” of A-utterances. (a) Mr Halldén devotes Chs 7- 


EJ 


11 to a thorough discussion of utterances beginning "True A is ...”. 


1 -He tells us that an utterance of this sort has a ”selective meaning” if 


the word qualified by true” is used in ways differing from its standard 
employments.” This squares with my account of the function of 'true'; 
but Mr Halldén goes on to say that (theoretically) not all A-utterances 
are selective: ”the word true in "The true genius is such and such 
might be superfluous” (p. 56). A few lines later he admits that he 
has not been able to find any successful example of a non-selective A- 
utterance; and I think he has wanted to keep open the possibility of 
non-selective A-utterances only because he has not found any good 
reason for ruling it out. The theory of adaptor-words affords us a 
reason: the point of using a word as true” is to signal that the word it 
qualifies shifts its meaning, i.e. is no longer employed in its standard 
Way. 

Mr Halldén distinguishes three variants of selective essence state- 
ments. "True A is B' is widening ”if the category referred to with 'A” 


2 In fact, his definition is couched in such a way that what is said to have 
selective "meaning” is (not a sentence-type but) a sentence-token. But this is 
effected by counting a type as selective if its tokens are more often selective 
than. not. .(CkpaS6 6) 
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is wider than the category of things ordinarily called A” (p. 55); 
restrictive if "the term refers to a category narrower than the category 
of phenomena usually called by that name” (p. 55); and paradoxical 
when "'A” or true A” refers to a category of phenomena wholly or 
partly outside the category of those phenomena that normally are called 
'A'” (p. 5). (The definitions have an unhappy form: in one inter- 
pretation they admit that every widening A-utterance is paradoxical. 
But it is easy to rectify this.) 

Obviously, the three uses can be explained on the theory of adjuster 
words. In the widening and the paradoxical employment the word 
is adapted to a sub-class of the items to which it normally is applicable. 
The adjustments may be done, as Mr Halldén says, in order to give 
us a paradigm of the ordinary application of a word (in the case of the 
restrictive employment), or in order to lay down how the word ought 
to be used, or in order to tell how the speaker arbitrarily chooses to 
use the word in the future. It is easy to imagine situations in which 
the need for such procedures arises. 

(b) Next, Mr Halldén considers ”evaluative meaning”. It is not quite 
clear what the criteria of this ”meaning” are; but from the context 
one gathers that a word (Mr Halldén seems to think of a word-type, 


not a word-token) qualifies as evaluative if it (i) ”expresses” ethical 


standards (p. 85), (i) releases ”pent-up emotions” (p. 85), or (iii) is 
used to guide someone's conduct, including his grading, rating, etc (pp. 
85 f). These criteria are not necessarily connected. 

I accept all this. Good” is certainly often used to tell somebody what 
one's ethical standards are or to establish them or to place some pheno- 
menon by their help; but this can be done without releasing any pent- 
up emotion. Nor is there any need for a locution, issued in order to 
guide conduct, to contain any word connected with the ”experiences” 
mentioned in (a) and (b): Your train will leave in five minutes” or 
"There's a cigar in the box” are in some situations excellent guides of 
conduct. But I am puzzled at Mr Halldén's treatment of the example 
from Schleiermacher (p. 89 f). To say Religion is intuition of the uni- 
verse” in order to make theoretically interested people look upon re- 
ligion with favour is in my opinion parallel to saying "There's a cigar 
in the box” in order to invite you to take the cigar. But Mr Halldén 
says that the former utterance has no evaluative ”meaning” although it 
takes ”active part in the propaganda” (p. 88). The explanation may 
be this: Since such utterances as Religion is intuition of the universe” 
or "There's a cigar in the box” are not as a rule employed to guide 
conduct, they are denied any evaluative ”meaning”. This would go 
together with Mr Halldén's preoccupation with locution-types. It is, 
perhaps, convenient to reserve the term for locutions normally guiding 
conduct; but since the ”meaning” of a type is ascertained only by 
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counting the most frequent type of ”experiences” connected with its 
tokens, there is no reason to find the guiding function of the Schleier- 
macher utterance bewildering. 

Mr Halldén finds it hard to explain (1) why an A-utterance has a 
”definite value colouring” even when the unadapted term is neutral 
(p. 86) and (2) why the evaluative ”meaning” of an A-utterance 
"points in several directions” even when the term adjusted is unequi- 
vocally positive or negative (p. 86). I think one can make short work 
with these difficulties. As to (1), it is of course possible to adapt an 
utterly neutral word, as 'economy', in order to further e.g. a sale 
campaign: 'Smith's Super-Refrigerator for True Economy”. In $ 2 I 
polemized against Mr Halldén's treatment of the second difficulty; to 
the solution I sketched there I can now add that the ”value colouring” 
can be taken in at least the three senses mentioned above. 

The evaluative ”meaning” is secondary to the selective one, Mr 
Halldén says, since in making a selective definition ”one naturally se- 
lects one of the criteria connected with the term” and "the value cri- 
teria ... are the easiest [ones] to evoke” (p. 85). I agree that the 
evaluative ”meaning” in Mr Halldén's sense(s) arises by adjusting a 
term; but I doubt the latter part of his explanation: I doubt that an 
evaluative ”meaning” comes into existence as a result of its being easy 
to ”evoke”. For (i) this presupposes that whenever a word can be 
adjusted by true', it is governed by a value criterion. This gives the 
trouble with 'scoundrel dwelt upon in $ 2. (ii) Is it really easier to 
”evoke” the value criterion of (say) poetry” than other criteria (e.g. 
that of having uneven lines)? I think it is more plausible to suggest 
that the ”meaning” in question arises as a result of an adjustment, 
whether easy to perform or not, made with a view to e.g. (1) guiding 
conduct (including evaluations in the ordinary sense), or (2) express- 
ing an evaluation of something, or — possibly — (3) releasing an emo- 
tion. At least in (1), no value criterion needs to be assumed in the term 
to be adjusted; but that the term true” is used instead of "out-and-out” 
etc. is a conventional sign that the speaker wants his audience to have 
a proattitude towards the phenomenon signified. 


III 


To sum up: E-utterances and A-utterances are often linked to each 
other; but they have quite different functions. The former work as a 
kind of summaries or headings, the latter work to adjust words to 
the world. Being summaries, E-utterances naturally come to be empha- 
tic and, when isolated from the discourse they condense, esoteric. 
When emphasizing a modal connexion, they — tautologically >= em- 
phasize something modal. 
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Being adjusting devices, A-utterances are concerned with making a 
term fit a phenomenon for which it ordinarily is too wide or too 
narrow (or even, as in the case of some persuasive definitions, not 
designed at all). Then the ordinary criteria of the term have to be 
changed (Mr Halldén's selective ”meaning”), and when the speaker 
chooses the adaptor word true” he thereby signals that the adjustment 
is made with some ”evaluative” purpose in view. 


Reply to Mr Furberg. By Sören Halldén. (Uppsala Uni- 
versity.) 


Mr Mats Furberg's article contains many interesting observations and 
a new semantic idea which may be of some general significance. His 
two main objections, however, seem to me to be based on misunder- 
standings. I shall first comment on these, and then consider Mr Fur- 
berg's own theory concerning essence statements. 

1. The relationship between E-utterances and A-utterances. One dif- 
ference between Mr Furberg's views and my own concerns our choice 
of basic tools of analysis. In descriptive semantics one may use either 
pseudo-logical statements whose exact position is uncertain, or state- 
ments clearly classifiable as either psychological or logical. On one hand 
one may make statements like the following: 


S and T are synonymous, (1) 
S is deducible from T, (2) 
S asserts that p, (3) 


relying on the common sense meaning of the words ”synonymous”, ”de- 
ducible”, and ”asserts”. On the other hand one can instead use asser- 
tions which have a more easily classifiable import. Of the psychological 
statements which may then be made some are concerned with intro- 
spective reactions, some with overt behaviour. Some deal with the re- 
actions connected with a word in a given community, some with the 
features of a concrete situation. In the present context, we have special 
reason to be interested in those statements which are similar in type 
to the following: 


When a person is trying to persuade somebody else that p, he often 


makes use of the expression S, (4) 
If a person is told that S, he usually believes that the person who is 
talking is trying to persuade him to accept p, (5) 
In most cases where S is used with a certain intention, T may be 
used with the same intention. (6) 
In most cases where S is interpreted in a certain way, T would have 
been interpreted in the same way. £7) 


Many philosophers are proud of using only the pseudo-logical lan- 
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| guage. In my own opinion, this language is too unclear for serious 

— scientific work, and I have avoided using it. I believe that psychological 
statements of many sorts are useful in descriptive semantics. For prac- 
tical reasons, I have chosen to work with statements like (4)-(7) in 
my analysis of the meaning of essence statements. 

I do not believe that Mr Furberg wholeheartedly embraces the pseu- 
do-logical language. Thus, what he says about the ”job” of different 
statements has a rather definite psychological tinge. Statements of the 
pseudo-logical type are, however, of indirect importance for his argu- 
ment. 

In sec. 3, Mr Furberg denies that ”True love is affinity” is deducible 
from ”The essence of love is affinity”, ascribing the opposite opinion 
to me. Classifying this as an assertion in the pseudo-logical language, 
I answer, that the pseudo-logical relationship between "The essence of 
love is affinity” and ”True love is affinity” seems to me wholely un- 
clear, and that I have never had anything to say about it. My asser- 
tions about the meaning of the essence language all refer to the inten- 
tions of the senders and the interpretations of the receivers. When I 
assert a certain sort of equivalence between ”The essence of love is 
affinity” and ”True love is affinity”, my assertion should be compared 
to the two statements (6) and (7) formulated above. I cannot see that 
what Mr Furberg says has any bearing on my thesis when this is cor- 
rectly interpreted. 

2. Five different meanings. Mr Furberg is suspicious of the great 

” number cf meanings attributed to the essence statements in my book. 
I want to emphasize that my distribution of the semantic material 
under five different headings, ”classificatory meaning”, "modal mean- 
ing”, ”emphatic meaning”, etc. carries with it no ontological implica- 
tions. It should be compared to the division of history into different 
periods. 

Mr Furberg also says that ”it still seems bewildering that the very 
same phrase is tied to so very many different sorts of "experiences of 
senders and receivers” (part II, second paragraph). My answer to this 
is that one and the same phenomenon may look simple from one angle 
and complex from another. It is well-known that differences with 

respect to complexity may be due to the mode of presentation. 

3. Do E-utterances have a summarizing function? I now come to Mr 
Furberg's positive account of the meaning of E-utterances. This contains 
an important novel feature. Mr Furberg introduces the summarizing 
function in semantic analysis, asserting the similarity of E-utterances to 
such formulations as "My main point is ...”, "What I have been driv- 
lg atidsren. 

What precisely does Mr Furberg mean when he says that: E-ut- 
terances are employed as summaries? Relations of various kinds hold 
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between the summary and the total summarized by it. A few examples 
will make this clear. 

Example 1. A paper on a mathematical subject is reviewed in Mathe- 
matical Abstracts. The reviewer states the main theorem of the paper, 
refraining from any other comment. 

Example 2. A book on the history of physics is reviewed in the same 
periodical. The reviewer picks out some small details of mathematical 
significance. 

Example 3. A complicated argument in a philosophical book is pre- 
ceded by a short summary. The object of the summary is to give the 
reader a few preliminary hints, to make the reading of the main text 
easier. Omitting the main points of the reasoning, it gives a survey of 
its formal structure. k 

Example 4. A novel is reviewed in a literary journal. Retelling the 
story of the book, the reviewer tries to give an impression of the mood 
of the book. This means that some insignificant details of the plot are 
brought into prominence, while the main outline is distorted. 

Example 5. A successful businessman is asked if he has any Lebens- 
anschauung. He answers by quoting a few lines of a well-known poem. 

Example 6. A person who wants to buy a new car asks a friend: 
"What do you think of the XYZ-cars?” The friend answers: "I think 
you should buy some other make”. 

When Mr Furberg asserts that E-utterances are employed as sum- 
maries, he wants, I think, to compare them in one respect to the sum- 
mary in my first example, in another to the summaries in the examples 
5-6. The concept he employs has a negative characteristic in common 
with the two latter examples: the fact that S is a summary of T does 
not imply that T is publicly available, it may be tacitly presupposed 
by the speaker. The positive characteristics of his concept may be de- 
scribed as follows: (1) if S is a summary of T, then S repeats (possibly 
in a new formulation) some, but not all, of the statements contained 
in T, (2) S emphasizes the importance of the statements it repeats, 
(3) the statements repeated by S are in a certain sense representative 
of the whole context of T. 

Clause (3) is somewhat obscure, but it cannot be omitted. The con- 
dition imposed by it is of a pragmatic nature. The idea behind it is 
that our attitude towards the content of the summary should be 
roughly similar to our attitude toward the content of the total itself. 
Indirectly this means that a text which is very heterogenous can not 
be summarized at all. This is in my opinion the concept of summary 
presupposed by Mr Furberg. 

After this definition of what I believe to be the main concept in Mr 
Furberg's theory, I shall make a few remarks on the theory. 

(a) I shall say that a summary has a "public total” if the total sum- 
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marized by it is publicly available, and that it has a "private total” if 
the total summarized by it is not publicly available. According to Mr 
Furberg, E-utterances ”as a rule cccur at the beginning or end of a 
discourse” (sec. 1). This means, I take it, that the E-utterance ordi- 
narily is a summary with a public total. 

Interpreted thus, Mr Furberg's hypothesis seems rather too daring. 
E-utterances may be summaries, but the totals summarized by them are 
only seldom explicitly stated. On this point I can refer to the material 
collected in my book, especially to the examples from Ducasse (p. 26), 
Baudelaire (p. 31), Lagerkvist (p. 34), Peterson-Berger (p. 36), 
Gustafsson (p. 39), and Nielsen (p. 47). (I am uncertain about the 
example from Freud on page 24.) 

(b) Much more plausible is the hypothesis that E-utterances are 
summaries with private totals. It is, of course, usually difficult to say 
anything definite concerning the occurrence of tacitly presupposed to- 
tals. However, as Mr Furberg points out, the context of an E-utterance 
may contain a hint concerning the total it refers to. I have come across 
a passage in Locke's Essay concerning Human Understanding which 
may be used to illustrate this point: "The Essence of a Triangle lies in 
a very little Compass, consists in very few Ideas; three Lines includ- 
ing a Space make up that Essence; but the Properties that flow from 
this Essence are more than can be easily known or enumerated. So I 
imagine it is in Substances, their real Essences lie in a little Compass, 
tho' the Properties flowing from that internal Constitution are endless” 
(book II, ch. 32, $ 24). The statement about the essence of a triangle 
here may be regarded as a summary of an infinite total. 

(c) Some E-utterances are such that the hypothesis that they are 
used as summaries can be discarded almost immediately. Many asser- 
tions about essences are such that one cannot imagine what sort of 
belief could be summarized by them. Let us, for instance, consider the 
statement ”The essence of love is elective affinity”. If this statement 
is employed as a summary, what is the total summarized by it? I am 
certain that I cannot imagine one which fits in with the summary, 
which is such that the summary is representative of it in the sense de- 
manded by clause (3) above. Or let us consider the statement "Love 
is in its essence like fire”. Nonsensical essence statements of this kind 
which seem incapable of being expanded in a natural way are not 
scarce. 

(d) It is indubitable that E-utterances are sometimes used as sum- 
maries. But this gives us no right to say that they have a summarizing 
function which is peculiar to them. All sorts of statements may be 
used for summarizing. The point of the theory advocated by Mr Fur- 
berg is that E-utterances are in a special way suited for summarizing. 
This implies that they are comparatively often used as summaries. 
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(e) Let us suppose that empirical enquiry will show that E-utterances 
are used as summaries more frequently than statements of other types. 
It should be pointed out that this circumstance can be explained on 
the basis of the assumption that E-utterances have an emphatic mean- 
ing of the sort described in my book. If something is summed up, an 
emphatic formulation is more likely than a formulation which is not 
so emphatic. 

The central question is how often E-utterances sum something up. 
If the frequency is very high, it can no longer be explained by a re- 
ference to the emphatic meaning of E-utterances. Only then, we shall 
have to assume that E-utterances have a summarizing function. 

At the end of his discussion of the summarizing function of E-ut- 
terances, Mr Furberg says: ”I challenge Mr Halldén to produce an 
example of an E-utterance that can be torn from its context without 
giving us the feeling of linguistic outrage.” My answer is that E-ut- 
terances seem to me already very queer in their original setting, being 
the remains of an already obsolete way of speaking and thinking. If 
my examples of E-utterances give a feeling of "linguistic outrage”, it is 
because of this circumstance and no other. 

4. The explanation of modal meaning. I now come to Mr Furberg's 
reduction of the modal meaning of E-utterances to their summarizing 
function. I cannot see that the theory that "The essence of A is B” has 
a summarizing function tells us anything at all about the matter sum- 
marized by the statement. In view of the linguistic form of the sentence 
we may assume that the proposition which is emphasized is one in 
which the concepts A and B are both involved. If we assume that the 
sentence has a classificatory meaning of some sort the field is further 
restricted. Still I cannot see that we have to assume that the sentence 
asserts anything about a modal relationship between A and B. 

In order to explain the modal meaning Mr Furberg asserts: ”It is not 
surprising that we often want to emphasize that A and B are necessarily 
conjoined” (sec. 4, (c)). As an explanation of the modal meaning of 
E-utterances, this will not do; all sorts of relationships are emphasized, 
and no reason has been given why one of these should be in a special 
position to affect the meaning of E-utterances. And how does it come 
that "My main points is ...”, "What I have been driving at is ...”, 
and other sentence forms which very clearly have a summarizing func- 
tion, have no modal meaning? 

5. The explanation of esoteric meaning. Mr Furberg's explanation of 
the esoteric meaning is more convincing. He tries to reduce the esoteric 
meaning of E-utterances to their summarizing function, relying on the 
circumstance that a summary is often more cryptic than the total 
summarized by it (sec. 4, (d)). It seems to me, however, that one of 
the facts in the case militates against Mr Furberg's explanation. When 
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"The essence of A is B” is used in the typically esoteric way it carries 
with it the association that the background of the essence statement is 
less. accessible than the content of the essence statement itself. This 
means that the total which may be summarized here should be re- 
garded as more cryptic than the summary itself. And the latter cir- 
cumstance is not so easily reconciled with the assumption that the es- 
sence statement is functioning as a summary. 

6. The explanation of the meaning of A-utterances. Mr Furberg as- 
serts that ”true”, ”real”, and ”genuine” are adapter-words in Austin's 
sense. The object of this classification, which appears non-controversial, 
is to give a simple explanation of the use of A-utterances. However, 
I think that Mr Furberg exaggerates the explanatory value of his clas- 
sification. His explanation of the three different uses of A-utterances 
(sec. 5, (a)) already appears too hasty. If ”true” is an adapter-word 
we know that ”in ordinary language it has to be attached to a noun . . ., 
and that its job is to adjust the sense of that noun”. From this we may 
perhaps infer that "True A is B” can be used in the widening, restric- 
tive, and paradoxical ways. Yet, the relationship between explanandum 
and explanans seems highly unclear. 

Some of the central features of selective meaning, mentioned on p. 
65 in my book, are never explained at all. As to the evaluative mean- 
ing, I feel uncertain about the meaning of the explanation which is 
given. Seemingly, in an attempt to explain the evaluative meaning of 
A-utterances, Mr Furberg asserts on the last page of his paper: ” 
when the speaker chooses the adapter-word true he thereby signals 
that the adjustment is made with some evaluative purpose in mind”. 
I cannot see the point of this remark. In some sense of the verb ”sig- 
nal” almost every statement which is made signals something about the 
evaluative purposes of the sender. However, this does not mean that 
we can say that the statement has evaluative meaning. 

The observation that ”true”, ”real”, and ”genuine” are adapter-words 
is interesting in itself, but I cannot see that it suggests any simple 
pattern in which the facts connected with the selective and evaluative 
meanings of A-utterances may be fitted. 

In spite of these criticisms, I am in agreement with much of what 
Mr Furberg says. When I disagree, I find his remarks puzzling and sug- 
gestive. Particularly noteworthy is his inquiry into the criteria of ade- 
quacy for pith-formulations (in sec. 1). His remarks on ”true frog” and 
”true scoundrel” in sec. 2 and on classificatory meaning in sec. 4 also 
seem very interesting. 
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